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Dang 2: Hai vecto bang nhau

Phwong phap:

e S{ dung céac khai niém vecto
e Luwuy trong tam gidc ABC: AB =CD <« |4B| = |CD| va 4B, CD cung hudng.

BAI TAP TU LUAN

Bai tap 1: Cho vecto AB va mot diém C. C6 bao nhiéu diém D théa min AB = CD.
Loi giai
Néu C nam trén duong thangAB thi D cling nam trén duong thang AB.
Néu € khdng nam trén duong thangAB thi tir gia&cABDC 1a hinh binh hanh. Khi d6 D nam trén
duong thang di qua Cva song song vai dudng thangAB.
Do vay, c6 V0 sé diém D thoa min AB = CD.
Bai tap 2: Cho tt giac ABCD. Diéu Kién nao 1a diéu kién can va di dé AB = CD?
Loi giai

ABICD _ 4ppc 13 hinh binh hanh,

Tacé:ﬁzﬁ:{AB_CD

ABIICD _ -5 ==
B rp = AB=CD.

Mit khac, ABDC Ia hinh binh hanh = {
Do d6 diéu kién cin va da @& AB = CD 1a ABCD Ia hinh binh hanh.

Bai tap 3: Cho tt giac déu ABCD. Goi M, N, P, Qlan luot 1a trung diém cua AB, BC, CD, DA. Ching minh
MN = QP.

Loi giai
B

WA
AN N

Q
D
, MN//AC PQ//AC MN /PO - -
Ta co: 1 X 1 = = MN =QP.Vay MN = QP.
MN=EAC PQ=EAC MN = PQ

Bai tap 4: Cho tam giac ABC. Goi D, E, F lan luot 14 trung diém cac canhBC, CA, AB. Chirng minh ring
EF =CD.
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Loi giai

A

B C
D

Chttng minh EFCD la hinh binh hanh
Dé chimg minh dugc EF = ~BC = CDVA EF /ICD = EFCD I hinh binh hanh= EF = CD.
Bai tap 5: Cho hinh binh hanh ABCD. Goi E 1a diém ddi xang € cua qua D. Chang minh ring AE = BD
Loi gidi
B C

Vi ABCD I hinh binh hanh nén ta co: BA = CD(1).

Taco E 1a diém déi xtng C cta qua D nén D 1a trung diém cua CE < CD = DE(2).

T (1) va (2) taco: BA = DE < ABDE la hinh binh hanh nén AE = BD.
Bai tap 6: Cho hinh binh hanh ABCD. Goi M, Nlan luot 13 trung diém cta AB, DC. Cac dudng thaingAN
va CM lan luot cit BD tai E, F. Chang minh ring DE = EF = FB

Loi giai
A M B
g F
D N ¢
Taco{’ . £ & AMCN la hinh binh hanh.

Theo giai thiét ta c6 N 1a trung diém DC va NE//CF = NEla dudng trung binh cia ADFCKhi
d6 E 1a trung diém cua DF = DE = EF (1).
Tuong ty ta ciing ¢6 F 1a trung diém cua BE nén EF = FE(2).
Tu(1) va (2)taco: DE = EF = FB.
Bai tap 7: Cho hinh thang can ABCD c6 hai day 1a AB va CD. Tim vecto:
a) Cung hudng véi AB
b) Ngugc hudng voi AB.
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¢) Chi ra cic vecto co do dai bang nhau
Loi gial
A B

D C

a) Ta cO ABCD la hinh thang c6 hai day la AB va CD nén AB || CD

Khi do6 vecto cung hudong voi vecto AB 1a vecto DC (do cung phuong, cung chiéu).

b) Vecto ngugc hudng véi vecto AB 1a vecto BA va CD

¢) Cac vecto co cing do dai 1a: |AD| = |DA| = |BC| = |[CB| va|AC| = |cA| = |BD| = |DB].

Bai tap 8: Cho tam giac ABC. V& D ddi xitng véi Aqua B,E ddi xirng véi B qua € va F d6i xang voi € qua
A. Goi Gla giao diém cua trung tuyén AM cua tam giac ABC Véi trung tuyén DN cua tam gidc DEF. Goi
I, Klan luot 1a trung diém cua GA va GD. Chiang minh rang:

a) 4B = NM b) MK = NI.

Loi giai

a) Ta cd AN la duong trung binh cta tam giac FCE nén AN//CE = AN //MB.

1 1 1
AN=§CE;MB =§CB =ECE:>AN=MB.

Suy ra t giac ANMB 1a hinh binh hanh= 4B = NM
b) Goi I, Klén luot Ia trung diém ctia GA va GD = K = ~AD = AB = NM.

Do dé tt giac INMKI1a hinh binh hanh= MK = NI

BAI TAP TRAC NGHIEM

PHAN . Cau tréc nghiém nhiéu phuong an lwa chon. Mai cau héi thi sinh chi chon mét phuwong an.

Cau1l: Cho3 diém A,B,C khong thing hang, M 1a diém bat ky. Ménh d& nao sau day ding?

A.VM, MA = MB. B.3M,MA = MB = MC.
C.VM,MA # MB # MC. D.3IM, MA = MB.
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Céau 2:

Céau 3:

Cau 4:

Cau b5:

Cau 6:

Cau 7:

Loi giai
Ta co 3 diém A,B,C khong thing hang, M 1a diém bat ky.
Suyra MA, MB, théng cung phuong= VM,MA # MB # MC.

Goi C 1a trung diém cta doan AB. Hay chon khang dinh ding trong cac khang dinh sau:

A.CA = CB. B. AB va AC cung huéng.
C. AB va CB nguoc huéng. D. |ﬁ| = CB.
Lo giai

Ta c6 C 1a trung diém cua doan AB va AC cung huéng.

Cho hinh binh hanh ABCD. Trong céc khang dinh sau hay tim khang dinh sai

A 4D = CB. B.|4D| = [CB|.  C.4B =D¢. D. [4B| = [¢D).
Léi giai

Ta c6 ABCD la hinh binh hanh. Suy raAD = BC.

Cho hinh vuéng ABCD, khang dinh nao sau ddy ding:

A.AC = BD. B. |4B| = |BC|.
C.4AB = CD. D. 4B va AC cung huong.
Loi giai

Ta c6 ABCD la hinh vuéng. Suy ra|AB| = |BC].

Cho tir gidc ABCD. Piéu kién nao 1 didu kién can va du dé AB = CD?

A. ABCD la hinh binh hanh. B. ABDC la hinh binh hanh.
C. AD va BC c6 cung trung diém. D. AB = CD.
Loi giai
AB || CD

Taco: 4B = CD = { = ABDC 1a hinh binh hanh.

AB =CD

AB || CD

AB:CD:>AB=CD.

Mat khac, ABDC la hinh binh hanh = {

Do d6, diéu kién can va du @& AB = CD 1a ABDC 1a hinh binh hanh.

Goi 0 la giao diém cua hai dudng chéo cua hinh binh hanh ABCD. Pang thirc nao sau day sai?

A. 4B = DC. B.0OB = DO. C. 04 = OC. D.CB = DA.
Loi giai
04 + OC.

Cho tir gidc ABCD. Goi M, N, P, Q lan lugt 14 trung diém cua AB, BC, CD, DA. Khang dinh nao
sau day la sai?

A. MN = QP. B. |QP| = [MN|. C.MQ = NP. D. [MN| = |AC|.

Léi gidi
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Taco {ﬁx li,QQ (do ciing song song va bang %AC). Do d6 MNPQ la hinh binh hanh.

Cau 8: Goi M, N lan luot 1a trung diém cua cac canh AB, AC cia tam gidc déu ABC. Pang thic nao
sau day dung?

A VA = WB. B. 45 = AC. C. MN = BC. D. [B¢| = 2[MN|.
Léi gidi
A
M N
B C

Ta co MN la duong trung binh cua tam giac ABC.
Do d6 BC = 2MN — |BC| = 2|MN]|.

Cau 9: Cho luc giac déu ABCDEF tam 0. S cac vecto bang 0C c6 diém dau va diém cudi la cac dinh
cua luc giac la
A. 2. B. 3. C. 4. D. 6.
Loi giai

Do 1a cac vecto: E, ED.

Cau 10: Cho tir gidc ABCD. Goi M, N, P, Q lan luot 13 trung diém cua AB, BC, CD, DA. Trong céc khing
dinh sau, hdy tim khing dinh sai?
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Céu 11:

Céau 12:

Cau 13:

Cau 14:

A.MN = QP. B. M = NP. C.|PQ| = |[MN]. D. [MN| = |AC]|.
Lai giai

Tac6 MN 1a dwong trung binh cta tam gidc ABC. Suy raMN = ~AChay |MN| = - |AC|

Cho tam giac déu ABC vé&i dudng cao AH. Pang thic ndo sau day dang.

A.HE = HC. B.|AC| = 2[HC|.  c.|4H|=|HC|. D.4B =AC.
Lai giai

Vi H Ia trung diém AC va AC, HC cung huéng = |AH| = 2|HC|.

Cho tam giac ABC ¢6 tryc tm H. Goi D 1a diém d6i xang véi B qua tm O cta dudng tron ngoai
tiép tam gidc ABC. Khang dinh nao sau déy la ding?

A.HA =CDvaAD =CH. B.HA =CDvaAD = HC.
C.HA=CDvaAC =CH. D.HA = CD vaAD = HC va OB = OD.
Loi giai
A
D
H O
-
B C

Tac6 AH L BC vaDC 1 BC (do géc DCB chan nira duong tron). Suy ra AH || DC.
Tuong tu ta cling c6 CH || AD.
Suy ra tt giac ADCHIa hinh binh hanh. Do d6 HA = CD va AD = HC.

Cho hinh binh hanh ABCD. Pang thic nao sau day sai?
AlAB|=[5¢.  B[5¢|=[pd  c[ic|=[5B]  O.[a6| = [cD].
Loi giai

/

Vi tir giac ABCD la hinh binh hanh nén AB = CD va AD = BC.

AB = CD = |AB| = |CD|; AD = BC = |AD| = |BC| va |BC| = |DA4]

Chon khang dinh sai trong céc khang dinh sau:
A. |PQ| = PQ.
B. B¢ dai cia mét vecto 1a khoang cach gitra dieém dau va di€m cudi cta vecto do.
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C. D6 dai ctia vecto a dugo ki hidu 1a |d].

D. |AB| = AB = BA.
Loi giai

Dua vao dinh nghia vecto va do dai vecto.

Cau 15: Cho AB khac 0 va diém C. C6 bao nhiéu diém D thoa |AB| = [CD|?

A. V6 sb. B. 1diém. C. 2diém. D. 3diém.
Loi giai

Vi |4AB| = [CD| & AB = ¢cD

Suy ra tap hop diém D thoa man 1a duong tron tam C béan kinh AB

Vay ¢6 vb s6 diém D thoa man bai ra.

Cau 16: Cho hinh thoi ABCD tam 0, canh bang a va goc A bang 60°. Két luan nao sau diy ding?

A [04] = 22, B.|04| = a. c.|04|=|0B|.  D.[od] =22
Loi giai
R c
(@)
A

a

Taco: |04| = 04 = az—‘/g (vi tam giéc ABD 1a tam giac déu).

PHAN I1. Cau tric nghiém dung sai. Trong mdi y a), b), c), d) & moi cau, thi sinh chon ding hoic sai.

Cau l: Cho tam giac ABC c6 M va N lan luot 1a trung diém cua AB va AC. Lay diém P d6i xtng voi
diém M qua N. X¢ét tinh ding sai ctia cac khang dinh sau:
a) MN,BC cung phuong.

b) [MP| = |BC].
c) MN va BC nguge huéng.
d) MP = BC.
Loi gidi
A
M :N = P
B c

a) Bung: Do MN la duong trung binh cua tam gidc ABC nén MN || BC.

b) Dung: Diém P ddi xtng véi diém M qua N nén MP = 2MN = BC do d6 |MP| = |BC|.
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Céau 2:

Cau 3:

c) Sai: Xét ntra mat phang by AB chira €, ta co N 14 trung diém AC nén N va C cung phia AB
hay ciing phia MB do d6 MN va BC cung huéng.

d) bung: Hai véc to cung hudng, cung do dai suy ra MP = BC.

Cho hinh binh hanh ABCD. Hai diém M va N lan luot 13 trung diém cua BC va AD, goi E, F 1an
luot 1a giao diém cua BD véi AM, CN. Xét cac véc to tao thanh tir cac diém da cho. Xét tinh dung
sai cua cac khang dinh sau:

a) ABcung phuong véi 1a DC.

b) AN = MC.
c) ADcung huéng véi 4 véc to.

d) DF = EB.

Léi giai

a) Bung: Theo tinh chat hinh binh hanh.

b) bung: Ta c6: AN = %AD; CM = %BC = AN =CM

Mt khac: AN; MC cung hudng nén AN = MC.

¢) bung: Theo tinh chat hinh binh hanh ta cé ﬁcfmg hudng vai 5 véc to sau:
AN,ND,BC,BM, MC.

d) bang: Do tir gidc AMCN la hinh binh hanh nén ME //FC, BM = MC suy ra BE = EF.
Mt khac BE; EF cung hudng nén BE = EF. Tuong tu FD = EF.

Cho hinh binh hanh ABCD tam 0. Xét cac véc to tao thanh tir 5 diém da cho. Xét tinh dung sai
cua cac khing dinh sau:
a) C6 04 = OC.

b) OC, OB khong cung phuong
c) Sé véc to c6 diém dau la A khac 0la 3.
d) C6 diing bdn cdp vec to bang nhau.

Loi giai
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Céau 4:

Cau b5:

a) Sai: Do O la trung diém cua AC.
b) Dung: 0C,0B khong cung phuong.
¢) Sai: C6 4 véc to thoa min c6 diém dau 1a A

d) Sai: Theo tinh chat hbh suy ra AB = DC,AD = BC, A0 = 0C,BO = OD,BA = CD..... c6 8
cip vec to bang nhau.

Cho tam gi4c AABC déu. Xét tinh dung sai cua cac khang dinh sau:
a) AC va BC cung huéng.
b) 4B = AC.
o) |4B| = |BC].
d) C6 6 vecto khac vecto-khong co diém dau va diém cudi la cac dinh 4, B, C.
Lai giai
a) Sai:
b) Sai:
¢) Pung: Do tam gidc AABC déu nén AB = BC = |E| = |B—>C|
d) Pung: Tir 3 diém A, B, C ta chon duoc 3 cip diém, cu 2 diém s& duoc hai véc to khac vécto —
khong nén c6 6 vecto khac vecto-khong co diém dau va diém cudi 1a cac dinh A4, B, C.

Cho AABC c6 truc tm H va 0 1a tam dudng tron ngoai tiép tam giac. Goi B’ 1a diém di xing
cua B qua 0. Xét tinh dung sai cua cac khang dinh sau:
a)B'C L BC
b) B'C || AB
¢) Tu giac AB'CH la hinh binh hanh.
d)AH = B'C; AB = HC
Loi giai

a) Ptng: Ta c6 BB’ 1a dudng kinh duong tron ngoai tiép tam giac ABC nén BCB' =90°
VayB'C 1 BC.

b) Sai: Mat khac AH L BC suyra B'C || AH (1).

¢) Dung: Tuong tu: BAB' = 90°hay AB' L AB ma CH L AB nén CH || AB'(2).

d) Pang: Tir (1) va (2) suy ra ti gidc AB'CH 13 hinh binh hanh nén AH = B'C; AB' = HC.
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Cau 6: Cho A4ABC déu canh a, truc tam H. Khi d6:
a) AH L BC

b) AH =22
c)m’=m3’=‘ﬁ
d) |H4| = |HB| = [HC| = %2,

Loi giai
a) Pung: Goi M, N lan luot 14 trung diém canh BC, AB.

A

CV/ B
Do tam gidc ABC déu nén AM, BN ciing 1a cac dudng cao cua tam giac ABC; vi vay H vira 1a
truc tdm vira la trong tdm tam giac nay.

. 2 2
b) Sai: Ap dung dinh Ii Pytago cho AABMta c6: AM? = AB? — BM? = q? — (g) = 3% =
_ &3
AM = -
Theo tinh chit trong tam, ta c6: AH = EAM = g : aTﬁ = a?)ﬁ

c) Sai: D& thdy ba vecto HA, HE, HC c6 d6 dai bing nhau:

d) Ping: |HA| = |HB| = |HC| = 22
Cau 7: Cho tir gidc ABCD. Goi P, Q, R, S lan lugt 14 trung diém cia cac canh AB, BC,CD, DA. Goi 0 la
giao diém cua PQ, SR va M, N lan luot la trung diém cua AC, BD. Xét tinh dang sai cua cac khéng
dinh sau:
a) PQ 1a duong trung binh cua tam giac ABC
b) PQRS la hinh binh hanh
c) PMRN la hinh binh hanh.
d) OM, ON 1a hai vecto bing nhau.

Loi giai
PQ =2AC
a) Bung: Ta c¢6 PQ la duong trung binh cua tam gidc ABC nén { T 277 (1)
PQ Il AC
R=2AC
Tuong tu ta cling c6: { 277 (2).
SR || AC

10 | Ths. Lé Viét —- THPT Thing Long, Ha Noi — Phone (zalo): 0835.221183 - On thi cam két diém
)



Trung tim BDVH Unix Thing Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211

Tw vaAn huéng nghiép cho hoc sinh bing phin tich nhan tuwéng hoc — xem chi tay — tir vi

A

D

C

. PQ = SR b e L T

b) Bung: Tt (1) va (2) suy ra: {PQQ//SR = PQRS la hinh binh hanh nén PQ = SR.
1
Ta co PM 1a dudng trung binh caa AABC nén {PM =3BC (3).
PM || BC
1
Tuong tu ta cling co: {RN =3BC (4).
RN || BC

R PM = RN L s . R

¢) Bung: Tt (3) va (4) suy ra: {PM//RN = PMRN Ila hinh binh hanh.

Ma O 14 trung diém cua duong chéo PR

d) Sai: Do d6: O ciing 1a trung diém cta dudng chéo MN nén OM = —ON.

PHAN I11. Cau trac nghiém tra 1oi ngan

Cau 1:

Cau 2:

Cho tam giac ABC vudng tai A va AB = 5,BC = 8. Goi G la trong tam cua AABC. Hay tinh d¢
dai ciia d = 3.4G.

Loi giai
C
H
M
8
G
A 5 B
Taco: [AM| =AM =X =4 5 |AG| =2am =24 == G =3|4G| =8
2 3 3 3

Trén bién Pong, mot tau chuyén dong déu tir vi tri A theo hudng N20°E véi van toc 20 (km/h).
Sau 2 gio, tau dén duoc vi tri B. Hoi A cach B bao nhiéu kilomét?
Loi gidi
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N

B
[/ N20°E
W > F /
v
S20”W/]
S
A

Ta st dung vecto B c6 do dai || = 20 dé biéu thi cho van téc cua tau. Vecto AB dé biéu thi cho
quing dudng va hudng chuyén dong cua tau tir A téi B. Do tau chuyén dong déu tir A, véi van
toc 20 (km/h) va trong 2 gio toi B nén AB = |AB| = 2|5 = 40 (km).

Vay A céch B khoang 40 (km).

Cau 3: Mot may bay co vecto van toc chi theo hudng bac, van tdc gid 1a mot vecto theo hudng dong
nhu hinh minh hoa duéi dy. Biét ring AB + BC = AC. Tinh d¢ dai vecto 4B + BC (két qua
lam tron dén hang don vi).

60(km/h) .,

200(km/h)

Loi giai
Goi AB va BC lan luot 1a vecto van téc cia may bay va van téc caa gio.

Khi d6 ta c6: AB + BC = AC

Suyra AC = VAB? + BC? = 2002 + 602 =~ 209 (km/h).
Vay d6 dai vecto tong caa hai vecto néi trén 1a khoang 209 (km/h)..

Cau 4: Khi may bay nghiéng cAnh mot goc a thi luc F cua khong khi
tac dong vudng goc vai canh va bang téng cua lec nang F; va
luc can F, nhu hinh minh hoa duéi day. Cho biét goc a = 30°
va |F| = 8. Tinh |F|.

Loi giai b
Ki hiéu cac diém nhu hinh dudi
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|

Khi d6 cac luc ﬁ,ﬁfFj lan luot Iéﬁ,ﬁ,ﬁ a = BAx = 30°= CAB = 60°
Khi d6: AB = AC.cos CAB = a.cos 60° =% = |F,| = [AB| =2 = 4.
Cau5: May bay A dang bay vé hudng Pong Bic véi toe do 600 (kmv/h). Cung luc d6, may bay B dang

bay vé huéng Tay Nam voéi te do 800 (800km/h). Tinh % (két qua lam tron dén hai chir s6 sau
dau phay).

Loi giai
Vecto @, b 13 vecto van téc cua may bay A va may bay B.

-

Hai huéng Dong Béc va Tay Nam la nguoc nhau, do dé b = -4
Do d6 |d], |b| lan luot 1a d6 16n cua vecto van te tuong ing.

Taco: |d| = 600, |b| = 800 = = = =2 =2~ 133

|b| _ 800 _ 4
|a 3

Cau 6:  Cho hinh vudng ABCD tam O canh /13. Goi M1a trung diém cua AB, N 1a diém dbi xirng véi C
qua D, dung AP = BA. Hay tinh d¢ dai cua vecto MN.
Loi giai
Ap dung dinh ly Pitago trong tam giac vudng MAD ta co:
N D C

P A M
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Tw vaAn huéng nghiép cho hoc sinh bing phin tich nhan tuwéng hoc — xem chi tay — tir vi

Dung hinh vuéng APND = AP = BA. KhidépszA+AM=\/1—3+?=$.

Ap dung dinh ly Pitago trong tam giac vuéng NPM ta co:

13

2
wﬁ) _ 137 N |m| = MN = — = 6,5.

2 4

MN? = NP? + PM? = (VI3) + (
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