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Phwong phap:

e S{ dung khai niém vecto
e S{ dung khai niém vecto cung phwong, cung hwéng
e S dung khai niém dé dai cla vecto va vecto bang nhau

BAI TAP TU LUAN

Bai tap 1: Cho tam giac ABC c0 trong tdm G . Goi | 1a trung diém ciia BC. Dyng diém B’ sao cho
BB =AG.
a) Chirng minh rang BI = 1C
b) Goi J la trung diém cia BB'. Ching minh ring BJ = 1G.
Loi giai
A

BI

B i c
a) Vi | 1a trung diém ciia BC nén Bl =ClI va Bl cung huéng véi IC do dé Bl =1C.
b) Taco B'B=AG suyra BB=AG va BB/ AG nén BJ, IG cing huéng (1).
Vi G latrong tdm tam giac ABC nén IG =%AG, J 1a trung diém BB’ suyra BJ =%BB'
Vivay BJ =1G (2).

Tir (1) va (2) tacé BJ = 1G.

Bai tap 2: Cho tam giac ABC déu c6 canh bang a. Goi M 14 trung diém caa canh BC. Tim diém G trén

doan AM dé E‘z?
A
GI
B i C
Lot giai
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Goi G' latrong tAm cuia tam giac ABC . Khi d6 ta c6: AM =+/AB* —BM? = #

Vi G’ latrong thm cua tam gidc ABC = AG' = %AM = % = ‘A—G'

=\A—G\:GEG'.

Bai tap 3: Cho hinh binh hanh ABCD va ABEF véi A, D,F khong thing hang. Dung cac vecto EH va
FG béng vecto AD . Chirng minh ti: gidc CDGH 12 hinh binh hanh.

Léi giai
D C
A /\B
/ /
a v H
F E

Taco EH = AD, FG=AD = EH = FG = Ta gidc FEHG Ia hinh binh hanh

=GH =FE (1).

Tacé DC = AB, AB =FE = DC =FE (2).

Tir (1) va (2) tacd GH = DC . Vay tt gidc GHCD Ia hinh binh hanh,
Bai tap 4: Cho tir gidc ABCD c6 hai dudng chéo cit nhau tai O. Qua trung diém M cua AB dung duong
thang MO cat CD tai N. Biét OA=1,0B=2,0C =3 va OD =4. Tinh ty s6 %.

Loi giai
Tac6: OC =—OA;OD =—20A ma OM,ON cing phuong

Khi d6: 3k sao cho m:kmjng(@ﬁ@)

Datc—Nzk,k>o
ND
Tacé: ON =—> OA- X OB . SN
1+k k+1 k(k+1) k(k+1) 2
A . Al L . 4.2 2 BN 1
Bai tap 5: Cho tam giac ABC. Trén cac canh AB,BC lay cac diém M,N sao cho AM ZEMB’EZ§

Goi | 14 giao diém ciia AN va CM . Tinhtisé - va SL.
AN M
Lo gii

Pit Al =xAN,CI =yC

Taco: Al = x(AB+BN) :x—s+gﬁz%ﬁ+gﬁz%m+gm
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Vi M,C, | thing hang :£+§=1© x=E
8 4 23
Tuong tu ta chua tim dugc £:2—1
M 2

Bai tap 6: Cho tam giac ABC va duong thing d . Goi O 1a diém thoa man hé thic OA+OB +20C =0.
Tim diém M trén duong thang d sao cho vecto v=MA+MB+2MC c6 do dai nhé nhét.
Loi gidi

B

Goi | 1atrung diém cua AB.

Khi d6: OA+OB +20C =0 <> 20I +20C =0 <> 0l +OC =0=>0 1a trung diém cua IC

— S . = .

—OA+OB +20C — 40M = —40M .
Do d6 M — 40M nén d6 dai vecto v nho nhét khi va chi khi 40M nho nhat

Hay M Ia hinh chiéu vuong g6c cia O trén d .
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BAI TAP TRAC NGHIEM

PHAN I. Cau tréc nghiém nhiéu phwong an lwa chon. Mai cau héi thi sinh chi chon mét phwong an.

Caul: Cho AABC véidiém M nam trong tam giac. Goi A',B’,C’ lan luot 1a trung diém cua BC,CA,
AB va N,P,Q lan luot 1a cac diém ddi xing véi M qua A’,B’,C’. Cau nio sau day ding?

A. AM =PC va QB=NC B. AC=QN va AM =PC
C. AB=CN va AP =0QN D. AB'=BN va MN =BC
Lo giai

Tacé AMCP 14 hinh binh hanh = AM = PC
Lai c6 AQBM va BMCN Ia hinh binh hanh= NC = BM = QA = AQNC Ia hinh binh hanh
Khido AC =QN .
Cau 2: Cho tam giac ABC c6 H Ila tryc tdm va O la tam duong tron ngoai tiép. Goi D 1a diém doi
xung véi B qua O. Cau nao sau day diang?
A. AH =DC B. AB=DC C. AD=BC D. AO=AH
Loi giai
Ta c6 thé chira dwoc ADCH 14 hinh binh hanh = AH = DC
Cau3: Chotamgi4ac ABC.Goi M Ia trung diém ciia BC va N 1a trung diém AM . Puodng thang
BN cit AC tai P.Khid6 AC =xCP thi gia trj ciia x la:

A -2 B -2 c -3 D. -2
3 3 2 3
Loi giai
A
P
K
B M C

Ké MK 7 BP(K € AC).

Do M 1a trung diém ciia BC nénsuy ra K 1a trung diém ciia CP
Vi MK #/BP = MK // NP ma N la trung diém cia AM nénsuyra P Ia trung diém cua AK

-— 3—= 3
Do do: AP =PK =KC. Vay AC:—ECP:X:—E.

Cau 4: Cho badiém A,B,C phan biét. Diéu kién can va du dé ba diém thang hang 1a:

A. AB=AC B. 3k #0: AB=k.AC
C. AC—-AB=BC D. MA+ MB =3MC,V diém M
Loi giai
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Taco: 3k 20: AB=k.AC

Cau5: Cho AABC c6 trung tuyén AM . Goi | 1a trung diém AM va K 1a diém trén AC sao cho
AK = 5Ac . Bing thirc nao sau day 1a diéu kién can va du dé ba diém B, I,K thing hang.
— 2 — 4 S — 3
A. BK = ZBI B. BK = BI C. BK =2BI D. BK = = BI
3 3 2
Loi giai
Taco: 281 = BA+ BM ~BA+BC 481 ~2BA+ BC (1)
S [ A U
BK =BA+AK =BA+_AC= BA+§(BC - BA)=§BA+—BC < 3BK =2BA+BC (2)
N \ =y 4_’ 2 \
Tir (1) va (2) < BK =§BI < B, 1,K thang hang.
Cau 6: Trén duong thing MN lay diém P sao cho MN =-3MP . Diém P dugc xac dinh dang trong
hinh v€ nao sau day:
.-1; ’ ) P= ’ A N M P
Hinh 1 Hinh 2
Hinh 3 Hinh 4
A. Hinh 3. B. Hinh 4. C. Hinh 1. D. Hinh 2.

Loi giai

Taco: MN =-3MP => MN nguoc huéng véi MP va ‘W‘ = S‘W‘ .

Cau7: Cho ba diém phan biét A,B,C.Néu AB=—3AC thi ding thirc ndo dudi day ding?
A. BC=—-4AC B. BC =—2AC C. BC=2AC D. BC=4AC
Loi giai
B, . . A4 Y
Cau 8:

Cho tam gi4c ABC. Goi | 1 trung diém cia AB. Tim diém M théa min hé thirc vecto sau
MA+MB +2MC =0.

A. M latrung diém cua BC
B. M la trung diém cta 1C
C. M 1a trung diém cua IA
D. M 1a diém trén canh IC sao cho IM =2MC

Loi giai
MA+MB +2MC =0 < 2MI + 2MC =0 < MI + MC =0 <> M 14 trung diém cua IC .

Cau9: Cho tamgiac ABC c6 diém O thoa man: O_A'+O_B.—20_C" =‘CTA—@‘.
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A. Tam gi4c ABC déu B. Tam gi4c ABC can tai C
C. Tamgiac ABC vubdng tai C D. Tam giac ABC céntai B
Loi giai
A
I
o] B

Céau 10:

Cau 11:

Céau 12:

Goi | 1a trung diém cia AB.

Ta ¢6:|OA+ OB - 20C| =|OA - OB| <> |0A-OC + OB - OC| = |BA| < |CA+CE| = AB
&[2Cl|= AB = 2C1 = AB = Cl =%AB nén tam giac ABC vudng tai C.

. . 2 1 ,
Cho doan thang AB va M 1a mot diém trén doan AB sao cho MA = g AB . Trong cac khang

dinh sau, khiang dinh nao 13 sai?

A.m:%m B.m=_%m C.MB=—4MA  D. MB--~AB
Léi gidi

Tathidy MB va AB cung huéng nén MB = —gﬁ 1 sai.

Cho AABC ¢6 | la trung diém cua AC. Vitri diém N thoa mian NA+2NB =CB xéc dinh boi
hé thic:
. 1 AS N g = 1 3M - . .
A. BN :§B| B. BN = 2Bl C. BN =§B| D. BN =3Bl
Loi giai
Taco: NA+2NB=CB <> NA+NB+NB=CN + NB

@N—mm:_@@zm:_@:m:ga

Cho doan AB va diém | sao cho 2IA+3IB=0. Timsd k ] sao cho Al =kAB.
3

A k=2 B. k=2 c k=2 D. k =
4 B-X=5 5

N | W

Loi giai

Ta c6: 2ﬁ+3T3:6@5ﬁ+3@—3ﬁ:6@5ﬁ+3ﬁzéaﬁzgﬁ:k:g.

PHAN II. Cau tric nghiém dung sai. Trong mdiy a), b), c), d) & mdi cau, thi sinh chon ding hoic sai.
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Céu 1:

Cau 2:

Cho hinh thoi ABCD c6 canh a, ABC =60°. Goi O la giao diém cua AC,BD . Xét tinh diing
sai cuia cac khang dinh sau:
a) Vecto - khong c6 diém dau 1a A thind co diém cudi la A.

b) Do dai cia AC bing a.
c) AB, DC khéng cing phuong.
d) BD=2a
Loi giai

A

C

a) Pling: Vecto - khong c6 diém dau 1a A thi nd c6 diém cudi la A
b) Pung: Ta c6 AABC déunén AC =a.
c) Sai: AB # DC nén AB, DC cung phuong.

d) Sai: BD = 2BO = 2.‘3‘—23 —a\3.

Cho t&r gidc ABCD. Goi E,F,G,H theo tha tu 13 trung diém caa BC,BD, AD,AC. Xét tinh
dung sai cua cac khang dinh sau:

a) EF 1a duong trung binh cua cac tam gidc BCD.
1
b) GH = 5CP.

c) EFGH I hinh binh hanh.
d) HG =FE.
Loi giai

C
E

D
A G

Taco EF,GH lan luot 1a duong trung binh cua cac tam giac BCD, ACD nén
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EF //GH //CD va EF =GH =%CD .Vivay EFGH 14 hinh binh hanh nén HG = EF .
a) bung: EF la duong trung binh cua cac tam gidc BCD.

. 1
b) Sai: GH =§CD'

c) bung: EFGH Ia hinh binh hanh.
d) Sai: HG =EF.

Cau 3: Chotamgiac ABC c6 G latrong tm. Goi G’ 1a diém d6i xiing voi G qua trung diém M cuaa
BC . Xét tinh dting sai ciia cc khang dinh sau :
a) GA,G'G cung hudng.

b) GA=3GM .
c) GA=GG.
d) BG =G'C,BG’ =GC,BM = MC,GM = MG’,AG =GG'.
Loi giai
A
G

B M\
GI

D& thiy hai vecto GA,G'G cung hudng (1)
Do G latrong tam cua tam giac ABC, G 1a diém dbi xing v6i G qua M nén G'G =2GM .

Suyra GA=G'G :‘@‘ =‘CTG‘ (2)

Tir (1) va (2) tacé: GA=G'G va BG =G'C,BG'=GC,BM = MC,GM = MG',AG =GG'.
a) Pung: GA,G'G cling huéng.

b) Sai: GG' =3GM .

c) bung: GA=G'G.

d) Pung: BG =G'C,BG' =GC,BM = MC,GM = MG, AG =GG'.

Cau 4: Cho hinh thang ABCD véi hai day 1a ABva CD, AB<CD. Xét tinh dung sai cua cac khing
dinh sau:

2) [48] <[cB].

8 | Ths. Lé Viét — THPT Thing Long, Ha Ndi — Phone (zalo): 0835.221183 - On thi cam két diém s6



Trung tim BDVH Unix Thing Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw vaAn huéng nghiép cho hoc sinh bing phin tich nhan tuwéng hoc — xem chi tay — tir vi

b) AD=BC.
c) AB, DC cung huéng.
d) Néu [BC|=|AD thi [AC|=BD].

Loi giai
a) Ta co: [AB| <[CD|.
b) Tacé: AD,BC khong cung huéng nén AD = BC .
c) AB, DC cung huong.

d) Ta co: ‘ﬁ‘ =‘ﬁ‘ nén hinh thang ABCD la hinh thang can = ‘TC" =‘ﬁ‘

PHAN IIl. Cau tric nghiém tra 1&i ngén

Cau 1:

Cau 2:

Cau 3:

Cho ba diém A,B,C khdng thiang hang. Goi diém M I trong tam AABC va thoa man dang
thic MA=aMB + BMC (a, B <l1). Tinh 2a + 8.

Loi giai
Taco M la trong tam thi MA+ MB + MC =0

So sanh véi MA=aMB + SMC = a=-18=-1 suyra 2a + B = -3
Cho tam gidc AABC . Cac diém 1,J thoa man hé thirc N:%E,H:sﬁ. Biét IC # BJ thi
~1 a_’ * ,o. a. \ A )X Ao - \ ’
Cl :—BBJ,(a,beD ) Voi 4 la phén so toi gianva a,bel] . Tinh a+b.
Loi gidi

L — 1V R L T VS g i o

Taco: Al =2 AB < AC +Cl =Z(AC+CB) < CI =—Z(2AC +BC) (1)
3 3 3

AJ =3AC < AB+BJ =3AB+BC < BJ =2AB+BC =2AC+BC (2)

Te () va(2) =Cl=-1BI=2-10a4p=u.
3 b 3

Mot vat ddng chit duoc tha vao mét coc chat long. O trang thai can bang, vat chim mot nira thé
tich trong chat long. Tim méi lién hé gitra trong luc P cua vat va luc ddy Archimedes F ma
chit long tac dong lén vat. Tinh ti sé gitra trong luong riéng cua vat va cua chét long.

Loi giai
Luc ddy Archimedes F, va trong lyc P déu tac dong Ién vat theo phuong thing ding, hai luc
nay nguoc hudng. Do ¢ trang thai can bang vat ndi (chim mot nira), nén hai lec nay c¢6 cuong do
bang nhau.
Goi d, d’ twong tng la trong lwong riéng cua vat va trong luong riéng cua chat long: goi V 12
thé tich cua vat. Khi d6 trong lwong cia vat bang P = ‘ 5‘ =dv (1)
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Céau 4:

Cau 5:

Céau 6:

Luc day Archimedes tac dong 1én vat c6 cuong do bang F, = Ea

Vv
=d'.— (2
L)
\ hY R s 3 d
Tur (1) va (2) déyrang P=F, suyra F:2.

Cho hai lyc F, =MA,F, =MB ciing tac dong vao mot vat dat tai diém M . Cho biét cuong d6
luc F,,F, déu bing 50N, tam giéc MAB vuong tai M . Biém M thoa man MA+ MB = MC.
Tinh d6 dai cua (l\TA+ Ws’)ﬁ .

Léi giai

M B
Taco W+W=WS‘W+W‘=W
Lai c6 AMAB vuong tai M nén ta c6 [MC| =/MA? + MB? =502 :JE(\WHW\):mo

Cho ba luc F, = MA,F, = MB,F, = MC, ciing tac dong vao mot vit tai diém M va vat ding yén
khi d6. Cho biét cuong d¢ cua F,, F, déu bang 100N va gc AMB =90°. Tinh cuong do luc F,
(Két qua lam tron dén hang don vi).

Loi giai

A D

A

C

V& hinh vudng ADBM |, canh MA =100 = MD =100+/2

Lai c0 MA+MEB =MD = F, = -MD =|F;| =1001/2 ~141

Cho tam giac ABC biét AB=27(cm). Piém M thoa mén:‘2m+3W+4WC‘ =‘W—m‘.

Khi d6 diém M nam trén dudng tron ¢ ban kinh bang bao nhiéu?
Loi giai
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Vi A,B,C cb dinh nén ta chon diém | théa min: 21A+3IB +4I1C =0

& 21A+3(TA+ 18) + 4(TA+ 1C) =0 = OTA - ~3AB ~ 4AC & TA-- 21245
=1 duy nhéttfrd62m+3m+4M—C:9W+(2m+3ﬁ+4ﬁ)zgm va MA—MB = AB

Tir gia thiét ta suy ra |9MI| =|BA| < MI = % —3(cm)
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