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BAI @ TiCH CUA MOT VECTO VOI MOT SO
I

I Y LY THUYET CAN NHO

Tich ciia mot vecto véri mot s6
Tich cia mot vecto d # 0 v&i mot s6 thuc k > 0 1a mot vecto, ki hiéu 1a kd, cung hudng voi d@ va c6 do
dai bang k|d|.

Tich ciia mét vecto @ # 0 véi mot sé thuc k < 0 1a mot vecto, ki hidu 13 kd, nguge hudng véi d@ va c6 do
dai bang (—k)|d|.

Chii y: Ta quy uéc kd = 0 néu d@ = 0 hodc k = 0.
Nhan xét: Vecto kd c6 do dai bing |k||d| va cing huéng véi d néu k > 0, nguoc huéng d@ néu d = 0 va

k <O0.

Cac tinh chat cta phép nhin vecto véi mot s6

Vi hai vecto d, b va hai sé thuc k, t, ta ludn c6:

-

o k(td) = (kt)d e k(d +b) = kd + kb; k(@ — b) = kd — kb
1 = —a.

d=ad; (-1

Qu

e(k+t)a=kda+ta
Nhan xét:
e Diém I la trung diém ciia doan thang AB khi va chi khi IA+1B =0.

e Diém G 1a trong tdm ctia tam gidc ABC khi va chi khi GA+GB + GC =0.

Chu y: Moi vecto % déu bién thi (phan tich) dugc mot cach duy nhiat theo hai vecto d, l;, nghia la c6 duy
nhat cip sb (x;y) sao cho % = xd + yB.

IR Y /S PuHAN LOAI VA PHUONG PHAP GIAI TOAN
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Dang 1: Xac dinh tich ciia mjt vecto v6i mot so

Phwong phap:
e S dung khai niém tich ctia vecto véi mot s6
e S dung tinh chét tich vecto vé&i mot s
e S dung quy téc trung diém cutia doan thang, trong tdm cda tam giac.

BAI TAP TU LUAN

Bai tap 1: Cho hinh binh hanh ABCD. Goi 0 1a giao diém cuaAC, BD va Mla trung diém cua AB. Tim
vecto trong cac truong hop sau:

A B
0
D c
a) 240 b) _%ﬁ
c) 2AM d) %ﬂ
Lo giai

a) Vi 0 1a giao diém giita AC, BD nén O 1a trung diém cuadC = 240 = AC.

b) Vi 0 1a giao diém giita AC, BD nén 0 la trung diém ciaBD = —~DB = ~BD = B0
¢) Vi Mla trung diém cua ABnén 24AM = AB.

d) Vi Mla trung diém cua ABnén ;ﬁ = BM.

Bai tap 2: Thuc hién cac phép toan sau:

a)2(u + V) b) (a — b)m c) 7(—3¢)
d) ¢+ 7c e)9¢ — 7¢ f) —3(% — ¥)
9) (2a + b)ii h) -3 (2¢) i) 2d + 74
DELEE
Léi giai
a) 2(i + ¥) = 24 + 27 b) (a — b)ini = am — bm  ¢) 7(—3&) = —21¢
d) ¢ +7¢ =8¢ )96 —7¢=(9—7)¢=2¢f) =3 — ¥) = —3u + 37
9) 2a + b)# = 2af + bR h)-3(2¢)=(-3.2)¢=-2¢ )2a+7di=9a

7 8

)3b-3b=(3-2)b="1h.

Bai tap 3: Cho hinh chi nhat ABCD tam O ¢6 AB = 4,AD = 3. Tinh |AC + BD
Loi giai
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4
A B
3 0
D , C

I
Goi I 1a trung diém cua DCthita c6 |AC + BD| = |20C + 20D| = |2(0C + 0D)| =
2|0C +0D|
= |AC + BD| = 2|20I| = 401 = 2BC = 2.3 = 6.

Bai tap 4: Cho tam giac ABC.

a) Tim diém K sao cho KA + 2KB = CB
b) Tim diém M sao cho MA + MB + 2MC = 0
Loi giai

B C
M

a) Taco: KA+ 2KB=CBE o KA+2KB=KE—-KC ©KA+KB+KC=0
= K la trong tam cua tam giac ABC.
b) Goi I 1a trung diém cua AB.

Taco: MA + MB + 2MC = 0 © 2MI + 2MC = 0 © MI + MC = 0 = M la trung diém cua

IC.
Bai tap 5: Cho 4ABC vudng tai B c6 A = 30°, AB = a. Goi I la trung diém cua AC. Hay tinh:
a) |BA + BC| b) |[AB + AC|
Loi giai
A
I
B Y C
a3 AB a 2a+y3

Tacd: BC = ABtanA =atan30° = LAC = = =

3 cosA  cos30° 3
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a) |B4 + BC| = |2B1| = 2|Bl| = 2BI = 2.%° = Ac = 25,

2
b) [4B + AC| = |24M| = 2[4M| = 24M = 2VABT ¥ BIZ = 2 [a? + (22) = &,

/

B, i C

Léi gidi
A

B/
H

a) |AB + AC + BC| = |(AB + BC) + AC| = |AC + AC| = |2AC| = 2|AC| = 24C = 2a.

Bai tap 6: Cho tam giac déu ABC canh a. Tinh

a) |AB + AC + BC b) [AB + AC

Q

b) Goi H 1a trung diém cua BC.
—_— —_ —_— —_— 2
Taco: |AB + AC| = |24H| = 2|AH| = 24H = 2VAB? = BH? = 2 Ja? — (%) = av3
Bai tap 7: Cho tam giac ABC.

a) Hay xé4c dinh diém M dé MA + MB + 2MC = 0.

b) Chitng minh rang véi moi diém 0, ta c6 OA + OB + 20C = 40M.
Loi giai

a) MA + MB + 2MC = 0 & MA + MA + AB + 2MA + 2AC = 0 & 4MA = —(AB + 24C)

1l
@AM=Z(A3+2AC)

b) OA + OB + 20C = OM + MA + OM + MB + 20M + 2MC = 40M.

Bai tap 8: Cho hai diém phan biét A va B.
a) Hay xac dinh diém K sao cho KA + 2KB = 0.

b) Chitng minh rang véi moi diém O ta luon c6 OK = gﬁ + g@
Loi gidi
a)KA+2KB =0 KA+ 2(KA+A4B) =0  3KA = —zﬁ@ﬁzgﬁ
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b) Tacé: KA + 2KB =0 © KA = —2KB

1 2 1 2 1, 2
§0A+§OB=§(0K+KA)+§(0K+KB)=0K+§KA+§KB

= 0K +§(—2KB) +3KB = 0K
Bai tap 9: Cho tam giac ABC Vvéi H, 0, G lan luot 1a truc tam, tam dudng tron ngoai tiép va trong tam caa
tam giac. Chung minh OH = 30G.
Loi gidi

A

Goi D 1a diém ddi xieng cua A qua O nén ta c6 BH//DC (cuing vudng goc vaéi AC) (1)
Mat khac CH//BD (cung vudng goc véi AB) (2)

Tu (1) va (2) suy ra tir giac BHCD la hinh binh hanh

Vay ba diém H, M,D thing hang= AH = 20M.

Taco OH = OA + AH = OA + 20M = 04 + OB + OC.

Do G la trong tam cuia tam gidc ABC nén OA + OB + 0C = 306G = OH = 30G.

Bai tap 10: Cho t& gidc ABCD, O 1a giao diém cua hai duong chéo AC va BD. Goi G, G theo tht tu 1A
trong tAm cua tam gi4c OAB va OCD. Chung minh ring AC + BD = 3GG .
Loi giai

Vi G 14 trong tam cua tam gidc OCD nénta c6: GG = g(ﬁ +GC+GD) (1)

—

Vi G 1a trong tam cua tam gi4c OAB néntacé GO + GA + GB = 0 = GO = —(GA + GB) (2)
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Tir (1) va (2) = GG =2 (GC — GA+ GD — GB) = 1 (AC + BD) = AC + BD = 3GG’

BAI TAP TRAC NGHIEM

PHAN . Cau tric nghiém nhiéu phuong an lwa chon. Mai cau héi thi sinh chi chon mét phuong an.

Cau 1:

Cau 2:

Céau 3:

Cho doan thiang AB, goi M1a trung diém cua AB. Dang thiic vecto nao sau day dung?

A. 4B = 2MA. B.AM = MB. g.mziﬁ.
Loi gidi
Taco AM = %AB ma AM va AB cing huéng = AM = %ﬁ
Dang thirc nao sau day mo ta ding hinh vé bén
A 1 B

A.AB = 34l. B.AB = —3IA. C.Al = 4B.
Loi gidi

Ta cé AB = 3AI ma Al va AB nguoc huong = AB = —3A4I.

Cho @ = kb. Pang thuc vecto nao sau ddy ding?

D.AB = 2BM.
D. AB = —34I.
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Céu 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

A.ldl = k|b|. B.ld| = |kl|b|. C.ld| = —k|b|. D.d = |k|b.
Loi giai

Theo dinh nghia ta ¢6 |d| = |k||5|

Cho tam giac ABC, goi M1a trung diém cua BC va GIa trong tdm cua tam gidc ABC. Ménh dé

nao sau day dang?

A.GE+GC=GA. B.GB+GC=2GA. C.GB+GC =2GM. D.AB +AC = 34M.
Loi giai

Do MIa trung diém ciia BCnén ta c6:GB + GC = 2GM.

Cho vecto b # 0,d = —3b. Khing dinh nao sau day sai?

A. Hai vecto @ va b nguoc huéng. B.|d| = 3|I;|

C. Hai vecto @ va b cung phuong. D. Hai vecto @ va b cing huong.
Lo giai

Taco d = —3b nén hai vecto b va d nguoc huéng.

Cho tam giac ABC, goi Mla trung diém cua BC va Gla trong tdm cua tam gidc ABC. Ménh dé
nao sau day dung?

A. 4G == (4B + AC). B. 4G == (4B + AC).
3 2
C.AB + AC = AM. D. 4G = AM.

Loi gidi

Piém G4 trong tm cua tam gidc ABC < GA+GB + GC = 0 & AG = g(ﬁ +4C).

Goi 0la giao diém hai dudng chéo ACva BD cua hinh binh hanh ABCD. Ménh dé nao sau day
sai?

A.AB +BC =2B0. B.AC = 240. C.CB+CD =2C0. D.DB =20E.
Loi giai
A D
0
B °C

TaCéE‘Fﬁ :R * ZB_O)suyrasai_
Taco CB +CD = CA = 2C0
Cho hinh binh hanhABCD. Tdng céc vecto BA + BD + BC la
A. 2BD. B. 24C. C.DB. D. 34EB.
Léi giai
Do hinh binh hanhABCD nénta cé BA + BD + BC = BA + BC + BD = BD + BD = 2BD.
Cho tam giac ABC, goi M1a trung diém cua BC. Ménh dé nao sau dy diing?

A AM = 4B - 4C. B. A =1 (4B + AC).
C. AW = 2B + 24C. D. A = L (4B + 4C).
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Céu 10:

Céau 11:

Cau 12:

Cau 13:

8| Ths.

Loi giai
Do Mla trung diém ctiia BCnén ta co:
MB + MC = 0 & 4B — AM + AC — A = 0 < AM = (4B + AC).
Cho tam giac ABC, diém Mthuoc canh BC thoa madn BM = 2MC. Ménh dé nao sau day dang?

A.AM = 1BA +2BC. B.AM = 4B +2AC.
C.AM = AB - ZAC. D.AM = ;AE —2AC.
Loi giai

Do diém Mthudc canh BC thoéa man BM = 2MC nén ta co:

MB=—2MC<=)AB—AM+2(AC—AM)=0(:AM=§AB+§AC

Cho tam giac déu ABC canh a. Tinh d6 dai cta vecto AB + 2AC.

A aV7. B. aV/3. C. 3a. D. aV/5.
Lo giai

B N

A C M

Dung diém M théa man AM = 24AC.
Dung hinh binh hanh ABNM nén khi d6 4B + 2AC = AB + AM = AN
Dung diém M théa min AN2 = AB? + BN2 — 2.AB.BN.cos 120° = 7a® = AN = a7

Suyra |AB + 24C| = av/7.

Biét ring hai vec to @ va b khong cling phuong nhung hai vec to 2d + 3b vad + (x + 1)b cling
phuong. Khi d6 gia tri cua x la
A L B.—2 c. -1 D.
2 2 2
Loi giai

N | W

Taco 2d + 3b vad + (x + 1)b cung phuong nén c6 ti Ié:% = xgi =>x = %

Tam giac ABC vudng can tai A, AB = a. Do dai vecto 44B — ACbang:

A. a\/15. B. 3a. C. 4a. D. aV17.
Loi giai
C
A B A’
' D

V& AB' = 4AB; AC' = —AC va hinh binh hanh AC'DB’
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Céu 14:

Céau 15:

Céau 16:

Céau 17:

Ta c6: |[44B — AC| = |E+E| = |AD| = 4D

Do d6:AD = AB? + AC? = V1642 + a2 = aV17.

Cho tam giac ABC c6 M 1a trung diém AB, diém N thudc canh BC sao choBN = 3NC. Goi I 1a
giao diém cia AN, CM. bang thicc nao sau day dung?
A. 4l = IN. B. AN = SIN. C. AN = 4IN. D. AN = 3IN.

Loi giai
Goi P € BC thoamédn MP || AN.
IN || MP
CN ==CP
MP//AN
BM = ~AB

—

Xét ACMP ta co: { >IN = EW (1)

Xét AABN ta cé:{ :W:%ﬁ (2)

Tx (D) va()suyralN = im & AN = 5IN.
Cho tam giac ABCc6 M 1a trung diém AB, N thudc canh AC théamdn AN = 2NC, P thudc duong
thang BC sao cho AP cit MN tai trung diém I cia MN. Ménh dé nao sau day diing?

A.BP =~BC. B.BP =-BC. C.CP =2CB. D. CP = >CB.
Loi giai
A
M,
T N
B +
- C

Pit BP = xBC.
2 _— 1 —_— r—— —g — — _——>
Tacd I Ia trung diém MN = Al = =AM +AN)=1(1AB+3AC a8 1acaB-=
2 22 3 473

AB +BP = AB + xBC = AB + x(AC — AB) = (1 — x)AB + xAC (2)
X=X x=2>BP==2BC.
2 E 7 7
Cho vecto d@ # 0. Khang dinh nio sau day diing?
A. Khi k < 0 hai vecto d, kd lu6én cung hudng

Taco 4,1, P thang hang nén

B. Hai vecto @, kd khong cung phuong Vk € R.

C. Hai vecto d, kd c6 d6 dai bang nhau vk € R.

D. Khi k < 0 hai vecto @, kd ludn nguge hudng.
Loi giai

Khi k < 0 hai vecto d, kd ludn nguoc hudng.

Cho tam giac ABC. Goi M va N lan luot 1a trung diém cua AB va AC. Khing dinh nao sau day
sai?
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Céu 18:

Céau 19:

Cau 20:

Cau 21:

A. 4B = 24M. B.AC = 2NC. C.BC = —2MN. D.CN = —-AC.
Loi giai

Taco: BC = 2MN.

Cho hinh binh hanh ABCD. Khing dinh nao sau dy ding?
A.AB +AC + 4D = 0. B.AB + AC + AD = 2AC.
C.AB + AC + AD = 3AC. D. 4B + AC + AD = 4AC.

Loi giai
Theo quy tic hinh binh hanh ta c6: AB + AC + AD = (AB + AD) + AC = AC + AC = 2AC
Cho tam giac ABC c6 trung tuyén AM. Goi | 1a trung diém AM. Pang thtic ndo sau day dung?
A.2IA+1B+1C =0. B.IA+IB+1C =0.
C.2IA+1B +IC = 4IA. D.1B +IC = IA.

Loi giai

A

C
B M

Taco: 2IA+ IB +1C = 2IA + (IB +IC) = 2IA + 2IM = 2(TA +IM) = 0
Goi M, N lan luot 1a trung diém céc canh AD, BC cua ta giac ABCD. Bang thirc nao sau day sai?
A.AC + DB = 2MN. B. AC + BD = 2MN.
C.AB + DC = 2MN. D. MB + MC = 2MN.

Loi giai

2MN = MN + MN = (MA + AC + CN) + (MD + DB + BN)

= (AC + DB) + (MA+MD) + (CN + BN) = AC + DB + 0+ 0 = AC + DB.
Cho ba diém M, N, P théa man MN = —2MP. Véi diém O bét ki, ding thirc nao dudi day ding?
A.OM = — (ON + 20P). B.OM =~ (ON — 20P).
C.OM =~ (ON + 20P). D. OM = (—ON + 20P).

Loi giai

—_— —

Taco MN = —2MP < MN + 2MP =0 © NM + 2PM = 0.

1 1 ey R ] ] D —
OM =3 (OM +20M) = 3 [(ON + NM) + 2(0P + PM)|
1 — —_— —_— —_—
=3 [(ON + 20P) + (NM + 2PM)|

1 ,/— —_—
= (ON +20P).
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Cau 22: Cho tam giac ABC. Néu diém M thoa min MA — MB — MC = 0 thitaco
A. ABMCla hinh binh hanh. B. ABCM la hinh binh hanh.
C. Mla trung diém BC. D. M la trung diém AB.
Loi giai

B M
Taco: MA— MB — MC =0 & MA — MB = MC < BA = MC < ABMC Ia hinh binh hanh.
Cau 23: Cho tam giac ABC va diém M thoa man MB + MC = AB. Tim vi tri diém M.

A. M la trung diém cua AC.

B. M 14 trung diém cua AB.

C. M la trung diém cia BC.

D. M la diém tht tu cta hinh binh hanh ABCM.

Loi giai

A

B C
I

MB + MC = AB < 2M] = AB (vé6i I 1a trung diém cia BC).

© Ml =>AB = M la trung diém ciia AC.

Cau 24: Cho tam gi4&cABC. Lay diém D dbi xang voi A qua B va lay diém E trén doan AC sao cho 3AE =
2EC. Néu DE = mAB + nAC thigiatrim.n 1
A mn=-2 ﬁ.m.nz—i C.mn=- D.m.n =2
5 5 5 5
Loi giai

A

D

Tacéﬁ=m+ﬁ=—2E+§R:>m=—2,n=§:>m.n=—§.

Cau 25: Cho hinh chit nhat ABCD c6 hai canh AB = a, BC = 2a. Khi d6 |AB + 24D | bing

11| Ths. Lé Viét —- THPT Thing Long, Ha Noi — Phone (zalo): 0835.221183 - On thi cam két diém
i}



Trung tim BDVH Unix Thing Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw vaAn huéng nghiép cho hoc sinh bing phan tich nhin twéng hoc — xem chi tay — tir vi

Céu 26:

Cau 27:

A. aV17. B. 5a. C. 3a. D. 2V2a.
Loi giai
B C
H\
A D E

|AB + 24D| = |AB + AE| = |2AH| = 2AH = BE = VAB? + AE? = Va? + 16a% = aV/17.
Cho AD va BE la hai phan giéc trong cia tam giac ABC. Biét AB = 4,BC = 5 va CA = 6. Khi
d6 DE bang

A 2CA-3CE. B.2CA-3CE. C.2CA-3CB. D.2C4 -2CB.
9 5 5 9 5 5 5 5
Loi giai
A
E
B > —\C
Ta co AD la phan giac trong cua tam giac ABC nén L_A_0, D _ 0 3
BD AB 4 CD+BD 6+4 5
-2 -3,¢D=23CB.
CB 5 5

Tuong tu £ =2 = CE =2CAnén DE = CE — CD = >CA - 2CB.
cA~ 9 9 5 c

Cho hinh thang ABCD ¢6 2 day 1a AB = a va CD = 2a. Goi M, N lan luot 1a trung diém cua AD
va BC. Khi d6 |MA + MC — MN| bing

AL B.2¢ C.2a. D. 3a.
2 2
Loi giai
A B

Goi I 1a trung diém AC. Khi d6 MI 1a dudng trung binh cua tam giac ACD = MI = %D =a

MN 1a duong trung binh cua hinh thang ABCD = MN = AB;CD = ‘”22“ = 37‘1 = MI = 2MN.
|(MA + MC) — MN| = |2M] - MN| = |2.2MN - MN| = L MN| =2un =222 =2
3 3 3 3 2 2
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Cau 28: Cho tam giac ABC, 1,/ K lan luot & céc diém thoa BI = 2BC; CJ = > CA; AK = 2 AB. Khi d6
phét biéu nao dudi day 1a phat biéu sai?
A IK = —%A_c’ — %TE.
B. Hai tam gidc ABC va IJK c0 cung trong tam.
C.IC+JA+KB =0.
D.BK = —24B +AC

Loi giai
Taco: AK = s AB = AB + BK = ; AB = BK = —>AB
, — — — 2—— 1— 1— 1— ,
Taco: IK = BK — Bl = —-AB — - BC = —-AC — - AB (ding)

—_— —

Taco:IC+JA+KB=1B+BC+JC+CA+KA+AB=1B+JC +

S

= ——BC ——CA ——A_’ 0 (ding)

Goi G va G lan luot 12 trong tam cua hai tam giac ABC va IJK.

—

SuyraGA+GB+GC=0ValG'+JG +KG =0
Tacs: IC+JA+KB=0=>1G +GG+GC+JG +GG+GA+KG +GG+GB=0
>3GG+IG+JG+KG +GA+GB+GC=0>36G6=0
Vay G va G'trung nhau (dung)
Cau 29: Cho hinh binh hanh ABCD. Goi M, N la cac diém nam trén cac canh AB va CD sao cho AM =

—

~AB,CN =~ CD. Goi G latrong tam cia ABMN. Hay phan tich AG theo hai vecto AB = d, AC

—

i+32b B.AG = —ad +
3 18

—

b C.4G =
Loi giai

i+ib D.AG=->d-1b.
18

ul R
W |
W

& o

Tacém+m+ﬁz3,4_dmam=§ﬁva

AC+AC—AB)=—5a+b:>3ﬁzéﬁ—%ﬁ+ﬁ+ﬁz

Cau 30: Tap hop diém M thoa mén hé thuc: |[3MA + 2MB — 2MC| = |MB — MC| la:

A. Mt duang tron c6 ban kinh 1a 2> B. Mt duong tron c6 ban kinh 1a <>
C. Mot diém. D. Mot duong thang qua A va song song véi BC
Léi giai

Chon diém I sao cho: 374 + 2IB — 2IC = 0
Ta co: 3m’+2ﬁ9’—2ﬁ=6@3m+25§=0@ﬁ=§ﬁ
= 3MA + 2MB — 2MC = 3(MI + IA) + 2(MI + IB) — 2(MI + IC) = 3MI
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GO 1
:|3MA+2MB—2MC|=|MB—MC|<:>3MI=CB(:>MI=§CB

Vay tap hop diém M 1a dudng tron tam I ban kinh %.

PHAN Il. Cau tric nghiém ding sai. Trong mdiy a), b), c), d) & mdi cau, thi sinh chon diing hoic sai.

Céau 1:

Cau 2:

Cho hinh binh hanh ABCD c6 tam 0, M 1a mot diém bat ky. X¢ét tinh dung sai ctia cac khang dinh
Sau:
a) AB + AD = AC.

b) AC = 204.
¢) MA + MB + MC + MD = 4MO.
d) Néu M4 + MC + MD = 6MO0 thiMla trong tdm AABC.

Léi giai

B c

a) Ping: Theo quy tic hinh binh hanh ta c6 :AB + AD = AC.
b) Sai : DoABCDhinh binh hanh tdm onén 0 1a trung diém cia AC =>AC = 240.
¢) Bung: Ta c6: MA + MB + MC + MD
:m+m+m+w+m+m+m+m’:4m+<m+ﬁ)+(ﬁ+ﬁ> _ 4M0.
0 0
d) Blng : MA + MC + MD = 6MO = 4MO — MB = 6MO = —MB = 2M0 = MB = —2MO
Mt khac BO 1a trung tuyén ctia AABC nén suy ra M 1a trong tim AABC.
Cho tu gidc ABCD. Goi M, Nlan luot 1a trung diém cuia cac canh AB va ¢D. Goi G 1a trung diém
MN. Goi 0 1a diém bat ki. Xét tinh dung sai cua cac khang dinh sau :
a) MC + MD = 2MN.

b) BC + AD = 2MN.
c) AC + BD = 2MN.
d) 0G = ~(04 + 0B + 0C + 0D).

Loi giai
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Cau 3:

Céau 4:

Tw vaAn huéng nghiép cho hoc sinh bing phan tich nhin twéng hoc — xem chi tay — tir vi

D

N

B c
a) Png : Do M 1a trung diém cé4c canh AB nén MB + MA =0
Do N lan luot 14 trung diém céc canh DC nén 2MN = MC + MD.
b) Pung: 2MN = MC + MD = MB + BC + MA + AD = AD + BC + (MA + MB) = 4D + BC.
c) Mat khac: 2MN = AD + BC = (AC + CD) + (BD + DC) = AC + BD.

d) Ding: ; (04 + OB + 0C + 0D) = ; (20M + 20N) =~ (OM + ON) = 5.20G = 0G.

May bay A dang bay vé hudng dong bac véi téc d6 600 km/h. Cung lac d6, may bay B dang bay
vé hudng tay nam véi toe dd 800 knv/h (nhur hinh v&). Xét tinh dung sai cua cac khang dinh sau:

a) Vecto van tdc bcia may bay B ngugce huéng véi vecto van tde deia may bay A.

b) ld| = 800 (km/h); |b| = 600 (km/h)

¢0)b==a

d)d=2b.
Lo giai
Ta thiy hudng dong bac nguoc hudng véi hudng tay nam.
a) Pung: vecto van toc bcia may bay B nguoc hudng véi vecto van toc dciia may bay A (1)
b) Pling: Theo dé bai ta c6 |d| = 800 (km/h); |b| = 600 (km/h)
|p] _ soo _

o r: qx Bl 800 4 24 > =4
c) bung: Khi d6 o0 =3 |b| = Sl suyrab = —ad.

d) Sai: @ = =>b.
4

Cho tam giac ABC Vvéi trung tuyén AM va trong tdm G. Xét tinh dung sai cua cac khang dinh sau:
a) Tong MB + MC = 0.
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b) Biéu dién GA = ZAM.

¢) V&i moi diém Nthi NA + NB + NC = 3GN

d) Phan tich 4G theo hai vecto 4B, AC ta dwgc AG = 2222¢
Loi giai
A
G
B M °C

a) Plng: Vi M1a trung diém caa BCnén MB + MC = 0.
b) Sai: Ta co GA = ZAM Mt khc GA va AM nguoc huéng GA = —=AM.
¢) bang : Vi G la trong tdm tam giadc ABC nén
GA+GBE+GC=0=>NA—NG+NB—NG+NC—NG=0=NA+NB+NC =3NG
2 AB+AC

d) Pung: Ta c6 AG = 2AM = 2.2 (AB + AC) = AG = :
3 3 2 3

PHAN IlI. Cu tric nghiém tra 1&i ngin

Cau l: Mot nguoi di xe may tir TAy sang hudng Pong véi van tdc 40 km/h duoc biéu thi boi vecto 7va
mot nguoi khac di xe may tir huéng Pong sang huéng Tay véi van toe 60 km/h duoc biéu thi
bai vecto ;. Biét ring 7; = —+7;(a, b € N°), la phan s6 t6i gian. Tinh 2a + 3b.

Ta co: 7, nguoc hudng véi v; va ¢ do lon bang % = % lan d6 16n vecto ;.

a=3

b=2

Cau2: Cho tu giac ABCD. Goi I,J lan luot 1a trung diém cua cac canh AC va BD. Biét rang biéu thic
AB + CD = kIj. Tim gia tri cua k

Vivayv—2’=—§v—1’=>{ = 2a + 3b = 12.

Léi giai
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A

D c

Tacé{2=g+g+ﬂ(1)
1] =1C+CD +DJ(2)

Cong theo vé (1) va (2)ta duoc:
2l =(TA+1C) + (AB+CD) + (Bj + Dj) & 2Ij =0+ AB + CD + 0 = 4B + CD
Suyrak =2
Cau3: NéuGva G Ian luot 1a trong tAm tam gidc ABC va A'B'C’ thi kGG = AA’ + BB + CC. Tim gia tri
cua k.
Loi giai

Taco:AA +BB +CC =AC+GG +GA +BG+GG +GB +CG+GG +GC

=366 +(AG+BG+CG)+(GA+GB +GC)=36G +0+0=36G suyrak =3

Cau 4: Mot vat dang & vi tri 0 chiu hai luc tac dung nguoc chiéu nhau 1a F, va F,, trong do do 1on
luc F, 16n gap doi do 16n luc F,. Nguoi ta muén vat dirng lai nén can téc dung vao vat hai
luc Fs, F, c6 phuong hop Véi luc F; cac goc 45° nhu hinh v&, chiing ¢6 d6 16n biang nhau va
bang 20 N. Tim d6 16n cua luc F, (Két qua 1am tron dén mét chir s6 sau dau phay).

Ta co: F, = —2F,. Dé vat tro vé trang thai can bang thi hop luc bang 0.
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®ﬁ1+ﬁ2+ﬁ3 +ﬁ4 =6@ﬁ1_2ﬁ1+ﬁ3 +ﬁ4 =6C>F3)+ﬁ4 =ﬁ1.

Pat F, = 0A,F, = 0B, F; = OC,F, = OD.
Tacod: Fs + F, = F, © 0C + 0D = 04 do d6 0CAD 14 hinh binh hanh.
Mat khac: 0C = 0D = 20 va COD = 45° + 45° = 90° nén OCAD la hinh vu()ng.

Khi do: |F,| = 04 = 20VZ N,

F,| = 2|F,| = 40v2 N ~ 56,6N.

Cau5:  Cho hinh binh hanh ABCD. Goi E va F 1a 2 diém thoa BE = §B_c’, BF = iﬁ Khi d6 AE = kAF.
Tinh 3k + 2025
Loi giai

F

B
5 C

Ta phan tich AE va AF theo 2 vecto AB va AD.
AE = AB + BE = AB + > BC = AB + - AD; AF = AB + BF = 4B + - (AD — AB) = 2 4B + - AD.

, AE =AB +-AD AE =4AB+:AD __., ,_, A
Xét hé: 3 o 3 SAE =*AF o>k =12

AF =2AB+14D |*AF =AB +-4D 3 3
4 4 3 3

Khido: 3k + 2024 = 2029

Cau 6: Cho tam gidc ABC. Goi G la trong tdm cua AABC. Biét rang tap hop cac diém M sao cho
|MA + MB + MC| = 6 1a mot duong tron. Tinh ban kinh cua duong tron do.
Loi giai
Tac MA + MB + MC = 3MG = |MA + MB + MC| = 3|MG| = 3MG & MG =2

Vay tap hop diém M 1a duong tron tdm G ban kinh bang 2.
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