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VECTO

BAI 11. TiCH VO HUONG CUA HAI VECTO
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| CHUONG |®

@ HE THONG BAI TAP CAU HOI 4 MENH PE TRA LOI PUNG/SAL
PHAN II. Ciu tric nghiém ding sai. Trong mdi y a), b), ¢), d) & méi ciu, thi sinh chon ding hoic sai.
Caul: Cho ‘Zz‘ =2, ‘l;‘ =3, gbc giita véc to a,b bang 60°.

a) ab=3.

b) |a+bf13.

c) ‘Ez —I;}: xﬁ .

d) Goéc gitra hai vecto a va a+b 1énhon 90°.

Loi giai
| a) Dung ‘ b) Sai ‘ ¢) Dung ‘ d) Sai ‘

a)Dung: ab= ‘ZIHB‘.COS(ZI.B) = 2.3.% =3

bySai: Ta c6 (ja+5]) = (a) +(B) +2ab=19=|a+5/=i9.
¢ Ping: Tac6 (|a-8]) =(a) +(5) ~2ab=7=|a+5=7.
d)Sai: ZI(ZZ+B) = ‘5‘.‘Zz+l;‘.cos(&,;z+l;) = T7= 2.@.cos(;z,c;+l;)
& cos(a,a+B) =

CAu?2: Cho hai vecto a va b. Biét ‘El‘ =2,

>0 :>(Zz,21+5)<90°

E\ =3 va (Ez,?a) —30°.

a) ab=3
by(a-B)(a+5) =1
c)(25+13)(5—313)=16
d) ‘Ez + Z;‘ =2+ \/5
Loi gidi
‘ a) Dung ‘ b) Dung ’ ¢) Sai ’ d) Sai ‘
a)Ping. Ta co: ab= ‘Zt‘.‘ls‘.cos(a,l;) =24/3.c0s30° =3.

-2 =2

b)Pung. Ta co: (&—B)(ZHB): a —b =‘er —‘5‘2 =27 —(\/5)2 =1.
¢)Sai. Ta co: (2a+b)(a—3b)=2a —5ab-3h" =2.2° —5.3—3.(\/§)2 =-16.
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b | 0

d)Sai.Ta co: (‘& +B‘)2 = a® +b* +2ab = a* + b* +2‘5‘.‘B‘.cos(&,5) ,

SN (‘Zl+l;‘)2 =4+3+2243.00530° =13 = a+ 5| =13

Cau3: Cho hai vecto d@,b thoa man |d|=3,b |=4,(d,b)=150°.

a) G-b=—6\3

b) (G+b)-(G—b)=17.

¢) Ba+b)-(@-2b)=-5+303

d) 3d+b)-(G—2b)=5+303

Loi giai
‘ a) bang ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘

Ta co: Zi'g=|Ei|'|E|’COS(EI,E)=3'4'COS1500 =—63 .

(G+Db)-(d-b)y=a*-b>=lal —1bP=3"-4>=-7.

(3d+b)-(@—2b) =3d*—5a-b-2b>=31dl* -5d-b—-21b 1
=3.32 Z5(—64/3) =247 = —5+ 304/3.
a+215\=13.

Ciu4: Cho |a|=5,

E‘=6,

a) a.b=21.
byalb
¢) |d+b|=11.
d) |a—b|=|a+b]
Loi giai:
| a)Sai | b)Ping | o) Sai | d)Ping |
a) \a+213\=13 & G +4ab +4b> =169

400-a* —4.b* 169-25-4.36
4 4

b)db=0=d Lb

©) Taco |a+b| =a*+2ab+5> = 25+2.0+36=61.

< db = 0

:\mé\:dﬁ
d) Xet [d B[ = a>~2ab+b* = 25-2.0+36=61.
:‘5—5‘:\/5
:‘d—lg‘:‘dﬂg‘
Cau5:  Cho [d|=3,[b|=4,d+b|=37.
a) a.b =6.
b) Goc gitra hai véc to a va Bbéng 120°.
0) \5—5\=13.
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d) ‘Zz+25‘ =97
Loi giai:
| a)Ping | b)Sai | ¢)Sai | d)Ping |

a) Ta co: ¥* =|x|

d+5[=\37 & (a+b) =37 = d +5 +2ab=37=ab =6

b) Zz.Z;:6@|Zz|.‘5‘.cos(ﬁ,5)=6<:>cos(c7,5)=%:>(c7,l;)=60°

o) [i-b’=(i~b) =a~2ab+5*=9-2.6+16=13=|i~b|=13

Q) |d+25|*=(a+2b) =@ +4ab +4b> =9+ 4.6+ 4.16=97 = |+ 25]= 97

Cho |d|=3,|p|=4.|d-b|=2.

a) a.b=21.
b) \a+5\=46.
0) \2&—35\:3\/6.
o\ 7
a,b|=—.
d) cos(a, ) 2
Loi giai:
| a) Sai ‘ b) Sai | ¢) Pung ‘ d) Puing ‘
-2 . 7.2
a)\a—B\zz@52—255+52=4@55=L2_4=%.
b) Xét ‘a+z§r =G> +2db +b’ :9+2.%+16=46.

:\auﬂ:%.
I P e S 21
¢) Xét ‘2a—3b‘ =4a" ~12ab +9b” = 4.9-12.57+9.16=54.

= \25—315\:3\/8.

|
L a.b 7
d) cos(a,b): |d|‘l;‘ :3%:5

a) ab=10

b) &.(5+Z})=3o
c) ‘Zz+l;‘ = Jﬁ
d) [2a-3p| =124

Loi giai
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b | 0

| a)Ping | b)Sai | oPing | d)Sai |
a) Zz.l;:‘;zHl;‘cos(Et;l;)le

b) &.(ZHB):&Z +abh=25+10=35

c) ‘Zz+l;‘2 :(&+13)2 :&2 +2.Zz.13+132 :61:\&+B\:Jﬁ

d)|2a —313\2 =44 ~12a5+95 =124 =[2a-35| =231
Cau 8: Cho tam gidc 4ABCvuodng tai Acd AB= J3,BC=2.

a) S6 do goc ACB =60°.

b) Tich vo huéng AB.AC=0.

¢) Tich vo huéng BA.BC =24/3 .

d) Tich v huéng BC.CA=1.

Loi giai

‘ a) Ding ‘ b) Diling ‘ ¢) Sai ‘ d) Sai ‘

a) Dung.
AB 3

Vi tam gidc ABC vuong tai 4 nén sin ACB = - B = ACB =60°(vi ACB la goc nhon)

b) Dung.
Vi tam gisc ABC vudng tai A nén AB L AC = AB.AC =0.

¢) Sai.

Vi tam gidc ABC vudng tai 4 nén ABC =90°— ACB =90°—60° = 30°.
BA.BC = @\ .\B—C\.cos(ﬂ,B—c) — BA.BC.cos ABC =/3.2.¢0s30° =3.
d) Sai.

Taco |CA|=CA=BC* — 4B* =\2? B =1,

Va (F(?',@) ~120°

— BC.CA= ‘ﬁ‘“a‘cos(ﬁ,a) =2.1.cos120°=-1.
Cau9: Cho tam gidc ABC vudngtai A c6 AB=12,BC=20.

a) ACB=30°.

b) BABC =144.

¢) BC.CA=256.

d) AB.BC+ BC.CA+ CA.AB = 400

Loi giai
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i

| a)Sai | b)Ping | Sai | d)Sai |
'C
A B
a) Sai.
sinACB=£=£:§:>ACBz36,87°
BC 20 5
b) Dung.
AB 3

Ta cod: cosABC =——=—
BC 5

BABC = @\.\B_C".cos(ﬁ,za—c) - 12.20% — 144
¢) Sai.

Ta c6: AB* + AC* = BC* :AC:16:cosACB:;—S:%

BC.C=~CB.CA =~ |CB|CA.cos CB, C) =-20.16.5 =256
d) Sai.

AB.BC + BC.CA+CA.AB =—BA.BC + BC.CA— AC.AB = —144—256—0=—400

Céau 10: Cho tam giac ABC déu c6 canh a, M 1a trung diém cia BC. Goi G la trong tAm tam giac
ABC.

a) GA+GB+GC =0.
b) AB+ AC =AM .
c) ‘E+TC‘=2¢1.
d) (E+E).ﬁzo.

Loi giai

| a)ybing | b)Sai | ¢Sai | d)Ding
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b | 0

A

-

B M C

a) Pung

Do G la trong tdm tam giac ABC nén GA+GB+GC =0.

b) Sai

Vi M 1a trung diém ciia BC nén AB+AC=2A4M .

¢) Sai

Vi AM 1a dudng trung tuyén ctia tam giac déu ABC nén AM | BC .

a3

Tam giac ABM vudng tai M , do d6 AM = AB.sin ABM = a.sin 60° = -

Suy ra | 4B+ AC|=[24M|=24M = a3
d) Dung
Ta c6 (A—B+I?).B—C=2W.B—C=o (Vi AM 1 BC).

Cau 11: Cho hinh vudéng ABCDc6 AB=a.Goi E, F 1an luot 1a trung diém cua ABva BC.

a) E:—%Zé.

b)ﬁzD—C+%E.
B
¢) |DE|=—.
) [PE|==

4

d) cosEDF:E.

Loi giai

| a)Sai | b)Sai | ¢Sai | d)Ping
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A E B
F
D C

a) Sai, vi AE; AB cung hudéng va AE=%AB nén AE =%E.
b) Sai, vi DF = DC-+CF = DC+-- D = DC~—. 4D,

2
¢) Sai. Xét tam gidc ADE vudng tai Acdé DE =N DA’ + AE® =, /az +% = #.

Suy ra |DE|=DE =

2 2
d) Piing. Xét tam gidc BEF vudng tai Bcd EF =< EB’ + BF> = ,/% +% -
a\/_ a5 a2

Tam giac DEF ¢6 DE =——; DF = 5 s EF = 5 Ap dung dinh 1y cosin ta co:
5a° N 5a° 2a2
2 2 2
cosEDF:DE +DF" —EF” _ 4 4 :i
2.DE.DF 5 a5 a«/_ 5
2 2

Céu 12: Cho hinh vuéng ABCD c6 canh a. Goi O la tim hinh vudéng va M 1a trung diém canh BC.
Céc khang dinh sau dung hay sai?
a) AB.AD=0.
] —
b) AM =AB—§AD.
]
) AO:EAB+AD.

2
d) AM .AO =3%.

Loi giai
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| a)Ping | b)Sai | «Sai | d)Ding |
A B
@ o N
D O
Ta co

a) Pung. Vi 4B L AD= AB-AD=0.
[N D [ e g —
b) Sai. Vi AM=—(AB+AC)=—(2AB+AD)=AB+—AD.
2 2 2
C = 1 ——
¢) Sai. Vi 40 = —(AB+AD).
2
d) bung.Ta c6
— — 1/ N B
AM-AO=—(AB+AC)-AO=—(AB~AO+AC-AO)
2 2

:%(AB-AO-%+AC-AO}:%(Waf-%+a«/§- 2

_3a
4

Céu 13: Cho hinh vuéng ABCD c¢6 AB=a.Goi E, F lan luot 14 trung diém cia AB va BC.

2
2

b) ﬁ:ﬁw%ﬂ).
c) ‘ﬁ:‘=£
2
4
d) cosEDF:§.

Loi giai

| a)Sai | b)Sai | ¢oSai | d)Ping
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ks L el
A E B
F
D C

a) Sai. Taco AF :%AB (E 1a trung diém AB). Hai vecto AE, AB cing hudng

. 14,
= AE =—AB.

2

b) Sai. Tacé F la trung diém BC

S [ S D [ Sy (S (—
:>DB+DC:2DF@DF:—(DB+DC):—(DA+DC+DC):—(2DC—AD):DC——AD

2 2 2 2

¢) Sai. Xét ADAE vuong tai A :

2
DE® = AD* + AE* = DE =\ AD* + AE* = au(%) =§a,

‘ﬁ‘ =DE =§a , khong phai ‘ﬁ‘ = g .
d) Pung. Ta c6 cos EDF = ﬂ
|DE| |[DF|

V5

Tacé DE=DF (ADAE = ADCF) = |DE]| =‘ﬁ‘=75a.

——= DA+DB DC+DB _ DA.DC + DA.DB+DB.DC + DB

. Eﬁl.ﬁ+ﬁ(ﬁ4+i€)+ﬁz
DE.DF = =
2 2 4 4

_ 0+DB +DB 2DB

4 4

— 2 _2
Ma DB = ‘DB‘ — DB*> =DC?+ BC*=24".

— DE.DF =a*. Vay cos EDF = = -

DE.DF a’ f
‘FEHﬁ 5

Cau 14: Cho hinh chir nhat ABCD tam O ¢6 AB=4, BC =3.
a) ‘Eu?c\:f
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b | 0

b) ‘m+FC‘:5.

¢) MA+MB+MC+MD=4MO ,véi M l1a diém bat ky.

d) AB.AC=16.
Loi giai
| a)Sai | b)Ping | o) Ping | d)Ping
4 4 B
[
3
D C
a) SAI

Taco [AB+BC|=|AC|= AC =4 +3* =5.
b) PUNG

Ta ¢6 | DA+ DC|=|DB|= DB = AC=5.

¢) PUNG

_ —

Tacé O la trung diém cua AC va BD nén (TA+R”:6, OB+0D=0.
Khi do6

:4.VO+(54+7C)+(@+OT)):4.FO
d) PUNG

Tacé AB.AC = \ﬁ\.\%\.cos(ﬁ,ﬁ) _ AB.AC.cos BAC = ABAC.2E _ 48> 16
AC

Céu 15: Cho hinh vuéng ABCD tam O, c6 canh a. Biét A 1a trung diém ciia 4B, G 14 trong tAm tam

gidc ADM .
a) AB-CA=d
b) AM-AC:?

2
a

c) E.ED+OW-E:7

d) (4B + AD)(BD + BC) = a°

Loi giai

| a)Sai | b)Sai | o Ping | d)Ping
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i
A D
e —
M
O
B C

a) Sai.
D¢ dai duong chéo hinh vuong ABCD canh a 18 AC=BD =+a’ +a’ = av2.
Taco: AB-CA=—-AB-AC =—| AB|-| AC |-cos(4B, AC)

=—AB-AC -cosBAC =—a-a2 -cosd5 =—

b) Sai.
AM - AC = AM |-| AC | -cos(AM , AC)

:AM-AC-cosCAM:%-a 2.cosd5 =L

AD-BD+OM - AC = DA- DB+;m-A—c:|m|.|ﬁ§|.cos(m,D_B’)—%E.A_c’

=DA~DB~COSADB—%AD~AC-COSCAD

=a-a~?2 -cosds5 —%a-aﬁ-cos%o =a’ —%az :%az.

d) Dung.
Tacé AB+AD=AC (quy tac hinh binh hanh).

Do d6: (4B + AD)(BD + BC) = AC(BD + BC)

= AC-BD+AC-BC=CA-CB =|CA|-|CB|cos ACB = a-a~2 cos45 =a’
[ ——

0
(Trong @6 AC-BD=0 vi AC LBD ).

Cau 16: Cho tam giadc ABC c6cd AC = 42, AB=6,BAC =45 . Goi D la trung diém ctia doan thang
BC.Diém E thoa man AE =k AB(k € R) (Hinh v&).
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A

c B
D
a) AB-AC=20.
—_— ]l — 1 —
b) AD=—AB+-AC.
27 2
¢) BC=35.
14
d) AD L. CE khi k= .
Loi gidi
| a)Sai | b)Ping | ¢Sai | d)Ping
A

a) Sai

Ta co:

AB-AC = AB- AC-cos A= 6.42 - cos 45" =24.
. b) Ding

Tacé:A—B+I?:2E:>E:%A—B+%R.

¢) Sai
Ta c6: BC = AC— AB.
Ma BC =(AC—AB) = AC —2AC-AB+ AB =(4y2)*~2-24+6* =20 = BC =25 .
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-‘?..—

d) Dung

Tacé: CE = AE— AC =kAB— AC.
T do, ta co: E-@:%(E+E)-(kﬁ—ﬁ)

8 70

kAB +kAB-AC—-AB-AC - AC) ;[62-k+24k—24—(4\/§)2]=30k—28.

Khi d6: ADLCE@E-@:OcﬂOk—ZS:O@k:%.

Céu 17: Cho hinh vudéng ABCD tam O canh a. Goi M 1a trung diém 4B, G 1a trong tAm tam giac

ADM .

a) ABCA=d".

b) AM.AC:?
C)EEJFWA—C—%

d) (E+E)(E)+l?c) =a’

Loi gidi
| @)Sai | b)Sai | c¢Ping | d)Ping
A M B
G
O
D c

Xét tam gidc ABC vudng tai B c6: AC* = AB* + BC* (dinh ly Pythagore).
Suy ra AC? =a* +d* =24° :>AC=a\/§.

Do ABCD la hinh vuong nén ta c6 AC=BD=av2 va AC L BD.

a) Sai.

Ta cd: AB.CA= ‘EH@‘.COS(E,@) =a.a\2.cosl135°=—

b) Sai.

2

Ta co: AM.AC = ‘WHE‘COS(W,R) = %.a 2.cos45°=—
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¢) Dbung.

Ta co:
AD.BD+ OM.AC = | 4D |BD|.cos (4D, BD) + [0M|.[ AC] cos (03, 4C)
_ aa3.cos45°+ & an2.cos1350 = L
2 2
d) Duing.
Ta co:

(E+E).(ﬁ)+%) - R’.(@+R’) -~ AC.BD+ AC.BC = \E\.\Rj\.cos(%,?c)

=a2.a.cos45°=a* (AC.BD=0 vi AC L BD).
Cau 18: Cho tam gidc ABC vuongtai A ¢c6 AB=a,BC=2a.
a) ACB =60°

b) BA-BC=d’
c) BC-CA=3d".
d) AB-BC+BC-CA+CA- AB =44

Loi giai

| a)Sai | b)Ping | «¢)Sai | d)Ding |

a) Sai

Xét tam gidc vuong ABC: AC =~BC> - AB* = \/(2a)2 —a® =a3,

cosABCzﬁzi:l
BC 2a 2

= ABC =60 = ACB=30".
b) Pung
—_—— — 1
Ta co: BA~BC=|BA|-|BC|~cos(BA,BC):BA~BC-COSABC:a~2a-5:a2
¢) Sai
Tacé: BC-CA=-CB-CA=—|CB|-|CA|cos ACB
:—CB-CA-cos30°:—Za-a\/g-g:—?aaz.
d) bung
Vi tam giac ABC vuodng tai A nén CA-AB=0.

Tacé: AB-BC =—a*,BC-CA=-3d".
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Suy ra AB-BC+BC-CA+CA-AB =—a*>-3a* =—4a".

Cau 19: Cho hinh vudéng ABCD tam O canh a. Goi M va N lan luot 12 trung diém cua AD, AB.
a) AOCA=d".

2

b) C—M.A—D:—%.

¢) CM L DN.

d) Tap hop diém K théoa man KA> + KD? + KC? =10a® 1a mot duong tron.

Loi gidi
‘ a) Sai ‘ b) Dung ‘ c) Dung ‘ d) Ping ‘
A M D
G
N O
B C
a) Sai
Taco AC=+a*+da* =a2.
AO0.CA=—A0.AC =—A0.AC.cos0’ = — ““f a2 =—d*.

b) Dung

CM .AD = (W — R‘).E =AM AD - AC.AD = AM .AD.cos 0° — AC.AD.cos 45"

¢) Pung
CHi.DN =AM ~ 4C) (4N~ 4D) = 4D~ 46~ 4D | 3 4B 4D |

_(Yap-aB\ (L aB_ap\=—LapaB+ L ap* L up + 4B AD
2 2 4 2 2
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b | 0

= —%AD,AB,cos9OO +%a2 —%az + AB.AD.cos90° =0

Do dé CM L DN .
d) Puing

Goi G la trong tam tam giac ADC . Ta c6

372 2 3

GA=GC:\/W=\/(1 @T{&T =@;

a2 a2
2

Gp=20p=2
3 3
Do d6 KA* + KD + KC* =104° @(FG+@')2 +(1<T;+@)2 +(1<7;+@)2 ~104° .

& 3KG? +GA +GD* +GC? +2E’.(@+@+G—c) —104>

2 2 2
@3KGZ+53 £ 24 02106 = KG = “§6a.
Suy ra tip hop diém K thoa man KA+ KD’ +KC? =104> 1a dudng tron tim G ban kinh
.26
bang Eu

Cau 20: Cho hinh thang ABCD vuéng tai Ava D.Biét AD=AB=a,DC =2a.

a) AB.AD=d’
b) AB.BD =—d’
c) AC.BD =3d’
d) Goi 7, J 1an luot 1a trung diém cia AB,CD . Khi d6 AC.LJ =24°
Loi giai
| a)Sai | b)Ping | ¢Sai | d)Ding
[
A r B
5 » C
]
a) Sai.

Tam gidc ABD vudng can tai A4 .nén AB1 AD=> AB.AD=0
b) Ding.
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Vi tam gidc ABD vuong can tai 4 nén BD = a\/i

AB.BD =—-BA.BD = —@‘Bj‘ .COS (ﬂ,@) =—a.a\/2 cos (450) =—a’
¢) Sai.

AC.BD = (AD + DC).(AD - AB) = AD" — AD.AB+ DC.AD - DC.AB

—AD?* —0+0—-2AB.AB = AD* —2AB* = —4*
d) Dung.

AC.1J =(AD + DC).(IAd+ AD + DJ) = AD.IA+ AD" + AD.DJ + DC.IA+ DC.AD + DC.DJ
=0+d’ +0—2E.GATB)+FC.GRJ=O+M +0-a’+0+24* =24°

Ciau 21: Cho tam giac déu ABC c6 canh a,G 1a trong tam.

2

a) AB-AC=2.

2
b) AG-AC =—.

4
c) AGB=120°.
d) GA-GB=—.

6

Loi gidi
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘

a) Dung.

E-Ez‘ﬁ‘~‘ﬁ‘-cos(@,ﬁ)=AB-AC~cos60°=%a2
b) Sai.
E-E=‘E‘-‘E‘-COS(E,TC>=AG-AC-COS30°=%a2

¢) Pung.
Tam giac AGB c¢6 GAB =GBA=30°= AGB=120°.

d) Sai.

2
a

a3 a cos120°=——.
6

@~@=GA~GB-cosAGB=T.

3
3
Cau 22: Cho hinh thang ABCD vuéng tai 4 va B. Biét AD =a,BC =3a, AB =2a. Khi d6 céc khing

dinh sau ding hay sai?
a) AB.AD =0
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Cau 23:
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b) AB.CA=44".

. -2 —_—
0) ‘AC—BD‘ = AC* + BD* —2AC.BD

d) Tap hop diém M thoa man (m +MB).(MC + MD) =0 1a dudng tron ban kinh PI , véi
P, I lan luot 1a trung diém cta AB,CD

Loi giai

| ayPing | b)Sai | obing | d)Sai |

a) Dung.

AB 1| AD => AB.AD =05
b) Sai.

AB.CA=—-AB.AC =—AB.AC.cos BAC = —2a.AC.j—g = —44°

¢) bing.
\E’—E)r _ (/ch—ﬁ))z — AC?+BD? —2ACBD

d) Sai.

(m +MB).(MC+MD) —0 < 2MP2MI =0 < MP.MI =0

Néu M khong tring véi P va [ thi MP.MI =0 <> MP 1 MI nén M thudc dudng tron dudng
kinh PI .

Néu M tring v&i P hodc [ thi hién nhién M thudc duong tron duong kinh PI

Vay tap hop diém M thoa man (m + MB).(MC + MD) =0 12 dudng tron duong kinh PI .

Cho hinh vuéng ABCD canh ¢, G 14 trong tAm tam giac ABC . Xét tinh ding-sai ctia mdi ménh

dé sau:
a) AC.BD=0

—2
b) AC” =4’
¢) AC.DC =-a*
d) AG.AD="-

3
Loi giai
| a)ybing | b)Sai | ¢o©Sai | d)Ping
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A B
G
M
D C
a) Dung.

AC 1. BD=> AC.BD=0
b) Sai.

AC” = AC? = (a2)? =24
¢) Sai.

V2_ o,

AC.DC = AC.AB = AC.AB.cos45" =a 2.a.7 —a

d) Dung.

Taco TG:%W:% %(AB+AC)_—(AB+AC)

Suy ra: AG.AD = %@ + AC).AD = %@:@ + ACAD)

1 1 NI

=O+§.AC.AD.cos45°=§a 2.a.7=?
Cau 24: Cho AABC vuong cantai 4, AB=4.
a)/TB.TCzO.
b) AB.BC =16+2.
¢) AC.BC =16.
d)(@+I‘).R’:O.
Loi giai
| a)Ping | b)Sai | c)Ping | d)Ping |
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Cau 25:

Cau 26:
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A c
a) bung: vi AABC vuong tai 4.

b)Sai: Ta co: AB.BC = -BA.BC = —‘ﬂ‘.‘%‘.cos(ﬁ,ﬁ?) = —4.4@.% =-16.

OPting. AC.BC = CCE =[Cil OB cos(CA.CB) = .47 2 - 16

d)Pung. Tur cau b,c suy ra.
Cho hinh vuéng ABCDc6 canh bang a, tim O.
a) CA=20C.
b) 040C =2 0AAC.
¢) Goc giira hai véc to (E,ﬁ) =120°.
d) AB.BD=-a".
Loi giai

| a)Sai | b)Piung | ¢)Sai | d)Ping |

a) Sai: Taco CA=20C, ma CA,0C 132 véc to nguoc huéng nén CA=-20C.

b) Piing:Vi OA.0C =0,04.AC = 0= OAOC = %O—AE
¢) Sai: Dung TE’HE:(Z&,E):(E,E):BSO.

d) Ding: AB.BD = AB.BD.cos135° = a.aﬁ.[%} =—d’.
Cho tam giac ABC déu canh a, tim O. Goi E trung diém cua BC
a) Goc gitra hai vecto 4B va AC bang 60°.
b) Goéc gitra hai vecto CO va CA4 bang150°.
— N 2
¢) Tich v6 hudng cua hai vecto 4B va BC béng% .
d) Tich v6 hudng cta (@ + %)(E - R) bang a’.

Loi gidi
| a)Ping | b)Sai | ©)Sai | d)Sai |

20 | Th.s Lé Viét (GV toan THPT Thing Long, Ha Ni) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



@Eé&;@y Trung tim BDVH Unix Thing Long - Website: trungtamunix.edu.vn - zalo: 0835.221183

{3‘1 ; A A oA 4 . r e y N A
E "ffgﬁ Thay Lé Viét — Tw duy Kién tao — Giup em gioi toan, Cung em chon nghé
ks L el
A
B E C

a) Bung:Goc gilra hai vecto AB va AC 1a goc BAC =60°.
b) Sai: Goc gitra hai vecto CO va CA lala goc COA=30° (do C'O 1a phan giac cua goc
BCA)

AB.BC = —~BA.BC — BA.BC.cos 60" = —a.a.l = —é
¢) Sai: Ta co 2 2
d) Sai:Ta co @+%=2@, A—B—A—C=@;
Do dé (FB + %)(/TB - E) = Z@FB = 2‘0@‘.‘6@‘&03(0@,@)
=2.0E.CBcos90° =0.

Cau 27: Cho tam gidc ABC vuongtai Acd6 AB=a,BC=2a.
a) AB.AC=0
b) Goc giita hai véc to BA va BC bang 30°.
) BC.AC =34
d) AB.BC +BC.CA+CA.AB = —4a’ )
Loi giai
‘ a) biang ‘ b) Pung ‘ ¢) Sai ‘ d) Puing ‘

a) bung: AB.AC=0 (vi AB L AC).

b) Pung: Ta co cos(ﬂ,ﬁ’) =cos ABC = 2i = % Do @6 (EZI,B—C) =60".
a

¢) Sai:Ta co BC.CA=—-CB.CA= —‘@.Ha‘cos(@,a)
Theo dinh Iy Pitago ta c6 CA =4/(2a)’ —a* = a3
(@,@) = ACB =90-60=30

Suy ra BC.CA= —a\J3.2a.c0830° = 34> .
d) bang: 4BC vuéng tai Anén CA.AB=0.
Tacé AB.BC = —az,ﬁ.a =-3a’
Suy ra AB.BC + BC.CA+CA.AB =—44d’
Céu 28: Cho tam giac 4BC vudngtai 4 c6 B=30°,4C=2.Goi M la trung diém cia BC .
a) AC.AB=0
b) BC.BA=12
c) BCCA=4
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d) AM.BM =-2
Loi giai

| a)Ping | b)Ping | ¢)Sai | d)Ping |

C

4l 30N B

a)Pung. Ta c6: Tam giac 4ABC vudng tai 4 nén AC.AB=0.
AC
sin30°

b) Ping.Ta c6: BC = =4; AB= AC.cot30° = 243

Vay BC.BA=BC.BA.cos30° = 4.2@.? =12
¢) Sai.Ta c6: (@,@) = ACB = 60" = (R‘,@) =180° —(C—B,@) =180° - 60° =120°

Vay BC.CA=BC.CA.cos( BC,CA) =4.2.c0s120° = -4

d)biing.

Ta c6: AM.BM = (AB+BM).BM = AB.BM +BM

BC = ,A;)O —4: AB = AC.cot30° = 23;:BM =2 = BM =4
Sin

AB.BM =2+/3.2.c08150°=~6.Viy AM.BM = AB.BM +BM =—6+4=-2
Céu 29: Cho hinh thoi 4BCD c6 canh bang 3 va gbc B bang 60°.
a) (BA,BC) =60

b)DA-DC =3

¢)(BC,DC) =30°

d)@-A—)}?:—%
Loi gii

| a)Ping | b)Sai | ¢)Sai | d)Ping |
A B
0
D c

a) Pung. (BA,BC)= ABC =60

b) Sai. DA-DC = DA-DC-cos ADC =3-3-cos 60 =%
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-‘?..—

¢) Sai. (H:,FC):(@,CT)):BCDZUJ.
d) Bing. (OD, 4B)=(0D,DC)=180° ~(DO,DC) =150".

2 0558

OD-AB=0D-AB-cos150 ==>.Y2 .
2 2 2 8

Cau 30: Cho hinh chit nhat ABCD, AB =4a, AD =3a . Goi M latrung diém cua AB,G la trong tm tam
giac ACM (Hinh).

A M B
G
D C
a) CM = BA~3BC
3— 11—
b) BG==>BA+-BC.
2 3
c)ﬁ-ﬂzo
b) BG-CM =—
Loi giai
| a) Sai ‘ b) Sai | ¢) Pung ‘ d) Sai ‘

Ta c6: c—M:m_Fcz%ﬁ_ﬁ

Vi G la trong tam cua tam giac ACM nén

3%:§1+W+B_c'=ﬂ+%ﬂ+%=%ﬁ+%:>ﬁ=%ﬂ+%ﬁ.

Vi ABCD 14 hinh chit nhat nén BC = AD =3a,BC-BA=0.

Ta co: ﬁ@:@%%g—c}emﬁ;}im 1Bipc-15c
1 1 1

= Z(4a)2 —5'461'361—5(361)2 =-3a’

Céu 31: Cho hinh vudéng ABCD canh a . Lay E 1a trung diém cta BC, diém F thoa man BF = %ﬁ

D C
E
A B

2) TE=A—B+%E
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b | 0

b) AF =~ AB+2> AD.
PR

¢) EF == AB+L AD.
4 4
d) Tam giac AEF vudng can.
Loi gidi
| ayDing | b)Sai | ¢)Ding | d)Ding |

Ta c6: TE:@+FEZE+§§;:@+%@.

E’::E+ﬁ:£+%ﬁ:ﬁ+%(ﬁ_fé):iﬁ+%ﬁ

EF=aF-ab=|LaB+3ap |-l aB+Lap |= 2 a5+ L ap.
4 4 2 4 4
oo (1= 3=\ (3-—5 11—
Tacd: AF-EF =| —AB+—AD |-| — AB+—AD
4 4 4 4

3—2 ] — — 3 —

=—AB —-—AB-AD+—AD =0= AF | EF.
16 2 16

2
Taco: AF" =| Y AB+2AD| = L 4B 12 AB-AD+ 2 AD" =2 4B
4 4 8 16 8

2
—2 -3 — — —2 —_— —2 —2
EF = —3AB+1AD = 2AB —EAB~AD+LAD = éAB )
4 4 16 8 16 8
= AF* = EF* :gﬁz = AF = EF . Viy tam gidc AEF vudng cin tai F .
Chu ¥: Ta c6 thé ching minh tam gidc 4EF vudng bang dinh li Pythagore.
Cau 32: Cho tam giac ABC c6cd AB = 43/2,4C =6,BAC =45°. Goi D la trung diém ciia doan thing
BC.Piém E thod man AE =k AC(k € R) (Hinh).

4
B 5 C
a) AB-AC =20
b) TD:EE+%E
¢) BC=35
d) AD | BE khikz%.
Loi gii

| 2)Sai | b)Pung | o) Sai | d)Ping |
a) Ta co: E'EZAB'AC'COSA=4\/§'6'COS450 =24.
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b | 0

b) Ta co: B—C:AC—AB,AD:%E+%E.

Khi dé:

—2 _ — —2 _ —— —2

BC =(AC-AB)=AC -2AC-AB+AB =62—2-24+(4\/§)2:20
— BC = 24/5.

—2 (11— 1-—=Y 12 o —— —2

AD =|=AB+—AC :—(AB +2AB-AC+AC)

2 2 4

:i[(4\/5)2+2-24+62}:29:>AD:\/5.

c) Ta co: BE=AE-AB=kAC—AB. Tur do, ta co:

E.B—E:%@m—cyu@_ﬁ)

:%(kAB-ACJrkAC _AB —AB-AC):%[241<+62 k=42 —24}

=30k —28.

Khi dé ADLBE@E-EZ:O<:>30k—28:O<:>k:%.

Céu 33: Cho hinh thoi ABCD c6 canh bang 2 va goc B bang 60°.

a) (4B, AC) =60’

b) (4B, DA) =30°

c) DA-DC =3

d) OB-BA=-3
Loi gidi

‘ a) buang ‘ b) Sai ‘ ¢) Sai ‘ d) Puing ‘

A B

D C
Xét hinh thoi ABCD ¢6 ABC =60" = BAD =120 ; tam giac ABC c6

AB=BC=2,ABC =60 = AABC déu canh 2:>OB=¥= 3.

Ta co: (AB, AC) = BAC = 60°,(AB,DA) = 180" —(AB, AD) = 180" — BAD = 180" —120" = 60"
Ta co: w-ﬁ’=|m|-|R’|cos(m,lf)=DA-DC~cosADC=2~2~cos60° =2;

5

079~§x=-?0~§1=—|§)|~|ﬁ|-cosABo=—Bo-BA-cos3o°=—\/§~2-73=—3.
Cau 34: Cho tam giac ABC vuongtai 4 c6 AB=a,BC=2a.

a) ACB =60°

b) BA-BC=d’

c) BC-CA=3d".
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b | 0

—_— —_— _—

b) AB-BC+BC-CA+CA- AB =—4d’
Loi gidi
| a)Dung | b)Ping | c¢)Sai | d)Ping |

AB
Xét tam gidc vuong ABC: AC =~/BC? — AB® = \/(2a)2 —a* =af3, cos ABC = BC- 2i =

— ABC =60" = ACB=30".

Ta c6: ﬂ-ﬁ?:yﬂy-yBT?y-cos@i,ﬁ)=BA-Bc-cosABC=a-2a%=a2.
Tacd: BC-CA=-CB-CA=—|CB|-|CA|cos ACB
:—CB-CA~cos30°:—2a-a\/§-§=—3a2.

Vi tam giac ABC vuodng tai 4 nén CA-AB=0.
Tacod: AB-BC =—a’,BC-CA=-3a".
Suy ra AB-BC+BC-CA+CA-AB=-a*-3a* =—4d".
Cau 35: Cho hinh vuéng ABCD tam O, c6 canh g . Biét M 1a trung diém cia 4B, G 1a trong tAm tam

giac ADM .
a) AB-CA=d"

2
b) AM—ACz%

2
a

¢) AD-BD+0M -AC ="

d) (4B + AD)BD+BC)=a’

Loi gidi
| a)Sai | b)Sai | ¢ Ping | d)Ping |
A D
5 -
M
©)
B C

D¢ dai duong chéo hinh vudng ABCD canh a 1a AC=BD =+a*+a* =a-2 .
Tacd: AB-CA=—-AB-AC =—| AB|-| AC |-cos(AB, AC)
=—AB-AC-cosBAC = —a-a\2 -cos45 =-a’

AM - AC =l AM 1-1 AC | -cos(AM, AC)

2

:AM-AC-cosCAMzg-a 2 -cos45 :%.

Ta co: @.@+m.ﬁ:mm+%mﬁzm.\m.cosmﬁ)_%ﬁﬁ
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Cau 37:
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:DA-DB-cosADB—%AD-AC-cosCAD

=a-av2-cos45 —la-a\/g-cos45° —o-toly
2 2 2

Tacd AB+AD=AC (quy tic hinh binh hanh).

Do d6: (4B + AD)(BD + BC)= AC(BD + BC)

= AC-BD+AC-BC=CA-CB=CAl-ICBlcos ACB = a-av2 cos45 = a’
0

(trong do AC-BD=0 vi AC L BD ).

Cho hinh vudéng ABCD tim O, canh bing a .

a) A—B-ZY?:Zaz;
b) AB-OC =a’;
c) CA-0C =-
d) (4B + AD)-(BC + BD) = a°
Loi giai
‘ a) Sai ‘ b) Sai ‘ ¢) bing ‘ d) Ping ‘

a) Do AB,DC cung hudng nén (4B,DC)=0".
Suy ra: AB-DC = AB-DC -cos(AB,DC) =a-a-cos0 =d’.
b) Hai vecto 40,0C cung huéng, do 46 (4B,0C) =(AB, AO) = BAO =45
. "
2 2

Tacd: AB-OC = AB-OC -cos(AB,0C) =a .cos45” =

¢) Hai vecto C4,0C ngugc huéng, do 6 (CA,0C)=180".

aﬁ

Suy ra CA-OC = CA-OC -cos(CA,0C) = a2 - -cos180" = —

d) Ta co: (4B + AD)-(BC+BD)= AC- (BC+BD) AC-BC+ AC-BD = CA-CB (trong d6
AC L BD= AC-BD=0).
Ta co: a-@:]al-\c_ﬁ]-cos(a,@):CA-CB-cosACBzax/z-a-cos45°zaz.
Vay (4B + AD)-(BC + BD) =a’.
Cho hinh thang ABCD vuéng tai 4 va B, biét AD=a,BC =3a va canh AB=2a.
a) AB-BD=-44
b) BC-BD =24’
c) AC-BD=-24"
d) Goi 7, 1an lugt 1a trung diém ctia AB,CD . Khi d6 AC-1J =64’
Loi giai
| a)Ping | b)Sai | ¢ Sai | d)Ping |
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i
A, a D
2a J
11
B 3a C

a) Tinh AB-BD. Ta c6: E@zﬁ(ﬂ+@)zﬁﬂ+ﬁ@
0
_AB-BA=-AB =—-AB® = —4d’.
b) Tinh BC-BD. Ta c6: BC-BD = BC-BD-cos(BC, BD) = BC-BD-cos DBC
AD \
=BC-BD-cosBDA=BC-BD-——=BC-AD =3d".
BD
(trong d6 DBC = BDA vi la hai goc so le trong).
¢) Tinh AC-BD.
Tacd: AC-BD =(AB+ BC)(BA+ AD)= AB-BA+ AB- AD + BC - BA+ BC - AD
—2
=—AB +0+0+BC-AD-cos0° =—AB*+3a-a-1=—(2a)* +3a° =—
d) Tinh AC-1J . Ta c6:
AC-1J=(AB+BC)-1J = AB-1J + BC-1J = BC-1J -cos0° =3a-2a-1=6a’.
—

0

Céu 38: Cho tam giac ABC déu c6 canh a, c6 trong tim G .
2

a) AB-AC=2
2
b) 4G A=~
4
¢) AGB=120°

2

c) E-?C=%

Loi giai
‘ a) Dung ‘ b) Sai ’ ¢) Pung ’ d) Sai ‘

a) AB-AC =| AB|-| AC|-cos(AB, AC) = AB- AC -cos60" = —

b) AG-AC =| AG|-| AC |-cos(AG, AC) = AG- AC -c0s30" = —

¢) Tam giac AGB ¢6 GAB=GBA=30"= AGB =120

a3a\/_ . a’

= GA-GB=GA-GB- COSAGB—T ——cos120 :_Z

Céiu 39: Cho tam giac ABC ¢6 AB=2a,AC =3a,BAC=60". Goi I la trung diém doan thing BC.
Piém J thudc doan AC théa man: 124J =7AC.
a) AB-AC =44’
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O SN J—

b) Al == AB+> AC
2 2

¢) BJ =—AB+-L 4C
12
d) AI L BJ
Loi giai
| a)Sai | b)Sai | ¢)Ding | d)Ding |
a) AB-AC = AB- ACcos BAC =2a-3a-cos60 =34

b) Do 7 la trung diém BC nén TI:%(E+R’):%@+%R‘
) BJ =BA+ A =B+ 4C

¢) Al -BJ =~ (4B +AC)| 4B+ AC |= L[ 4B’ + L AB-AC - 4B-AC+-_ AC’
2 12 2 12 12

21 —4a° +l-3a2 -3a° +l-9a2 =0
2 12 12
Vay Al 1. BJ
Cau 40: Cho hinh chit nhat ABCD c6 AB=2AD =2a . Goi E la trung diém canh A4B.
E
A B
D C

a) Goc gitra hai vecto 4B va AD 1a 90°.
b) Goc gitra hai vecto AE va EC 1a 135°.
¢) Tich vo huéng cia hai vecto DE va DC 1a 24>.

d) Tich v6 huéng cita hai vecto AC va EC 1a 54>.

Loi gii
| a)Ping | b)Sai | oPing | d)Sai |
E
A B
D C

a) Pung. AB va AD cb gia vuong gdc nén goc gitra hai vecto AB va AD 1a 90°.
b) Sai. Ta c6 AE = EB = (EE_C’) =(ﬁ,E—C):BEC.

ABEC vubdng can tai B ¢6 goc BEC = 45°. Do d6 goc giira hai vecto AE va EC bang 45°
¢) Pung. Cac AADE va ABEC déu la cac tam gidc vudng can c6 canh goc vudng bang a nén

DE =a\J2, EC=a\2 . Mat khéc: DC* =(2a)’ = DE* + EC* .
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NG

Suy ra ACDE vudng can tai £ ¢6 DE.DC = DE.DC.cos(D—E,D—C) = ax/i.2a.72 =2a’.

. _.\2 - . I,
d) Sai. Ta c6: (AC—EC) = AC>+ EC*~2AC.EC & AE = AC*+EC*~24CEC

AC* + EC* — AE?

< AC.EC =
2
2 2
. (a\/g) +(a\/5) —-a’
= AC.EC = 2 =3a’.
Céiu 41: Cho hinh thoi ABCD tdm O ¢6 AB=a, BAD =60°. Goi E 1a trung diém canh BC.
B
E
A
0 C
D
a) Goc gitra hai vecto 4B va AD la 60°.
. . 2
b) Tich v6 huéng cta hai vecto 40 va CA la —3%.
4, S 2
¢) Tich v6 huéng ciia hai veéto BO va DC Ia 2 f .
y . — az
d) Tich v0 hudéng cua hai vecto AE va EC la E
Loi gidi
| a)Ping | b)Ping | ¢)Sai | d)Ding |
B
E
A
0 C
D

a) Pung. AABD déu nén goc giira hai vecto 4B va AD 1a BAD = 60°.
b) Pung. Hai vecto A0 va CA nguoc hudng nén AO.CA=-A0.CA=-2A40

a\3

3a’

2
. —— 3
AABD déu canh a c6 duong cao AO:T .Dod6 A0.CA=-240" :—2.(a[j =

2
S JE—.

¢) Sai. Ta c6: BO.DC = BO.AB =—BO.BA = —%.a.cos 60° = —%

R —\2 _ —_—
d) Diing. Ta c6: (AE + EC) = AE>+ EC* +24E.EC < AC* = AE® + EC* +24E.EC
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' -*?.."E

————  AC* - AE*-EC?
< AEEC =
2
2 7a2

Taco AE® = AB> + BE* —2AB.BE.cos120°=a* + & —2.a.% cos120°0= 2%
4 2 4

2

AC? =342, EC? =%

AC?—AE*—EC® _a’

Do d6: AE.EC = —.
2 2
Cau 42: Cho tam giac ABC déu canh a, tim O. Goi E trung diém cta BC.
A
0
B E C

a) Goc giira hai vecto 4B va AC 1a 60°.
b) Goc gitra hai vecto CO va CA4 1a 150°.

2
c) Tich vo hudng cua hai vecto 4B va BC la %.

d) Tich vd hudng cia (O—B + O—C’)(E = R) bang 0.
Loi giai
‘ a) bang ‘ b) Sai ‘ ¢) Sai ‘ d) Puing ‘

a) Pung. Goc gitra hai vecto AB vi AC 1a goc BAC =60°.
b) Sai. Goc giira hai vecto COva CA lala goc COA=30°. Do CO 1a phan giac ctua goc

BCA.
- . - 2
¢) Sai. Taco AB.BC = -BA.BC — BA.BC.cos60°’ = —a.aé = —%
d) Pung. Ta co O—B+%’=20—E, E—E:C@;
Do d6 (O—B + %)(E —A—C) = QO—EC—B = Q‘O—E‘ (TB; .COS(O—E,C—B)

=2.0E.CBcos90° =0.
Cau 43: Cho hinh thang ABCD c6 day 1o6n BC = 3a, day nho AD = a, duong cao AB =2a. Goi [, H
1an Iuot 1a trung diém ciia CD, 4B va E 1a chan dudng vudng goc clia D trén canh BC.
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B E - . C
H 1
A D

a) Goc giita hai vecto DA va CB 1a 0°.
b) Goc giira hai vecto AB va DC la 45°.
¢) Tich v6 huéng cia hai vecto AC va BD 1a a>.
d) Géc giita hai vecto A7 va BD 1a 90°.
Loi giai
‘ a) bang ‘ b) DPung ‘ ¢) Sai ‘ d) bung ‘
a) Piing. DA va CB 14 hai vecto cung huéng nén goc gitta DA va CB 1a 0°.

b) Pung. Ta c6: AB = DE , do véy goc giita hai vecto AB va DC 1a goc gitra hai vecto DE va
DC
la goc EDC = 45°. Do tam giac EDC vudng can tai E.
¢) Sai. Ta co:
AC.BD = (B—c - ﬂ)(ﬁ - E) = BC.AD - BC.AB - BAAD + BAAB
— —
0 0

—_— — —2
= ‘BCHAD .cos0’ —AB = BC.AD — AB? = 3a.a — 4a° = —d*

(Vi BC L AB = BC.AB=0; BA L AD = BAAD =0).

d) Pung. Ta c6: HI 1a duong trung binh cua hinh thang ABCD, do d6 HI = AD+BC =2a

Cé AIBD = (E —ﬂ)(ﬁ —E) _ HIAD — HI.AB - HAAD + HAAB
— —
0 0
Ma HI.AD = HI.AD.cos0" = 2a.a = 24’
HIAB - O(do HI L E); HAAD = O(do HA L E).

1——.

HAAB = EBAAB = ——AB = —2a’

Vay AI.BD = 0= Al 1 BD = goc giira A7 va BD bang 90°.
Cau 44: Cho hinh vuong ABCD canh a. M 1a trung diém cua AB,G la trong tdm tam giac ADM nhu

hinh vé sau
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b | 0

A M B

L]
|G
D C
a) AB.AD=a".

b) Goc giira hai véc to AB va E)béng 45°,
) (E+E)(E+§T)=a2.

d) CG.(Ci+ D) = 21
Loi giai:
‘ a) Sai ‘ b) Sai ‘ ¢) bung ‘ d) Dung ‘
A M B
D C

a) AB.AD=0 (Vi AB L AD).
b) (E,B—D):BOO — ABD =180°—45°=135°,

¢) Theo quy tic hinh binh hanh ta co AB+ AD=AC
Do 6 (4B + AD)(BD+ BC) = AC.BD + 4C.BC = CACE =|CA[CB|cos 4CB
(4C.BD=0vi AC L BD)
Mat khac ACB =45° va theo dinh ly Pitago ta co:
AC=+d*+a* =a\2
Suy ra (E+E)(B_D'+E) =a.a\2cos45°=a’.
d) Vi G la trong tim tam gidc ADM nén CG =CD+CA+CM
Mit khéc theo quy tic hinh binh hanh va hé thirc trung diém ta c6 CA = —(TB + E) va
CM = - (CB+Cd) = - CB~(4B+ D) | =~ (4B+24D).
2 2 2
e — 5.
Suy ra CG=—AB—(AB+AD)—E(AB+2AD):— ~AB+24D |.

Tal 6 Ci+ DM =~( 4B+ AD) + AV 4D =-( $ 48+ 24D |
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i

. . . N . N 2
Nén CG.(CA+DM) :(gAB+2ADJ(%AB+2ADj :%ABz Lqqp? =29

Cau 45: Cho tam gidc ABC vuong tai Acd AB=a,BC=2a.
a) Tich v6 hudng AB.AC=0.
b) Goc gitta hai véc to BA va BC bang 30°.
¢) Tich v6 huéng BC.AC =34’.
d) Gia tri cta biéu thuc AB.BC+ BC.CA+ CA.AB =—4a".
Loi giai:
| a)Ping | b)Sai | ¢)Sai | d)Ping |
a) AB.AC=0 (vi AB L AC).

b) Ta co cos(ﬂ,ﬁi)=cosABC=%=%.

Do dé (BA, BC)=60°.

¢) Ta ¢ BC.CA =-CB.CA =~|CB||C4|cos(CB, C4)
Theo dinh ly Pitago ta c6 CA=1/(2a)" —a* =a+/3
(CB,CA) = ACB=90-60=30

Suy ra BC.CA=—a/3.2a.c0s30°=-3a’
d) Céach 1: Vi tam gidc ABC vudng tai A nén CA.AB =0 va tir cAu a ta cO
@R:—az BC.CA=-3d>

Suy ra AB.BC+BC.CA+CA.AB =—4a’
Céach 2: Tix AB+BC+CA=0 va hang dang thirc

(E+R?+C—A)2 — AB> + BC* + CA*> +2AB.BC + BC.CA+ CA.AB

Ta coABBC+BCCA+CAAB——%(AB2+BC2+CA2) —4q* .

Cau 46: Cho tam gidc ABC vuong tai 4 c6 AB=a, BC=2a va G latrong tam.
a) Tich vo huéng BA.BC c6 gia tri la o>
b) Géc gitra hai véc to BC,CA 1a 30°

b) Gi4 tri cua biéu thirc AB.BC+BC.CA+ CA.AB 1a —4d®

o o o 4d

¢) Gi4 tri cua biéu thitc GA.GB+ GB.GC +GC.GA 1a 5

Loi giai:
‘ a) Dung ‘ b) Sai ’ ¢) Pung ’ d) Sai ‘
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i

C

a) * Theo dinh nghia tich v6 hudng ta co
BA.BC = ‘QHB—C‘ cos(ﬂ,ﬁ') =2a’cos (EZI,B—C) .
< , = B a 1
Mait khac cos (BA,BC) =cosABC=—=—
2a 2
Nén BA.BC =d
b) cosABC = % — ABC =60 = ACB =30° = (BC,CA)=180" — ACB =150"

c¢) Cach 1: Vi tam gidc ABC vudng tai 4 nén CA.AB =0 va tir cAu a ta ¢6

AB.BC =—a*, BC.CA=-3a". Suyra AB.BC + BC.CA+CA.AB = —4d*
Céch 2: Tt AB+BC+CA=0 va hang dang thirc
(E+TC+@)2 = AB* + BC* + CA +2(ﬂ.ﬁ?+%.@ +C71.ﬂ?) Ta c6

AB.BC-+ BC.CA+ CAAB =~ (AB* + BC*+ C4*) = ~4a’

d) Tuong tu cach 2 cua cau c) vi GA+GB+GC =0 nén

GAGB+GB.GC+GC.GA=— ;(GA2+GBZ+GC2)

2 2 2
Cé GA2=(§I’HQJ =gm§;GBZ=(§mbj =gm§’GC2=(%mc) =ﬂmcz

+)GAGB+GBGC+GCGA——% g(m +m; +m)

__E(Z(b2 +c*)-a’ N 2(@’+c¢*)-b’ N 2@’ +b*) ¢’
9 4 4 4

_ 2
= —z.é.(a2 +b*+c%) = —l.(a2+3a2+4a2) _a
9 4 6 3

Cau 47: Goi G 1a trong tAm tam giac déu ABC c6 canh bang a.
2

a) TB.R=%.

).

b) AGBC=d".
2
¢) GA.GB = %
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2

— =5 a3
d) AG.AB = V3 .
2
Loi giai
| ayDing | b)Sai | ©Sai | d)Sai |

A

M
Goi M, N, P lan luot 1a trug diém ctia BC,CA, AB .

NE) 2 a3

Ta co: AMzBNzCPzaT, GA=GB=GC=2AM ==~

3
a) bung.
2
AB.AC = AB.AC.cos( 4B, AC) = a.a.cos 60° = % .
b) Sai.
Vi G 1a trong tdm tam giac déu ABC nén AG L BC.Suyra AG.BC=0.
¢) Sai.
2
GA.GB = GA.GB.cos(GA, GB) _av3 .&.COSIZOC’ [y
373 6
d) Sai.
2
AG.AB = AG.AB.cos( AG, AB) = #.a.cos 30°= % .
Cau 48: Cho hinh vuéng ABCD tam O, canh bang a.
a) ABOC =—.
2
b) AB.DC =CAOC..
) (E+E).(E+E):(TC—E).(2E—E).
d) (E+Z3+E).(ﬂ+ﬁ+ﬁ?)=0.
Loi giai
| ayPing | b)Sai | ¢)Sai | d)Ding |
A B
Q
D C
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b | 0

a) Ménh dé a) ding
Hai vecto TO, oC cung hudng, do do (ﬂ?, o—c) = (@, E) =450

av2 \2
2

2

N|QN

Ta c6: AB.OC = AB.OC.cos (ﬁ, &') =a.
b) Ménh dé b) sai

Do AB,DC cung hudng nén (E,R]) =0°.
Do d6: AB.DC = AB.DC. cos(A—B,D—C) —a?.

Hai vecto CA,0C nguoc huong, do do (@,&’) =180°.

Suy ra CA.OC = CA.OC.COS(@, &‘) =a2.2 22 (-1)= —a?.
Vay AB.DC =CA.OC 1a sai.

¢) Ménh dé c) sai. Ta c6

(E+A—D).(ﬁ‘+ﬁ) = 2A—0.(B—C+B—D) =2A40.BC+2A40.BD
=240.BC.cos(40,BC) (do 40 1 BC)

a2 2 _ 5

=2——a.—=ua

2 2
Va (E—E)(zﬁ—ﬁ)=ﬁ.(@+ﬁ)=?€.@+ﬁi@
i B3
2 72 27
Vay (E+E).(FG+E)=(E—E).(2E—E) 14 sai.

=a2+a.

d) Taco
(E+E+E).(ﬂ+ﬁ+i€) =4.40.4DO = 0.
Vay (E+E+E).(ﬂ+ﬁ+ﬁ’):om dung.
Ménh dé d) ding.

Céu 49: Cho hinh vudéng ABCD. Xét cac ménh dé sau.

2

a) cos(AC, BA) = >

b) sin(AC,BD)=0.
C) cos(ﬂi’, C—D) =—1.
d) (TO,OT):OO,(@,R*):BOO.
Loi giai
| a)Sai | b)Sai | ¢)Ping | d)Ding |
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o
n C

a) Ta c6: (E’,ﬂ):lsot(ﬁ,ﬁ)=180°—45°=135°

2

Vay cos(%,ﬂ) =cos135°= _T . Ménh d¢ a) sai.
b) Vi AC L BD nén (,Tc,ﬁ)) =90°.

Vay sin(A—c,ﬁ)) =5sin90° = 1. Ménh d2 b) sai.

¢) Vi AB,CD nguoc hudng nén (E,C—D) =180°.

Vay COS(E,C—D) =c0s180° =—1. Ménh dé c) diing.

d) Hai vecto 40,0C cung huéng, do do (A—0,0_C.) =0°

va hai vecto CA,OC nguoc huéng, do d6 (54, %) =180, Ménh dé d) ding.
Cau 50: Cho hinh vuéng ABCD tim O, canh bang 3.

a) ABAD=0.
b) AB.AC =9
c) AD.OB =9.
d) ABCD=0.
Loi giai
| ayPing | b)Ping | ©)Sai | d)Sai |
A B
o
D C

a) AB.AD=0 (do hai vecto nay vuong gbdc voi nhau)
b) AB.AC = AB.AC.cos(AB, AC) =3.3y/2.cos45° =9

¢) A—D.O—B:AD.OB.cosl35°:3.£. 2 __2,
2 2 2
d) AB.CD = AB.CD.cos180° =3.3.(-1)=-9.

Cau 51: Cho tam giac ABC vudngtai 4 c6 AB=a, AC= a3 va AM 1a trung tuyén.
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b | 0

B
M
A C
a) AB.AC =0.
2
b) BABC=".
2
¢) MAMB=d".
2
d) BAAM = —"7.
Loi giai
‘ a) bang ‘ b) Sai ‘ ¢) Sai ‘ d) bung ‘
a) Vi tam gidc ABC vudng tai 4 nén AB L AC.Do d6 AB.AC =0.

b) Ta ¢6 tan3=%=\/§.Dodé B=60°. Va BC=~AB*+ AC? =2a.

Ta ¢ BA.BC = BA.BC.cos ABC =a.2a.cos 60" = a°.
¢) Vi AM 1a trung tuyén nén AM = %BC =a ;
Do d6 AB =AM = BM =a < AABM déu.

2

Vay MA.MB = MA.MB.cos AMB = a.a.cos60° = % :

d) BAAM =—AB.AM = —AB.AM .cos BAM =—a.a.cos60° = —%.— —.

Ciu 52: Cho tam gidc ABC déu canh a, duong cao AH.

a) AH.BC =0.
b) AB.AC =d’.
2
¢) CHBC =%
2
2
dy AB.HA =%
Loi gidi
| ayPing | b)Sai | ¢)Sai | d)Ding |

a, Vi AH la duong cao cua tam giac ABC nén AH 1 BC

suy ra AH.BC =0 nén a) dung
2

b, AB.AC = AB.AC. cos(ﬁ; ﬁ) = a.a.cos60° = % nén b) sai.

2

¢. CH.BC = CH.BC.cos(CH.BC) = g.a.COSISOO = —% nén ¢) sai.
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b | 0

a\/g 3a*

d, AB.HA= AB.HA.cos(AB; HA) = a.TCOSISOO == nén d) ding.

Céu 53: Cho hinh vuéng ABCD canh a, dudng cao AH. Goi O 1a giao diém cua AC va BD

a) AB.BC=0.

b) E.E:az.
) AD.AC =a*.
d) ABCO=—d*.

Loi gidi
| a)Ping | b)Sai | oPing | d)Sai |

As Y

g ¢

a, Vi ABCD 1a hinh vuong nén nén AB 1 BC suy ra AB.BC =0 nén a) dung
b, Vi ABCD 1a hinh vuéng nén nén AC L BD suy ra AC.BD=0 nén b) sai.
¢, AD.AC = AD.AC.COS(E,E) = a.a~J2.c0s45° = 4 nén ¢) dung.

a\/z a’

d, AB.CO = AB.OA=—AB.A0 = —AB.AO.COS(E,E) = cd. .cos(45°) =——
2 2

nén d) sai.

Cau 54: Cho tzlm giac ABC ¢6 AB=7,AC=5,BC=8. D la diém thuoc doan BC sao cho tam giac
ACD cantai C. Goi M 1a trung diém cua doan thang DC va H 1a chan duong cao ké tir M
tdi canh AC. E la trung diém cia MH . P la chan duong phan giac trong ctia goc C.
a) CACB=20.
b) ACD =30°
) AE.DH =0

d) cp_ 403
13
Loi gidi
| a)Ding | b)Sai | oDing | d)Sai |
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- 1[—2 —2 2
CA.CBZE[CA +CB —(CA—CB) }:

a)

b CA.CB = CA.CB.cosC=5.8.cosC = cosC = % = ACD = 60"

¢) Ta c6: Tam gidc ACD can tai C va ACD = 60° nén Tam giac ACD gy,
Suy ra AM | DM.

Ta c6: 2AE.DH = (AH + AM).(DM + MH)

= AH.DM + AH MH + AM .DM + AM .MH .

=AH.DM + AM MH

= (AM + MH).DM + AM MH

— AM .DM + MH.DM + AM.MH

= MH (DM + AM)

= MH(AM + MC)

= MH.AC =0.
PA_CA 5 L qpj-spp

d)Taco: PB CB 8 .

:>8(C—A—C—P):5(C—P—@):13C—P:8C—A+5@

—169.CP? = 64.CA*> +2.8.5.CA.CB +25.CB>
—169.CP? = 64.25+80.20+25.64

_, cp> = 480
169
:>CP=%.

Céu 55: Cho tam giac ABC cantaidinh 4, c6 B=30° va BC =12.Goi I 1a trung diém cta canh BC

.Lay M la diém thudc doan BC sao cho MC =2MB .

a) AI.BC=0.

b) BA.AI =12.

¢) BABC=172.

d) MAMC =4.

Loi giai:
‘ a) Dung ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘
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-‘?..—

30°
B M I C

a) Ta c6 tam giac ABC can tai dinh 4 nén 4 L BC do g6 AI.BC=0

by BA-Al =—AB.AI =—AB.Alcos(4B. AI) __ 4p 41, % —_ur

AI Al

Tam gidc ABI c6 tan30° = = Al =23. Vay BA.AI =-12.

¢) Tam gidc ABI ¢6 Al =2~/3,BI =6nén AB =43 .

B

Vay BA.BC = BA.BC.cos30" = 4\/§.12.7 =72

MC =2MB = BM = lBC]\TC—gB—C
d) 3 3
e 2 1 2
Ta co MA.MCz(BA—BM).gBC (BA—SBCJ 3Bc

_23iBC-2BC
3 9

_2p- 212 =16
3 9
Vay MAMC =16,
Cau 56: Cho hinh thoi ABCD c6 canh bang a va 4 = 60°.
a) ACBD = a* \/_
2
b) AB.AD = —
2"
¢) ABCB =
2
d) ‘ﬂ + B—C‘ —a.
Loi giai:
| a)Sai | b)Ping | ¢)Sai | d)Ding |

4 B
60°

C
giii D
Do ABCD la hinh thoi nén AB=AD =a = AABD can tai A.
Ma A =60° nén AABD déu canh a. Suyra AB=AD=BD=a.
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b | 0

a) Do ABCD 13 hinh thoi nén AC L BD (o d6 ACBD =0.
2
AB.AD = AB.AD.cos 60° = .
b) Ta co 2

2
a

¢) Ta ¢6 AB.CB = BA.BC = AB.CB.cos120° = -
d) Taco ‘ﬂ+ﬁ?‘=‘@‘=a.

Céiu 57: Cho tam giac ABC vudng tai 4 c6 canh AB=3a, AC=4a. Goi I 14 trung diém cta canh BC .
a) AB.AC =124°.
b) Géc giira hai véc to AB va BC 16n hon 90°.
) AB.(BC+AC) =94’

d) Cosin cua goc gitra hai véc to Al va BC bang % .

Loi giai:
| a)Sai | b)Pung | ¢)Ping | d)Ping |
B
I
Al

C6 AB=3a, AC=4a AB=3a, AC =4a = BC =5a, Al = 57‘1

a) AB L AC = AB.AC=0.
b) (E,B—C):BOO—ABC. Goc ABC <90° = (E’,R‘)»OO.
¢) AB.(BC + AC) = 4B.BC + AB.AC = - BA.BC = ~|B| [BC| cos 4BC

= —3a.5a.E =-94°.
5

o A1BC =L (4B + AC)(4C— 48) = 1 (" - a8") T2
2 2 2

7a*

— —. AIBC 5, 7

= cos(AI,BC): ‘EH%‘ = 56125 :E
>

a

. . L ez 2
Cau 58: Cho tam gidc ABC vuong can tai 4c6 AB=a. Trén canh BClay diém [ sao cho Bl = EBC

a) BACA=0.
b) BABC = \/Eaz.
0) \ﬂ + R\ =5a
d) AI.BC = %la2
Loi giai

43 | Th.s Lé Viét (GV toan THPT Thiing Long, Ha Noi) — Chuyén gia Chién lwgc Gido duc va Sw nghiép



gl Trung tim BDVH Unix Thang Long - Website: trungtamunix.edu.vn - zalo: 0835.221183
B

5 q;'ﬁ'{ﬁ Thiy Lé Viét — Tw duy Kién tao — Giap em giéi toan, Ciing em chon nghé
| a)Ping | b)Sai | Sai | d)Sai |
B
(1
A d C

a) Vi AB 1 ACnén BA L CA=> BACA=0

N

b) BABC=[B|[BC.cos ABC =an2a 2 =a?,

Y Y. Y 2 2 2 2 2 B4, B
¢)|BA+BC[ =BA +2.BABC+BC =a’+2.4" +2a" =54" = |BA+ BC|=+5a.
d) Ta co z:A—c@:A—c%@:%@%A—c
ALBC = $ 4B+ 2 4C | (4 48) =S 48"+ 2a€ =L

373 3 3

Cau 59: Mot cong vién ven song dugc thiét ké theo hinh thang
ABCD v6i AB//CD . Ban quan Iy muén lip dit hai hé
thng voi phun nudc tai diém 4 va B dé phun nuéc |
racac vi tri C va D doc bo song sao cho tia nude tir
mdi voi phun s& tao thanh mot goc dic biét, giup tao |
canh quan dep nhat va tranh giao thoa tia nuéc.
Ban quan 1y can biét:

- Goc phun nudc ti wu dé hai voi phun khong giao thoa & gitra hinh thang.

- Didu kién dé hai tia nudc tir 4 dén C vatr B dén D vudng goc khi giao nhau tai diém O,
giup tao hiéu tmg ddc déo.

a) Goc phun nudc tir voi 4 dén C vatirvoi B dén D s&nho hon 90° dé hai tia nu6c khong
giao nhau qua gan.

b) D6 manh cua hai tia nudc tir voi phun tai 4 va B can dugc tinh bang tich vo hudng cia hai

vecto AC va BD dé dat khoang cach tdi uu.

c) Néu AC-BD =0 , hai tia nudc s€ vudng goc khi giao nhau tai 0, tao nén mot hiéu ung dep
mit tai giao diém

d) Bé dam bao hai tia nude tao thanh mot déng thirc dep mit giita cac vecto tir cac dinh cia
hinh thang, ta co: OAOD+0OB. OC =0.

Loi giai

| a)ybing | b)Sai | oPing | d)Ping

a) Ding.
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Hai tia nudc tir 4 va B néu tao goc nhd hon 90 thi s& dam bao khong giao nhau ¢ diém O
qua gan, giup duy tri khoang cach dep giita cac tia phun nude. Khi goc giita cac vecto AC va

BD nhé hon 90, hai tia phun nudc huéng vé phia nhau ma khong gip nhau qua sém.
b) Sai.

Tich vo hudng cua hai vecto AC va BD cho biét mirc d6 tuong ddng va goc giira hai hudng
phun. Tuy nhién, do manh cua tia nudc (ap luc nudc) khong phu thudc vao tich vo huong nay
ma chu yéu dya trén tbc d6 bom va kich thudc voi phun. Tich v6 hudng chi xac dinh do dai va
goc chir khong diéu chinh duoc "do manh" hay 4p luc cua nudc

¢) Pung.
Tich v6 hudng bang 0 c6 nghia 14 hai vecto AC va BD vudng goc. Dié1 ndy dam bao rang tia

nuée tr 4 dén C vati B dén D s& giao nhau tai diém O va tao thanh gbc vudng, giup tao ra
mot hinh anh déi xtimg va dep mat

d) Dung.
Dang thirc OA-OD+O0B-0OC =0 la mot dang diéu kién vudng goc trong hé vecto khi cac vecto

tir diém O dén céc dinh c6 tong tich vo hudng bang 0. Diéu nay ¢ thé xay ra khi cac tia nudc
tai O tao nén hinh anh can bang vé mit hinh hoc.
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v I

Céu 60: Trong mit phang toa @ Oxy, cho a= (1 —2),13 =(-2;-6).

a) Két qua ctia biéu thic 3a+2b 1a mot véc to.
b) Tich v6 hudng cta hai véc to ab=-10.
¢) Goc giira hai véc to (21,13) =45°,
d) Tacodd =4,b.d =2vay d =(10;3).
Loi giai

‘ a) buang ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘
a) Ding: Ta c6 3G +2b =3(1;-2)+2(-2-6) =(3;-6) +(—4;-12) = (- ;- 18).
b) Sai:Vi a.b =1.(-2)+(-2).(-6) =10.

|ﬁ|-5 S0 V2 (ah)- s

b 200 2
d) Sai:G(_)iE = (x;y). Te ad = 4,5.3 = 2ta c6 h¢ phuong trinh {

¢) bung:Ta co cos(&;l;) =

(S

x-2y=4 {x =10
<

—2x—-6y=-2 y=-3

Vay d =(10;-3).
Cau 61: Trong mat phfmg toa d0 Oxy,cho A= (—1;—1),8 = (3;1),C = (6;0) .

a) Toa do céc véc to AB =(4;2),AC =(7;1).

b) 3 diém A,B,C thang hang.

¢) Géc giita hai véc to (ﬁ;ﬁ:) —135°,

d) S, =4

Loi giai
‘ a) Dung ‘ b) Sai ’ ¢) Pung ‘ d) Sai ‘

a) Dbung: Ta co

AB=(3~(-1):1-(-1))=(42)

AC=(6=(-1):0~(-1))=(7:1)

b) Sai:Vi AB = (4;2),Rv = (7;1) = % * % nén 3 diém A,B,C khong thang hang.

¢) Pling:Ta ¢6 BA =(—4;-2),BC =(3;~1)do do
_ BABC _—43+(-2).(-1) _ -10
@HR’\ Ji6+4:9+41 200

cosB:cos(ﬁ;ﬁ') :B:(ﬂ;ﬁ?)zBSO.

d) Sai:Ha duong cao AH, ta c6 S, = %BC.AB. sin45’ = %\/9 +1416+ 4.% =5.

Cau 62: Trong mit phang Oxy, cho hai véc to a= (—2;3) va b= (4;1).
a) a(a-b)=14.
b) Néu ¢ =(0;7) thi ¢ =2d+b.

¢) Vecto d =mi +2j vudng goc v6i d khi m=3.
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— e s \ . ’ . , 5 v — \ -4 1 N
d) Cho e =xi +; va x €. Khi do cosin goc tao boi vecto e va vecto a bang — thi

J65
x*—4>0
Loi gidi
\ a) Sai | b)Ping | c)Ding | d)Ding |
b=13—(-5)=18

a) Sai.a(a — b) —d.

b) Pung. 2a +b= ( )

¢) Dung.

d=mi +2j =>d = (m;2)

d vuong goc voi a khi va chi khi 2m+6=0<m=3

d) Ding.

é=xi+j=é=(xl)
—2x+3

Vi3V +1

Suy ra (—2x+3)\/6=\/gm

@(—2x+3)\/§=\/x2 +1

<:>5(4x2—12x+9):x2+1

- 1 -
ma cos(€;d)=—— nén ta c6 phuong trinh 2ct3 1

\/6 \/B\/x2+1 \/g

Ta co cos(é;d)=

< 19x* —60x+44=0

x=2
= 22
xX=—

19

Ma xeZ nén x=2.Dodo x*—4>0.
Cho tam giac MNP c6 M(l;l),N(4;0),P(3,7)

a) MN =410 .
A . \ X . , . 7 7
b) Tam duong tron ngoai tiep tam giac MNP ¢6 toa do —5;—5 .
19 7
¢) Hinh chiéu vudng géc cua diém M 1én canh NP 1a diém H ? 3 )
51
d) Goi PK 1a phéan giac trong ctia goc MPN , (K € MN) . Toa d6 diém K 1a 5 )

Loi giai

| a)Ding | b)Sai | ¢Ding | d)Sai |
a) Ding: MN =| MN |=J(4—1)* +(0—1)* =+/10.
b) Sai:Ta c6: MN =(4—1,0-1)=(3;-1), MP=(3-1,7-1)=(2;6),
Suy ra: MN.MP =3.2+(-1).6=0= MN L MP = AMNP vuéng tai M .

Do d6, tim duong tron ngoai tiép tam gidc MNP 1a trung diém ciia canh NP, ¢6 toa do:
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443 7
x=— x=—
2 2
_0+7 _z
2 -

¢) Pung:Goi H(x, y) 14 hinh chiéu vudng goc cua diém M 1én canh NP.

MH =(x-1;y-1), NP=(=1;7), NH =(x—4,).

Tacé: MH L NP < MH.NP=0< (x=1).(-))+(y-1).7=0< —x+7y=6 (1)
Mit khac, NP va NH cung phuong, nén: -Dy-7.(x-4)=07x+y=28 (2)

19
. . o . —-x+7y=6 —-x+7y=6 x—?
Tur (1) va (2) ta c6 h¢ phuong trinh: o = .
Tx+y=-28 Tx+y=28 7
5
. 19 7
Vay diém H c6 toa do: (?,gj

d) Sai:Ta co: PM =(1-3) +(1-7)* =2J10; PN = \/(4-3)* +(0-7)’ =5V2.
KM _PM 2410 245
KN PN 502 5

2.5 54245

Suyra:KM=T.KN:>MN=KM+KN= -

Theo tinh chat duong phan giac:

KN (*)
Goi toa do diém K 1a (x.;y,).
Taco: KN =(4—x¢;0—y,.)= (@4 —x,;—y,); MN =(4-1,0—1)=(3;=1) (**)

54245
5

3
Tw (*), (**), suy ra:

(4= xc) {x,( — 11465
= .
1=

5+25 Y, =5-25
'(_yl()
5
Vay K =(-11+6+/5;5-25).
Cau 64: Trong mit phing toa dd Oxy, cho cac vecto d@ = (-2;3),b = (4;1).
a) db=-2
b) @(a—b)=12

- = C o 3
¢) Vecto ¢ =mi +j vudng goc vo1 a khi m:E

d) Toa do vecto d sao cho d.d = 4,5.(? =-2 béng (—%,g]
Loi giai
| a)Sai | b)Sai | cPung | d)Ping |

a) Sai:a.b =—2.4+3.1=-5
b) Sai: Tacod: d—b =(=6;2) = d(d—b)=-2(-6)+3.2=18

c)bung: Taco: ¢ =(m;1). Vi ¢ L a nén 5-5=O:>—2m+3-1=0:>m=%.
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b | 0

W
I

xX=—=
4 2x+3y=4 -
= ey = 67 Vay a’:(—5 6}

d) bung: Goi d= (x;y). Taco: -
d=-2 4x+y=-2

Sl

=3

Céu 65: Trong mit phang toa dd Oxy, cho cic vecto d@ = (2:5),b =(3;-7), ¢ = (L1).
a) a.b=-29
b) (d,b)=135°
¢) (a,c)=30°
. 5 - - . 1
d)bé d =(4x+1)i +(x+4); tao vdi vecto ¢ mot goc 45° thi x:—Z.
Loi giai
‘ a) Pung ‘ b) biing ‘ ¢) Sai ‘ d) bung ‘
a) Pung: a.b=2.3+5.(-7)=-29

b) Bung: Ta c6: cos(d,b) = fl'bq = 2.3+5C7) :—£:(5,5)2135°.
@b 22453 +(-7 2
¢) Sai: cos(d@, &) = — L€ - 21+51 :7\/§:>(a,5)z23,1986°.
dl-le] 2245212+ 58

d) bung: Ta co6: d =(4x+1;x+4) tao véi ¢ mot goc 45° nén:
d-¢ B 4x+1+x+4

1] V2 J(dx+1) +(x+4)?

5x+5 2

AN =N s 5x+5=A17x  +16x+17
2 -17x% +16x+17

=co0s45°

cos(c?,E) =

x=>-1 x=>-1 1
= 5 4 & R S x=
17x" +16x+17 =25x"+50x+ 25 8x +34x+8=0 4
Cau 66: Cho hai vecto a =(4;3) va b=(1;7).

a) ab=25.
b) @’ =5
¢) Goc gitra hai vecto a va b bang 30°.
d) [a—b|=5.
Loi giai
| ayPing | b)Sai | ¢)Sai | d)Ding |

a) Dung vi a.b=4.1+3.7=25
ab 4.1+3.7 25 1

B Ve idrer 25V2 2
nén gdc gitra hai vecto a vab bang 45°.

¢) Saivi @ =|a| =47 +3*=25.

—

b) Sai vi cos(Zz,l;) =
a
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d) Ding vili - b =(d~b) =a*~2a.b+b* =25-2.25+450=25
=|d-b|=5.

Céu 67: Trong mat phing toa do Oxy, cho cac vecto a = (—2;3),1; =(4;1).
a) d(a—b)=12
b) (G+b)2a-b)=4

S T 3
¢) Vecto ¢ =mi + j vudng goc vo1 a khlm:E

d) Toa dg vecto d sao cho d.d =4,bd=-2 bang [—%,g)
Loi giai
| a)Sai | b)Pung | ¢)Pung | d)Ping |
a)Tach: a—b=(—6:2) = d(a—b)=-2(-6)+3.2=18;
d+b=(2:4),2d-b =(-8;,5) = (G+b)2d—b)=2(-8)+4.5=4,

b) Taco: ¢ =(m;1). Vi ¢ La nén Q-E:O:>—2m+3-l=0:>m=%.

. d=4 2x+3y=4 T -

¢) Goi d =(x;y). Taco: . < Ty = 7Va?1y dZ(—é;EJ-

d==2 dx+y=-2 6 77
J’:;

S QY

Céu 68: Trong mat phing toa do Oxy , cho cac vecto a = (2;5),5 =3;-7), c=(;1).
a) ab=29
b) (a,b)=15°
¢) (a,c)~23,1986°

_— A - . . 1
d)bé d =(4x+1)i +(x+4);j tao vdi vecto ¢ mot goc 45° thi x=—Z.

Loi gidi
| a)Sai | b)Sai | ¢)Ping | d)Ping |
a) Ta co: cos(Zi,l;): ﬂa.bﬁ = 2.3+5(7) :—£:>(Ez,l;):135°;
@l-1b] 22452 3 +(-7 2
i-c 21451 7458

cos(d,é) = = (4,¢) ~23,1986°.

jdl-lel 22+5 P S8
b) Ta co: c?=(4x+1;x+4) tao véi ¢ mot goc 45° nén:

—

d-c 4x+1+x+4
[d1-[E] V2J(4x+1) +(x+4)
5x+5 NG

o =N o545 =17 +16x+17
J2 172 +16x+17

=co0s45°

cos(c?,E) =

x=>-1 x>-1 1
P 2 5 = 5 <X = .
17x"+16x+17 =25x" +50x+ 25 8x +34x+8=0 4
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