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Thay Lé Viét — Tu duy Kién tao — Giaip em gi6i toan, Cung em chon nghé

VECTO

BAI 8: TONG VA HIEU HAI VECTO

@ HE THONG BAI TAP CAU HOI 4 MENH PE TRA LOI PUNG/SAL

PHAN II. Cu tric nghiém dung sai. Trong méi y a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

Cau 1:

Cho bbn diém A4,B,C,D phén biét.
a) AB+BC=AC.
b) BC-BD=DC.
¢) AB+AD = AC.
d) AC—AD+BD=BC.
Loi giai
‘ a) buang ‘b) Bl’lng‘ ¢) Sai ‘ d) bung ‘

+Tacod: AB+BC=AC.

+Ta co: BC—BD=DC.

+Tacod: AB+AD khong bang AC .

+ Ta co: (E—E)+E=D—C'+@=ﬁ)+l)—6‘:ﬁ.

Cho hinh chit nhat 4BCD ¢4 tam O, biét AB=2A4D=2a

A B
0
D C
a) OB+0D=0.
b) O4=CO.
¢) CB+ AB=DB.
d) ‘E‘:aﬁ.
Loi giai

‘ a) Dung ‘ b) Dung ‘ ¢) Pung ’ d) bung ‘
+Taco: OB+0D=0 (tinh chat trung diém).
+Tacod OA va CO cung huong va cung do dai nén OA=CO.
+Tac6: CB+AB=DA+AB=DB.
+Taco: [AC|= AC =4D* + DC* =a’ +4a’ =a+5 .
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Cau 3:

Cau 4:

CHUYEN DE IV — VECTO
Cho tam giac AABC vudng can tai A, do dai canh AB=a. Goi [ trung diém AC va D 1a
diém dbi xtmg cia B qua I .
a) Vecto ddi cua Al 1a vecto CI .
b) AB—AC =0.
c) \EHE\ =2\ﬁ\.
d) ‘ﬂ + R" — a5 .

Loi giai
| a)Ping | b)Sai | ¢ Sai | d)Ping |

D

B
+Ta ¢6 vecto Al va vecto CI nguoc hudng va cung dg dai nén CI 1a vecto dbi cia vecto Al .
+Ta co: AB—AC=CB#0.

+ Ta co: ‘E‘:‘R‘:aj‘ﬁh‘ﬁ‘:%ﬁ BC

zax/E:>2‘lTC":2ax/5.
Suy ra |48 +[4€] = 2[BC].

+ Ta ¢6 tit gidc ABCD 14 hinh binh hanh nén \ﬂ + Ej\ = \ﬁ\ =BD=2BI.
. . 2 2 2 a’ a\/g
Xét tam giac AABI vuongtai A tacd Bl =N AB" +Al" =,|a +T=T.

Viy |BA+ BC|=2BI = 2“\/_ a5 .

Cho hinh binh hanh ABCD 6 tam O,
a) AB—AC=DA.
b) A0+ AC = BO.
¢) AO-BO=CD.
d) AO+OB=BD.
Loi gidi
| a)Ding | b)Sai | oSai | d)Sai |
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Cau 5:

Cau 6:
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B C

A = D

Tac6 AB—AC =CB.Do ABCD 14 hinh binh hanh nén CB = DA nén AB— AC = DA.
A0+ AC = A0+2A40=340.

AO-BO=A0+0B=AB=DC.

AO+OB = AB.

Cho hinh chir nhat ABCD ¢4 AB=1; AD =2

2) —Q.E‘:—Q.

b) [AB + BD|=2.

¢) |AB+ AD| = 3.

_— s —

d) ‘AB+AD+AC — 5.

Loi giai
| a)Ping | b)Sai | oPing | d)Sai |
A B
D C
a) -2 ﬂé‘ - 2.‘@‘ — 24B = 2 nén d) sai
b) ‘E—FE :‘A—D‘ = AD = 2 nén c) dung

¢) AC=AB>+ AD* =~I>+2> =+/5
E+E :‘E‘:AC:ﬁnénb)sai

d)|AB+ AD + AC| =

2A_C" —2.AC =245 = 25 nén a) diing

Cho ABCD 1a hinh vudng tdm O c¢6 canh a. M 1a mot diém bat ki trong mit phang.
a) CO= A0

b)|B—C+a\=%

¢)|AB-OC+0OD =0

d) NB+ NC+ ND = AB khi diém N trung voi trong tadm tam giac ABC.
Loi giai
| a2)Sai | b)Ping | oPing | d)Sai |




Cau 7:

CHUYEN DPE IV —- VECTO

D I8

AO va CO 14 hai vecto nguoc hudng.

1BC + 0 |- 5C + €O 0] ~ 08 = 2
| AB—OC +OD |=| AB+OD—OC |<| AB+CD |=| AB— AB|=0
Ta co: E+W+N—D:E<:>(ﬂ+@)+N—C+N—D:ﬂBQM+W+ﬁ:().
Do d6, diém N tring véi trong tim tam gidc ACD .
Cho tam giac ABC géu canh 4, ¢6 trong tam G.
a) AB+BC = AC
b) AB—CB=CA
c) |A7§+R\=aﬁ
d) Tap hop cac diém M thoa mén déng thirc ‘m +m‘ = 2‘]\%“ la dudng trung truc ctia doan
IcC
Loi giai
‘ a) Pung ‘ b) Sai ‘ ¢) bung ‘ d) Puing ‘

a) Pung

Theo quy téc 3 diém ta luén c6 AB+ BC = AC . Vay a ding
b) Sai

AB—CB=AB+BC=AC . Vayb sai

¢) bung

V& hinh binh hanh ABDC, goi H 1a giao diém AD va BC

Suy ra H 1a trung diém cua ca AD va BC.
- A
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Theo quy tic hinh binh hanh: AB+AC=AD.Tacé AH la dudng cao cua tam giac ABC nén

2
AH =\ AB> - BH = /az—(%j =#

Suyra: AD=2A4H = a\/g .
Vay ‘A—B+ﬁ‘ = ‘E‘ =AD=a 3. Vay c ding
d) Ping
Goi [ latrung di€ém AB, ta co:
|MA + MB| = 2|MC| < 2|Mi| = 2|MC| < M1 = MC .
Piéu d6 chimg to diém M cach déu hai diém 7, C, nén tap hop cac diém M 1a duong trung
truc cia doan /C. Vay d dung
Cau 8:  Cho hinh chit nhat ABCD c6 AB=a;AD=2a.Goi M va N lan lugt la trung diém cua BC
va AD.
a) AM +CD=BM .
b) AM + AN = AB+ AD.
¢) [NC+MC|=2a.

d) Tim tap hop cac diém E trong mit phang thoéa man ‘E—W‘ = ‘E+A4D" la mgt duong

thang.
Loi giai
‘ a) biang ‘ b) Piling ‘ ¢) Sai ‘ d) Sai ‘
a) Dung
N
M C

AM +CD = AM + BA=BA+ AM = BM

b) Dung

D2 thdy AMCN 1a hinh binh hanh nén AM + AN = AC
Ma ABCD 1a hinh chit nhat nén AB+ AD = AC.

Do d¢:

AM + AN = AB+ AD

¢) Sai

NC + MC|=| M + MC| =|4C| =N 4B> + 4D* = |a® +(2a)’ = a5
d) Sai

|AE ~ AN|=|4B + AD| < |NE|=|4C| < NE = AC=a\5

Tap hop diém E 1a dudng tron tAm N bén kinh bang a5
Ciu 9:  Cho hinh binh hanh ABCD. Hai diém M va N lan luot 1a trung diém cua BC va AD.
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Cau 10:

CHUYEN PE IV - VECTO
a) NC+MC=AN.
b) AM +CD=BM .
¢) C6 duy nhat mot diém 7 théa man Al cung phuong v6i BC.
d) Néu \ﬁ\ = \E +AD + FB\ thi tap hop diém P 1a duong tron c6 ban kinh bing do dai caa
doan AB.

Loi giai
| a)Sai | b)Ping | ¢)Sai | d)Ping
a) Sai
A N D
B M C
Vi MC = AN nén ta c6: NC+MC = NC+ AN = AN + NC = AC do d6 ménh d¢ sai.
b) Dung

Vi CD=BA nénta cd: AM +CD =AM + BA=BA+ AM = BM do d6 ménh d& dang.
¢) Sai

Vi Al cing phuong v&i BC nén AI// BC.

= Tép hop diém I 1a duong thang di qua 4 va song song véi BC nén c6 vo sd diém 1 .
d) Pung

Ta co: [4F| =[5 + AD + CB| e | 4P| = [ AC + CB| e [ 47| =[4B| > 4= 5.

Do d6, tap hop diém P 1a dudng tron tAm A c6 ban kinh bang d6 dai ciia doan AB.
Cho 4BCD 13 hinh vuéng tam O.

a) AB+AD = AC

b) | AB+OD|= AO

¢) | AB-OC+OD|=0

d) Tap hop diém M théa man déng thirc: \Aﬂ ~MB - MC + E\ = MO 13 mot diém.

Loi giai
| a)Ping | b)Ping | oPing | d)Sai |
B’ A B
D C

a) Ta c6 ABCD 1a hinh vudng tim O suy ra OC = AO. Piing

b) Ta c6 OD=BO=> AB+OD = AB+BO= AO, khi d6 | AB+0OD |= AO . Puing
¢) Taco OC = A0

Suy ra: E—&+O—D=E—E+O—D=@+O—D=():>|E—%+O—D|=O
Piing.
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Cau 11:

Cau 12:
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d) MA—MB—MC +MD = MO
< (MA~-MB)~(MC-MD)=MO

& BA-DC = MO

& BA+BA=MO

< BB = MO (v6i B 1a dbi xtmg ciia B qua A).

Khi do, |MA—~MB—MC + MD|= MO < BB =MO.

Vay tap hop diém M 1a duong tron tim O ban kinh R = BB'. Sai.

Cho hinh thoi ABCD canh a, c6 BAD =60°. Goi O 1a giao diém hai dudng chéo.
a) AB+0D = AO

b) | AB+ AD |= a2

¢) | BA-BC|=a-3

d) Ba luc }71 = A—B,I?2 = AD,F3 cung tac dong vao mot vat dat tai diém A va ¢ trang thai cin bang

biét || = || = 243N . Khi d6 do I6n cua lyc F bing 6(N)
Loi giai
‘ a) biang ‘ b) Sai ‘ ¢) Pung ‘ d) bung

B

Pl

m
e
>

-2

D
AB = AD . a3 .
a)Taco{ . = AABD déu canh a= 40 = —— suy ra m¢nh dé dung.
BAD = 60" 2

b) | AB+ AD|=| AC|= AC =240 =2 AB* —BO* = a3 suy ra ménh dé sai.
¢) Tacod |ﬂ—B—C E CA |=CA= a3 suy ra ménh dé ding.

d) Ta c6 tam giac AABD déu AC:2AO:2.%\/§:6

Do A & vi tri cAn bang nén hai lyc F va E c6 cung cudng d va ngugc hudng, tic 1a cac vecto
AC va AD déi nhau. Vay cuong do luc E béng ‘E ‘ = ‘1?‘ = AE = 6N suy ra ménh dé ding.
Cho hinh vuong ABCD tam O c6 canh 1.

a) BA-BC=AC.

b) BO-BC=0A4.

¢) Diém M di dong thoéa man ‘m —a‘ = ‘m —MC+CD|.
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CHUYEN DPE IV —- VECTO

Khi d6 diém M thudc mot duodng tron c¢d dinh c6 ban kinh béng JE .

d) \C—B—Wj\zﬁ.
2
Loi giai
| a)Sai [ b)Ping | oPing | d)Sai |
E
A B
(8]
D C
a) Sai
Vi: BA-BC =CA.
b) DPung
Vi: BO-BC =CO=0A
¢) bung

\ATA—@\:\@—AT&CT)\ @\W+TC\=@+FD\ @\Wi\=@\ < CM=CA
Khi d6 diém M thudc dudng tron tim C, ban kinh R=CA=+2

d) Sai

CB-0OC =CB+CO

Duyng hinh binh hanh OCBE . Khi d6: CB—OC = CB+CO =CE .

Do do: |CB—OC|=|CE|=CE .

Ap dung dinh 1i ¢6 sin cho tam giac EBC ta c6: CE”> = CB* + BE* —2CB.BE.cos CBE

1 NG

Trong do: Cle;BE:COZEACZT;CBE=135°.

2
Do d6: CE = \/12 {g} —2.1.g.cos135° =2.

Cau 13: Trong Vat Ly, khi vat chiu tac dung cua hai luc thi téng hop luc cua hai lyc d6 s€ dugc vé bﬁng

quy tac hinh binh hanh trong véc to. Xét ba luc Fl, 172,?3 cung tac dung vao mot vat tai diém S .
Trén hinh vé mo ta hai luc FI,FZ va luc téng hop F cla ba luc F],E,E. Do 16n cua cac luc

F,=F,=30N,F =60N va goc(F,F, )= 60"
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S

a) Véc to lyc thir 3 dugce tinh theo cong thirc: F; = F- —F

b) D6 16n luc téng hop \F; +F,|=45N .

¢) Hinh v€ mo ta cach xac dinh lyc E = F —F, — F, nhu hinh vé& dudi day.

d)Do 16n luc F, =304/3N.

Loi giai

‘ a) biang ‘ b) Sai ‘ ¢) Sai ‘ d) Sai ‘
a) Dung. F=E+E+E:E=f—ﬁ—]€

Y .
b) Sai. Ta ¢ |, + ;| = K+ F} + F.F, =2700=|F, + F;| = 303N
¢) Sai. Tong hop lan luot theo quy tic hinh binh hanh ta duoc.
F1,2=E+E:>F=E+E+E=F1,2+E

v

F;

|
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CHUYEN DPE IV —- VECTO

d) Sai
Ta co

F=Fi,+F, via theo cich xdc dinh thi khi do ta  co
2
F}=F* =R}, =(60) -(303) =900= F, =30N
Cau 14: Cho ba luc E = m, 172 = m, E =MC cung tac dong vao mot vat tai diém M va vit ding
yén. Cho biét cuong do cua FI , 1?2 déu bang 25N va goc AMB=a.
a)F,+F,+F, =0
b)véi @ = 60°thi \173\ =253
¢) voi @ =120° thi ‘E‘ =25.
d) |F| 16n nhét khi a =90°

Loi gidi
| a)bing | b)Ping | oPing | d)Sai |

a)Diing. Vat dting yén nén ba lyc di cho can bang. Ta dugc F,+F, + F, =0.

ST

Q)\

b)Pung. Dyng hinh binh hanh AMBN . Ta ¢6 —F, — F, = —MA—MB =—MN .

2\/§MA:25\/§.

2
¢)Ping. Dyng hinh binh hanh AMBN . Ta ¢6 —F, — F, =—MA—MB = —MN .

Suy ra ‘f;‘ = ‘—FN‘ =MN =

Suy ra |F| =|-MN|= MN = MA =25 .
d) Sai. Vi || = MN = + F,) + 2FF, .cosa

Vay |F| 16n nhét khi a = 0°

Cau 15: Cho ba luc }7] = m, Fz =MB, F, = MC cung tac dong vao mot vat tai diém M va vat ding

A

yén.

Q)\

Cho biét cuong do cuia F, F, déu bing 25N va goc AMB =60°.
a) Fl + FZ + E =0.
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b) F,+F, =AB
¢) Néu dung hinh binh hanh AMBN thi F, =-MN .
d) Cudng do lyc ciia F, 1a 25N .

Loi gidi
)Ping ) Sai ) Pung d) Sai |

Vit dimg yén nén ba lyc da cho cén bang <:>}71+I?2+F3=6 = F :—(E+E).

el

QA

Dung hinh binh hanh AMBN . Ta ¢6 —F, — F, = —MA—MB = —MN .

2\/§MA:25\/§'

2

Cau 16: Co hai luc 17l , FZ cung tac dong vao mot vat ding tai diém O, biét hai luc 17l , FZ déu c6 cuong

Suy ra ‘1?3‘ = ‘—]\T\/‘ =MN =

do la 50 (N) va chiing hop v&i nhau mét goc 60°.
a) || =|F| = 50N
b) F=F,
¢) Vat d6 phai chiu mot Iyc tong hop c6 cudng do bang 5043 N.
d) Luc tong hop tao véi luc 17l mot goc 60°
Loi giai
‘ a) bung ‘ b) Sai ‘ ¢) Dung ‘ d) Sai ‘

Giasit F, =04, F, =OB.
Theo quy tic hinh binh hanh, suy ra Fl + Fz =OC, nhu hinh v&.
L4 o A .7 A »\/5
Tacdo AOB=60°, OA= OB =50, nén tam gidc OAB déu, suy ra OC = 2.507 =504/3.
=|0c|=503(N).

a) Dung. biét hai lyc F,, F, déuco cuong d6 1a 50 (N)

Vay |F+F,

b) Sai. Do hai lyc 17l , }72 khong cung huong.
c¢) bung.
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Cau 17:

Cau 18:

Cau 19:

CHUYEN DPE IV —- VECTO

d) Sai. Theo tinh chét hinh binh hanh luc téng hop tao véi luc Fl mot goc 30°
Cho tam giac ABC. Goi M 1a trung diém cua doan AB.
a) AA=BB=CC
b) AM + MB=0.
¢) MA+MB=0.
d) AM +MB + BC =0.
Loi giai
| a)Ding | b)Sai | oPiung | d)Sai |

Ta co:

AA=BB=CC =0 la khing dinh dung.

AM + MB = AB nén AM + MB =0 1a khing dinh sai.

Do MA, MB 1a hai vecto d8i nhau nén MA+MB=0 la khang dinh dting.

Do W+m+ﬁ‘=(m+m)+ﬁ’=ﬁ+ﬁ;=ﬁ¢6. Vay AM +MB+BC =0 la

khang dinh sai.
Cho tt giac 4BCD  Goi O 1a giao diém cua 4C va BD.
B
A
o
D C

a) OA+0C = AC.
b) AD+DC = AC .
¢) AB+AD=CD+CB.
d) AB+CD= AD+CB.

Loi gidi

| a)Sai | b)Ping | ¢ Sai | d)Ping |

Ta co:
OA+OC = AC 1a khing dinh sai.
AD +DC = AC 13 khang dinh dung.

_— —— —— @ —  — @ — @ — @ — _— s —— @ —

AB+ AD=CD+CB < AB+BC=CD+ DA< AC=CA.Nén AB+AD=CD+CB 1a khang
dinh sai.

AB+CD=AD+CB < AB+BC=AD+DC < AC = AC .Nén AB+CD=AD+CB la
khang dinh dting,

Cho hinh binh hanh 4BCD, giao diém ctia hai duong chéo 1a O.

A B

a) DA—DB=0D-0C.
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b) DA+DB+DC =0.
C) CO-OB=BA.
d) AB—BC =DB.

Loi gidi
| a)Ping | b)Sai | c¢)Ping | d)Pung |

a) Pang vi DA— DB = BA va OD—0C =CD ma BA=CD.
b) Sai vi DA+ DB+DC=2DB# 0
c) bung vi CO-0B=0A4-0B=BA.
d) Ptng vi AB—BC=DC-BC =DC+CB=DB.
Cau 20: Cho tam giac ABC g4y canh 4, trong tam la G,
a) 4B+ BC =[id].
b) |45 + BC|=
C) ‘G—A+G—B+R":
d) |G|+ |GB| +|aC|=
Loi giai
| a) Sai ‘ b) Piing | ¢) Pung ‘ d) Sai ‘

a) Sai vi vé trai 1a tong hai vecto 13 mot vecto, con vé phai 1a do dai vecto.
b) DBling vi ‘E+R" =AC=a.

¢) Bung vi véi G 1a trong tAm tam gic suy ra ‘@ +GB + R“ = ‘6‘ X

d) Sai
Ta co: tam giac ABC déu goi M 1a trung diém BC
:>GA:GB=GC:§AM:§ AB® — BM? zgagzé-

suy ra ‘GA‘+‘GB‘+‘GC‘ 32 “/_ a/3.

Céu 21: Cho hinh vudéng ABCD canh a.Goi M l1atrung diém AB,N 1a diém d6i xtimg
vo1 C qua D. Khi do:
a) MD* = AD* + AM”

b) |PA+ AM]| =|PM]| = PM = a_3a
0 m\:ﬂ
d) MN‘ ‘f
Loi giai
| a)Ping | b)Ping | o Sai | d)Sai |

Xét AMAD vudng tai A, ta co:
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CHUYEN DPE IV —- VECTO

MD?* = AD?+ AM*
2 2
e =Si:>MD=ﬁ.
2 4 2

Qua N ké duong thiang song song véi AD cit AB tai P.

N ) o
P A al 3]
a 3a

Khi do tir gidc ADNP 14 hinh vuong va PM = PA+AM =a+

Xét tam gidc NPM vudng tai P, ta co:

2 2
MN? = PM* + PN” =(%"j v =P yy = 213.
Vay cac d6 dai vecto can tim 1a: |]\T) |=MD = a;/g,| Ww: MN = a\ég .

Ciau 22: Cho tam gidc ABC . Xét tap hop cac diém M thoa min \MR’—ATC\ = \W —ﬂ\
a) MB—MC =BC.
b) ‘W‘ =AM
¢) Tap hop cac diém M 1a duong thang di qua 4 va song song voi BC.
d) Tap hop cac diém M 1a dudng tron tim A, ban kinh BC .
Loi giai
| a)Sai | b)Ping | ¢)Sai | d)Ping |

Ta c6 |MB— MC| =|BM - BA| < |CB|=|aM| < 4M = BC .

Ma 4;B;C cb dinh, suy ra: Tap hop diém M 1a duong tron tdm A, ban kinh BC.
Céu 23: Cho hinh vudng 4BCD canh 2a

a) |AB+ AD| = 2a+/2.

b) |4B + CD| = 2a.

¢) |AC +CD| =2a.

d) |AB+ DC|= 4a.
Loi gidi
| a)Ping | b)Sai | o Ping | d)Ping |
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A B

Ta c6 a)\ﬂmﬂ)\ = \E\ = AC =2a~J2 nén a) PUNG
b) \E+@\=\E—E\=0nénb) SAI
¢) \Rw@\:\@\:za nén c) PUNG
d) \E+R‘\=\E+E\=2\E\:4a nén d) PUNG
Cau 24: Cho hinh binh hanh ABCD. Khi d6:
a) CB+CD=CA
b) AC+DA=CD
c) BA-BC =AC
d) BA-BC+AD=CD
Loi giai
| a) biang ‘ b) Sai | ¢) Sai ‘ d) Duing ‘

Ta ¢6: CB+CD = CA (quy téc hinh binh hanh).

Ta co: E+E4=FCXquy tac ba diém)

BA—BC+AD = BA+CB+AD

=(CB+BA)+ AD = CA+ AD = CD (quy téc ba diém).
CAu 25: Cho bén diém 4, B,C,D . Khi do:

a) AB+BC =CA

b) AD+DA=0

c) AB+CD= AD+CB

d) AB—CD=AC+ DB

Loi giai

| a)Sai | b)Pung | ¢)Ping | d) Piing |
Ta cé: AB+CD=AD+CB
< AB+CD-AD-CB=0
< AB+CD+DA+BC=0
< (4B +BC)+(CD+DA)=0
< AC+CA=0 (luén dung).

Tacé: AB—CD=AC+DB < AB—CD—AC—-DB=0
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Cau 26:

Cau 27:

Cau 28:

CHUYEN DPE IV —- VECTO

< AB+DC+CA+BD =0
& (AB+BD)+(DC+CA)=0< AD+DA=0 (luon ding)
Cho hinh binh hanh ABCD tam O. Khi do:
a) BA+AB=0
b) OA+ AC =0C
¢) OA—OB+DC =CB
d) OB+0A—CA=DC
Loi giai

| a)Ping | b)Ping | ¢)Sai | d)Ping |
Ta ¢6: OA—OB+DC =0A+BO+DC =BO+0OA+AB=BA+ AB=0 (do BA, 4B 1a hai
vecto dbi nhau); OB+0A-CA=0B+0A+ AC = 0B+0C = DO+0C = DC
Cho tam giac ABC . Bén ngoai cua tam giac v€ cac hinh binh hanh ABIJ, BCPQ,CARS. Khi d6:
a) RJ=RA+AJ
b) 10 = IB+QB
¢) PS =PC+SC
d) RI+1Q+PS=0

Loi giai
‘ a) Ping ‘ b) Sai ‘ ¢) Sai ‘ d) bung ‘
Tacod: RJ =RA+ AJ,1Q =IB+BQ,PS =PC+CS.
Khi do: RJ + 10+ PS
— (RA+ AJ)+(IB+ BQ)+(PC +CS)

— (RA+CS)+(AJ +IB)+(BO + PC)
—(SC+CS)+(BI +IB)+(CP + PC)
—SS+BB+CC=0
Vay RJ+10+PS=0.
Cho hinh vuéng ABCD c6 canh bang a . Khi d6:
a) AD+ AB = AC
b) Goi E la diém doi xing véi B qua C. Khi d6 ADEC 1a hinh thang.
¢) |AD+ AB|= a2
d) | AD+ AC |=a3.
Loi giai
| aybing | b)Sai | oPing | d)Sai |

Theo quy tic hinh binh hanh ta ¢6 AD+ AB=AC .
Theo dinh 1i Pytago: AC* = AB* + BC”
=a’+a*=2d’ :>AC=a\/5

Vay | AD+ AB|=| AC|= AC=a"2 .

Goi E 1a diém dbi xtmg v6i B qua C.
Do CE=AD=a,CE//AD nén ADEC la hinh binh hanh.
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Ta co: AD+ AC = AE . Ap dung dinh li Pytago cho tam giac ABE:
AE* = AB’ + BE* = &* +(2a) =54* = AE=av/5

Vay | AD+ AC |= AE = a5
Cau 29: Cho tam gidc ABC déu canh a, co6 trong tam G . Khi do:
a) AB+BC=AC
b) | AB—CB|=2a;
¢) | AB+ AC|=a 3 ;

5

d) | BG - BC|—a

Loi giai:
‘ a) Dung ‘ b) Sai ‘ ¢) bing ‘ d) Sai ‘

Ta c6: AB—CB=AB+BC = AC =| AB—CB|=| AC|=AC=a.
V& hinh binh hanh ABDC, goi H 1a giao diém AD va BC

Suy ra H 1a trung diém ciia ca AD va BC.
N A

I

Theo quy tic hinh binh hanh: AB+ AC=AD.Tacé AH la duong cao cua tam giac ABC nén
T a3
o {3) -

Suy ra: AD=2A4H =a\3 .
Vay | AB+AC =l AD I= AD = a+/3.
Ta ¢6: BG—BC=BG+CB=CB+BG=CG.

D& thay CGonG=2ag=2. B _a¥3
3 3 2 3
Vay|E;—B—C|=|§;|:CG=§.

Cau 30: Cho ABC Khi do:
a) MA—MB+MC =0 khi diém M 1a mét dinh cta hinh binh hanh ABCM .
b) NA+ NC+ AB = NB khi diém N trong vé6i diém 4.
c) MA+BC—BM — AB=BA khi M 1a trung diém cua doan AC.

d) NA—NB+ AC+ ND = CD khi N 1a diém déi xung véi B qua 4.
Loi gidi

17 | Th.s Lé Viét (GV toan THPT Thing Long, Ha Ni) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



CHUYEN DPE IV —- VECTO

‘ a) Dung ‘ b) Sai ‘ ¢) Dl’lng‘ d) Sai ‘
a) Ta co: MA—MB +MC =0

< MA+BM+MC = O
@(BM+MA)+MC=O

& BA+MC=0< BA=CM
Vay diem M 1a mét dinh cta hinh binh hanh ABCM .
b) Ta co: NA+NC + AB = NB < (NA+ AB)+ NC = NB < NB + NC = NB @WJ:().Véy
diém N tring voi diém C.
¢) Ta c6: MA+BC — BM — AB = BA < MA+(BC + MB) = AB + BA <:>m+M—C':().Véy
M 1a trung diém ctia doan AC.
d) Ta co: M—E+R+ﬁ=@©(M+ﬁ)+TC=@+W
< BA+AC=CN < BC=CN .
Vay N ladiém doi xting voi B qua C.
Cau 31: Chosaudiém A4,B,C,D,E,F . Khi do:

b) AB- AF +CD-CB+EF =DE.
¢) AB+CD=AD+CB.
d) AC+BD+EF = AF + BC+ED.
Loi gidi
| a)Sai | b)Sai | ¢)Pung | d)Ping |

_— — — — s — — s — —s —s —

a)Taco :AB+CD+EF-CB—ED=AB+CD+EF +BC+DE
:(E+ﬁ)+(@+ﬁ)+ﬁ=ﬁ+@+ﬁ=E+ﬁ=ﬁ
b) Tacé : AB— AF + CD—CB+EF = FB+BD+EF = FD+EF = ED.
¢) Ta c6: AB+CD=AD+CB < AB— AD=CB-CD <> DB=DB.
d) Ta co: AC+BD+EF = AF + BC + ED
& (AC — AF)+(BD — BC)+(EF — ED) =0
& FC+CD+DF =0 FD+ DF =0.
Cau 32: Cho hinh binh hanh ABCD ¢6 O la giao diém cua hai duong chéo. Khi do:
a) AB+ AC =AD
b) AC+BA=AD
¢) | AB+ AD|= AC
d) Néu | AB+ AD |=| CB—CD| thi ABCD 14 hinh thoi.
Loi giai

‘ a) Sai ‘ b) Dung ’ ¢) Pung ‘ d) Sai ’
a) Ta c6: AC+BA=BC = AD (vi ABCD 14 hinh binh hanh).
Ta ¢ | AB+ AD |=| AC |= AC (vi ABCD 14 hinh binh hanh).
b) Ta c6: | AB+ AD|=| CB—CD |<>| AC |<| DB |<= AC = BD.
Vi ABCD 1a hinh binh hanh c6 hai duong chéo bang nhau nén 4ABCD 1a hinh chit nhét.
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Cau 33: Cho luc gidc déu ABCDEF tam O. Khi do:

a) AB=CD

b) AB+0D = AC

c) AB+0OC = FC

d) AB+ AE—FD= AF

Loi gidi
| a)Sai | b)Ping | ¢)Ping | d) Piing |
A B
F c
E D

Ta ¢6: AB+OD = AB+BC = AC (do BCDO 14 hinh binh hanh).
Ta ¢6: AB+ AE—FD = AD+ DF = AF (do ABDE 1a hinh binh hanh).
Cau 34: Cho hinh binh hanh 4BCD. Hai diém M va N lan luot 1a trung diém cia BC va AD . Khi do:
a) MC = AN
b) NC +MC = AN
¢) AM +CD=BM
d) AM + AN = AB+ AD
Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Dung |

Dé théy ta giac ABCD, AMCN 1a hinh binh hanh
B M C E

A N 0
+ Vi MC = AN nén ta c6: NC+MC=NC+AN = AN +NC = AC
+ Vi CD=BA néntacoé: AM +CD =AM + BA= BA+ AM = BM
+ Vi NC =AM nén ta c6: AD+NC = AD+ AM = AE , E 1a dinh cta hinh binh hanh AMED.
Vay AM + AN = AB+ AD

Cau 35: Cho tam gidc ABC. Céac diém M ,N,P lan lugt 1a trung diém cua 4B, AC, BC . Khi do:
a) AM — AN = NM
b) MN — NC = MP
¢) MN — PN = MP
d) BP—CP=PC
Loi giai
| a)Ping | b)Sai | oPung | d)Sai |
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Cau 36:

Cau 37:

Cau 38:

CHUYEN DPE IV —- VECTO

D@ thiy ttr gisc AMPN, MNCP 14 hinh binh hanh

AM — AN = NM
MN ~ NC = MN — MP = PN(NC = MP)
MN — PN = MN + NP = MP
BP-CP=BP+PC=BC
Cho tam gidc ABC déu canh a . Khi do:
a)|ﬁ+A—C=E
b) | AB— AC = BC
c)]ﬁ+z’|:a\/§
d) |AB-AC|=a
Loi giai
‘ a) Sai ‘ b) Sai ‘ c) Dung ‘ d) Dl'lllg’

1E+E|=|2E|=2'AH=2-%=CM/§.

|AB—AC|=|CB|=CB=a.
Cho hinh vudéng ABCD canh a, c6 O la giao diém hai dudong chéo. Khi do:
a) O la trung diém cua AC, BD
b) |OA—CB |= a2
¢) |AB+DC|=a
a2
2

d) |CD—DA|=

Loi gidi.
| a)Ping | b)Sai | ¢)Sai | d)Sai |

a) O la giao diém hai duong chéo nén O 1a trung diém cua AC, BD

a2
2

b) |OA-CB|= CO-CB|= BO|= BO =

¢) | AB+DC|=| AB+ AB|=2| AB |=2a
d) |CD-DA|=|CD—-CB|=| BD |= BD = a2

Cho hinh thoi ABCD canh a, c6 BAD=60". Goi O 1a giao diém hai dudng chéo. Khi do:

a) ABAD,ABCD déu canh a.
b) | AB+ AD |= a2
¢) |BA-BCl=af3

Swu tdm va bién sogn
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Cau 39:

Cau 40:

Cau 41:

Trung tim BDVH Unix Thang Long - Website: trungtamunix.edu.vn - zalo: 0835.221183
Thay Lé Viét — Tw duy Kién tao — Gitip em giéi toan, Cuing em chon nghé
a) | 0B-DC =2
2
Loi giai
| a)Ping | b)Sai | ¢)Ping | d)DPing |
a) Gia thict cho ta ABAD,ABCD déu canh a.
b) | AB+ AD|= AC |= AC =240 =23 AB*—BO* =a 3
¢) | BA—BC |=| CA|=CA = a3
d) |OB-DC = DO-DC | CO|=CO = A0 = “f
Cho ba diém phan biét 4, B,C . Khi do:
a) CA+ AB=BC.
b) AB+AC = BC.
¢) AB+CA=CB.
d) AB—BC =CA.
Loi giai
| a)Sai | b)Sai | ¢)Ping | d)Sai |
Xét cac khang dinh:
a) Ta cod CA+ AB=CB=-BC. Vay a) sai.
b) Tacé AB+ AC = AD # BC (véi D 1a diém théa man ABDC 1a hinh binh hanh). Vay b)
sai.
c) Tacod AB+CA=CA+ AB=CB. Vay c) dung.
d) AB—BC =CA <> AB=BC+CA=BA. Vay d) sai.
Goi O la tam hinh binh hanh 4ABCD . Khi do:
a) OA-OB=CD.
b) OB—OC =0D-04
¢) AB—AD=DB.
d) BC—BA=DC-DA
Loi giai
| ayPing | b)Sai | c¢)Ping | d)Ping |
Xét cac khang dinh:
a) Taco OA-OB=BA=CD. Vay a) dung.
b) Ta co {O_B,_ O_C B C_B: ~4D . Vay b) sai.
OD—-0A= AD
c) Tacod AB—AD=DB. Vay c)dung.
d) Ta co {E_ BA=AC Vay d) ding.
DC—-DA=AC
Cho tam giac ABC. Goi M,N,P lan luot 1a trung diém cia BC,CA, AB . Khi do:

a) Tu giac BMNP va APMN la hinh binh hanh
b) BM +CN+AP=0.

_— — — —

¢) AP+ AN—AC=BM.
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d) OA+OB+0OC =0OM +ON +OP véi O 1a diém bét ki.
Loi gidi
| ayPing | b)Ping | ¢)Sai | d)Ping |

BMNP 13 hinh binh hanh = BM = PN .

Vi N la trung diém cua AC = CN = NA.

Do do6 theo quy tac ba diém ta co
W+CTV+TP:(W+W)+TP:Q+TP:6

Vi tit gidc APMN 1a hinh binh hanh nén AP+ AN = AM , két hop v6i quy téc trr
— AP+ AN —AC+BM = AM — AC+BM =CM +BM .
Ma CM +BM =0 do M 1a trung diém cua BC.

s _— _— —

Vay AP+ AN —-AC+BM =0

Theo quy tic ba diém ta co

OA+ OB +0C = (OP+ PA)+(OM + MB)+ (ON + NC)

=(OM +ON +OP)+ PA+MB + NC = (OM +ON + OP)—(BM +CN + AP)

Theo cau b) ta co BM+CN+AP=0 suy ra OA+OB+0OC =0M +ON +OP.
CAu 42: Cho 5 diém A4,B,C,D,E . Khi d6:

a) AB+BC=CA
b) AB+BC+CD+DE =CE+ AE
¢) AC+BD=AD

d) AB—CD=AC-BD

Loi gidi
| a)Sai | b)Sai | ¢ Sai | d)Ding |

a) ii =(AB+BC)+(CD+DE)= AC +CE + AE

b) VT: AC+BD=AD+DC+BC+CD
=AD+BC+(DC+CD)=AD+BC:VP

¢) VT :AB-CD = AC + CB—(CB + BD)

= AC+CB—CB—BD=AC—-BD+CB-CB=AC-BD
Cau 43: Cho 6 diém 4, B,C,D,E,F phan biét. Khi do:
a) AB+BD = AC

b) AB+DF +BD+FA=0

¢) BE-CE+CF—-BF =0
d) AD+ BE +CF = AE + BF +CD
Loi giai
| a)Sai | b)Pung | ¢)Piing | d) Piing |

a) AB+BD = AD
b) AB+DF +BD+ FA= AB+BD+DF + FA= AA=0

¢) BE-CE+CF—-BF =BE+EC+CF+FB= BB=0
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Cau 44:

Cau 45:
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AD+ BE +CF = AE+ BF +CD
d) < AD—CD+CF = AE — BE + BF <> AD+ DC+CF = AE + EB+ BF
& AF = AF
Cho hinh binh hanh ABCD vé61 M va N lan luot 1a trung diém cia BC va 4D . Khi do:
a) DA+ DC = DB
b) CM +CN + AB=CD
c) MA+MC =0
d) AM +CD=BM

Loi gidi
‘ a) Dung ‘ b) Sai ‘ ¢) Sai ‘ d) Ping ‘
A N D

B M C
Theo qui téc hinh binh hanh ta c6: DA+ DC = DB
Do AMCN 1a hinh binh hanh, ta c6: CM +CN =CA
Suy ra CM +CN+AB =CA+ AB=CB
Do AMCN 1a hinh binh hanh, ta c6:
MA+MC = MN < MA+MC+ND+ DM = MN +NM =0
Do ABCD l1a hinh binh hanh, ta c6 CD = BA, suy ra AM +CD = AM + BA=BM
Cho ABCD 1a hinh vuéng tdm O c6 canh a. M 1a mot diém bat ki trong mat phang. Khi do:
a) OC = A0
b)| AB+OD |= A0
¢) | AB-OC+O0D|=0
d) D6 dai vecto MA—MB—MC +MD bing DC

Loi giai
‘ a) Dung ‘ b) Dung ‘ ¢) Pung ’ d) Sai ’

B 5

D C
a) Tacod OD =BO = AB+OD = AB+BO = AO
| AB+OD |= AO
Ta c6 OC = AO suy ra E—R#O—D:E—A—O+O—D=@+O—D=6:>|E—O—C+O—D|=O
b) Ap dung quy tic trir ta co
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CHUYEN DPE IV —- VECTO

—_— — — —s — —

MA—-MB—-MC+MD =BA-DC

Lay B la diém ddi ximg ctia B qua 4

Khi @6 —DC = AB' = BA—DC = BA+ AB = BB’
Suy ra |W—W—M—C+m|:‘ﬁ‘=33’

Cho tam gidc ABC déu c6 canh bang 3a . Khi do:

a) AO:3a§
b) [4B - AC|=2a
o) [4B~CB-AC| =0
d) ‘E+R*\=a\/§
Loi giai
‘ a) DPung ‘ b) Sai ‘c) Dl’lng‘ d) Sai ‘

A

3a 3a

D
Ta ¢6: AB— AC =CB =| AB— AC |<|CB|= CB =3a
AB—-CB—AC=AB—-AC-CB=CB-CB=0
=|AB-CB—-AC|=0
Dung hinh binh hanh ABDC , Theo qui tc hinh binh hanh ta c6 AB+ AC = AD Goi O la giao

3

diém ciia AD va BC,Taco AO=3a7 =| AB+ AC|= AD |= AD =240 =3a/3

Cho tam giadc ABC véi tryc tim H. D 1a diém ddi xtmg voi B qua tim O cua dudng tron
ngoai tiép tam giac ABC . Khi do:

a) OB = DO
b) CH//DA
c) HA=AC
d) AD=HC
Loi giai
| a)Ping | b)Ping | ¢)Sai | d)Pung |

Ta co BD la duong kinh — OB =DO.
AH 1 BC,DC 1 BC= AH//DC (1)
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Talaic6 CH 1 AB,DA L AB=CH /DA (2)
T (1) va (2) = T gide HADC 14 hinh binh hanh = HA = CD, AD = HC .
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