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VECTO

BAI 9: TICH CUA VECTO VOI MOT SO

| CHUONG |¢

@ HE THONG BAI TAP TRAC NGHIEM.

Caul: Cho tam gidc ABC vdi trung tuyén AM va co trong tim G . Khi d6 GA bang vecto nio sau

day?

— 22— 2— 1 —
A. 2GM . B. ——AM . C.=GM. D. —AM .

3 3 2
Loi giai

e 2

Ta co GA:—EAM
A
B i C

Cau2: Cho AABC véitrung tuyén AM va trong tim G . Khi d6 dang thirc nao ding?

A.A—G=%G—M. B.E=—%W. Q.E=§W. D.E=_§m.
L(‘)’igiéii
C

A
N
B

Vi G la trong tim AABCnén AG = %m.

Cau3: Cho doan thing AB c6 trung diém [ . Trong cac khang dinh sau, khing dinh nao dung?
A. A-TB =0. B. Li=IB. C. i=Bi. D. = 4B.

Loi giai
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7]

I
Do 7 latrung diém 4B nén A4 = BI va hai vecto IA va BI cung hudng nén IA=BI.

Ciu4: Dang thirc vécto nao dang véi hinh vé sau?

A C B
im e e . > 1
A. BC=4AC. B. Fc:-ifc. C. ﬁ:%fc. D. BC=—44C .
Loi giai

Quan sat hinh vé ta thay: ‘B—C‘ = 4‘A—C‘ va BC, AC cung phuong va nguoc hudéng nhau.

= BC=—44C.
Cau5:  Cho hinh binh hanh 4BCD tdam O. Chon khang dinh ding?
4 B
0
D c
A.DO--DB.  B.AO=--dC. C.AO=--Ci.  D.0d=2BD
Loi giai

C6 40,CA nguoc huong va ‘TO‘ :%‘a‘ nén A :—%64.

Cau 6: Cho tam giac ABC, M la trung diém cua BC . Hay chon khang dinh dung trong cac khang dinh
sau?
A. AB+ AC=2AM . B. CA+BA=2AM .

C. BC+BA=2BM. D.CA+CB=A4B.
Loi giai

Tacd AB+ AC = AM + MB + AM + MC =2AM .
Cau7: Cho tam gidc ABC trong tim G . Pang thic nao dudi day diing ?
A. AG+GB+GC=0. B.GA+GB-GC=0. C. GA—-GB-GC=0.D. GA+GB+GC=0.
Loi giai
Do G la trong tam tam gidc ABC nén ta co GA+GB+GC =0.

Cau8: Trén doan thing 4B liy diém / sao cho AB=4AI . Chon khang dinh DPUNG.

A 1 B

A. AB=—-4Al . B.E=—§E. C. IB=3I4. D. [B=-3I4.
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Loi giai

Do 2 vecto 1B, 14 nguge huéng va IB =314 nén IB=-3IA.

Cau9: Cho tam giac ABC c6 M la trung diém cia BC. Ménh dé nao sau day dung.
A. AB+AC=AM. B. AB+AC=MA. C. AB+AC=2AM . D. AB+ AC =2A4AM .
Loi giai
Ta c6: Vi M la trung diém BC nén: AB+ AC =2AM
Cau 10: Cho tam giac ABCbiét M va N lan luot 1a trung diém cac canh 4B va AC . Hay cho biét khing
dinh nao sau day la ding?
A. MN =2BC. B. AC=24AM . C. MN =-2BC. D. BC=-2NM .
Loi giai

A

B C

Dua vao hinh v& va BC =2MN nén ta c6 BC =—2NM . bap an D

Cau 11: Cho tam giac ABC vdi trung tuyén AM vatrong tim G . Tim s6 thuc & théa méan GA=kGM.
A.l. B. —l. C. 2. D. 2.
2 2 B
Loi giai

A

G

B M
Vi GA=2GM , GA va GM nguoc hudng nén GA=-2GM. Vay k=-2.

Cau12: Néu ! 1a trung diém doan thang AB vy IA=FkAB thi gia tri cua k bang

A. 1. B.l. C.—l. D. —2.
2 - 2
Loi giai

Chon C

1 - - 1-—= 1
Tacd IA = EAB va IA, AB ngugc hudng. Vay IA = —§AB = k= —3

, s 1 2
Cau 13: Cho doan thang 4B va M la mot diém nam trén doan AB sao cho AM = ZAB. Phat biéu nao

sau day la dung:
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— S P 3

A. AM:—ZE. B. MA:EMB. C.W:Zﬁ. D. MB=-3MA.
Loi giai
Chon D

A M B

S S 1 S .
Vi AM cung huéng ABma AM :ZAB nén AM =iAB

Vi MA nguoc hudng MB ma MA =%MB nén MA = —%m

Vi MB nguoc hudng AB ma MB:%ABnén mz—%ﬂ

Vi MB ngugc huéng MA ma MB=3MA nén MB=-3MA.

Céu 14: Cho diém M trén doan AB sao cho AM zéAB . Khang dinh nao day sai?

— 2 1 S —

A. MB:-EE. B.W:EE. C. MB=2AM . D. AM == BM.
Loi giai

Chon A

Ta c6 diém M trén doan AB sao cho AM :%AB nén

m%ﬂe@ﬂﬂm:%@@m:_%@@m:%@.

Do d6 khang dinh A4 sai.

Cau 15: Cho ba diém phan biét 4,B,C. Néu AB=-3AC thi ding thirc nao dusi day ding?
A. BC=44C. B. BC=-44C. C. BC=-2AC. D. BC=2AC.
Loi gidi
Chon A

B A C
e -

Tir ddng thire AB=-3A4C suy ra ba diém A4, B,C thang hang; AB vi AC nguoc huong;
AB=3A4C nén BC=4AC.

CAu 16: Goi M, N lan luot 1a trung diém cua cac canh 4B, AC cua tam giac déu 4BC. Béng thirc nao
sau day dang?

A. MA=MB. B. 4B—=AC. C. MN=BC. D. \B?\zz\m\.

Loi giai
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Cau 17:

Cau 18:

Cau 19:
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Chon D

B C

Ta co MN la dudong trung binh clia tam gidc 4BC .
Do do BC =2MN = [BC|=2[MN|.

Cho hinh tam gidc ABC. GoiM ,N,P lan luot 1a trung diém cta BC,CA,AB. Hoi

AP+ AN — AC+ BM bing
A. MN. B. 0. C. MP. D. PN .
Loi gidi

Chon B

_—

Vi APMN 12 hinh binh hanh nén theo quy tic hinh binh hanh ta c6 AP+ AN = AM .

_— — — —s s —

Cho diém B nam giita hai diém A va C, AB=2a, AC = 6a.Khang dinh ndo sau day la ding?
A. BC=44C. B. BC=AB. C. BC=-24B. D. BC=-2BA.
Loi giai
Chon D
Do diém B nim giita hai diém 4 va C nén BCva BA nguogc huéng.
AB=2a, AC=6a = BC=4a=2BA
Vay: BC=-2BA.
Goi CM la trung tuyén ciia tam giac ABC va D la trung diém ctiia CM . Dang thirc nio sau day
ding?
A. DA+DB+2DC=0. B. DA+ DC+2DB=0.

C. DA+DB+2CD=0.D. DC+DB+2DA=0.
Loi gidi
Chon A
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BS C

Ta co

Do M la trung diém cua AB nén DA+ DB=2DM .

Do Dla trung diém cua DC nén DM +DC =0.

Khi do
m+ﬁ+2D—C:2W+2R:2(W+D—C):2.6:6.

Cau 20: Cho tam gidc ABC va M 1a trung diém cta canh BC. Tong AB+AC+AM 1a

A.34B. B. 24M . C. 34M . D. 3AC.
Loi gii
Chon C
A
B C
M

AB+ AC + AM =2AM + AM =3AM

, 1 .
Cau 21: Cho doan thang AB co M val thudc doan AB sao cho MB ZSAB’ I1a trung diém canh

AM | Ding thirc nao sau day dang?

A. BM =2BI . B.TA’:—%W. C. AM+AI=24B. D. IB=2IM.
Loi giai
Chon D
L - - -
A i M S

1 .
M thudc doan AB: MB = EAB , I la trung diém canh AM suyra IB=2IM .
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Cau 22:

Cau 23:

Cau 24:
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B/ /M _.
— [B=2IM .

Tacod <, .
‘IB‘ - 2‘1M‘

Cho tam giac ABC c6 trung tuyén AM va trong tim G . Khang dinh ndo sau day 1a dung?
A

G
A M C

A. AG:%(EJFE). B. E=%(E+E).
C. AG=2MG. D.G—M:%G—A.

Loi giai
Chon B

Ta co A—GZEAM zgé(ﬁ+ﬁ):%(ﬁ+ﬁ) Vay khang dinh B 1a dung.

Cho hinh binh hanh ABCD tam [ ; G 1a trong tdm tam giac BCD. Pang thirc nao sau day sai?
B

C

A D

A. AB+ AC+AD=34G. B. ‘@+B—C‘=\E+D—c‘.

C.|BA+DA=BC+DC.D. [A+IB+IC+ID=0.
Loi gidi

Chon C

+C61a G 1a trong tAm tam gidc BCD nén ap dung tinh chat trong tim ta co
AB+ AC + AD =3AG nén A dung.

+ B4+ BC|=|BD| = BD;| DA+ DC|=|DB| = DB nén B ding.

+ Ap dung tinh chét trung diém ta c6 14+ IB+ IC+ID =0 nén D dung.

+C6 BA+DA=CB+CD =CA;BC+DC = AB+ AD = AC nén C sai.

Cho tam giac ABC c¢6 M thudc canh BC sao cho CM =2MB. Pang thirc nao sau dy ding?
A AM =~ 4B+ AC. B. AM = 4B+ AC.
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C. AM =—AB+—-AC . D. AM =—AB——-AC.
3 3 3 3
Loi giai
Chon C
B
M
A C

Ta ¢ m:@+W:ATB+§B—('::@+§(E_@):§E+§E

Céu 25: Biét tam giac ABC c6 AM la dudng trung tuyén va G 1a trong tam. Pang thirc ndo sau day
dtng?

l— 1—

A. GM == AB+—-AC. B. G—M:1@+1A—C.
3 3 = 6 6

C.GM =14B+14c. p. Gr=24B+24cC.
3 2 3 3
Loi giai
Ta co: M latrung diém BC nén véi diém G 1a trong tam, ta co:

AB + A4
2

GM=%AM c>GM=%.

hay GM = AB+EAC.

1
6

Cau 26: Cho ba diém M, N, P duoc xac dinh nhu hinh vé& dudi day. Khi d6 véc to MN bing

N M F
A. 4MP. B. %W. C. 3PM D. %W.
Loi giai

Tacd MN va PM 14 céc véc to cung huong va MN =3PM < MN =3PM .
Vay MN =3PM .

Cau27: Cho a#0 vadiém O.Goi M, N 14n luot I hai diém théa man OM =2a va ON =—3a . Khing
dinh nao sau day dung?

A.MN=aq. B. MN =5a. C. MN=-5a. D. MN=—a.
Loi giai
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Chon C

Tac6 MN =ON—-OM =-3a—2a=-5a.

Cau 28: Cho C nim giita 4 va B sao cho AC =3CB . Ménh dé nao sau day dung?

A. AB=4BC. B.E=_T3A—B. C.ﬁ}=§B—C. Q.RE—%A—C.
Loi giai
Chon D
A c B
o— : —e—+—e

» AB=4BC va AB nguoc hudng BC nén AB=-4BC.Do d6 dap an A va C sai.

>AC:%AB va AC cung huéng AB nén E:%E. Do d6 dap an B sai.

>BC=§AC va BC ngugc hudng AC nén B—C=—%A—C. Do d6 déap an D dung.

Céau 29: Cho tir giac ABCD. Goi E,F lan luot 1a trung diém cua BCva AD, I 1a trung diém cua EF .

Ding thirc nao sau day ding?

A. IA+IB+IC+ID=0. B. IA+IC=IB+ID.
C. FA+EB=FD+EC.D. IA+IB+IC+ID=2EF .
Loi gidi
Chon A
B E
C
|
, U D
A il r L

Ta co: E+E+E+E:(B+I—D)+(I§+I—C):21?+2ﬁ7:2(17+If):2.6:0.

Cau 30: Cho tam gidc ABC. Goi M la diém trén canh AC sao cho MC =2MA . Khiang dinh nao sau day
dang?
—  2— 1= — 2— 11—
A. BM:—EBA+§BC. B. BMZEBA—EBC.

C W:%ﬂ%B_@. D. W:-%ﬁ-%%.

Loi giai

Chon C
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A
M
B C

Tact: BM = BA+ AM = Bi+ AC=BA+< (4B +BC)=>Bi+ BC.

Cau 31: Cho tam giac 4BC.Piém P thoa 3PA+4PB =0. Dang thtc nio sau day dung?

A.ﬂazgﬁ. B.ﬁzgﬁ. c.ﬂ»:%@. D.E:%E.

Loi giai

Chon B
Tac6 3P4+ 4PB =0 3PA+4(Pd+ AB) =0 > 74P =44B < AP = AB.

Cau 32: Cho hinh chit nhat ABCD c6 E 1a trung diém BC.Khi d6 BA+2EC bing

A. DB. B. AC . C. BD. D. DE.
Loi giai
Chon C
D
A ]
O 4
B E C

Ta c6: BA+2EC =BA+BC =BD.
Cau 33: ChoA4BC c6 dudng trung tuyén AM . Khang dinh nao sau day dang?
A. AM =AB+2BM . B. W:—%(E}+A—C).

C. m:%@_rcy D. W:%(EHTC).
L(‘)’igiéii

Chon D
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: S [ A —
vyMwammgmandmmmnABn@uwoAB+AC=2AM:%M4:5@w+AC)

Céu 34: Cho hinh binh hanh ABCD ¢6 M 1a trung diém DC, G 1a trong tAm tam giac ABC . Goi H

thudc tia doi cua tia BC. Biet G, H, M thang hang. Tinh H—g

A2 B. 1. c. L.
2
Loi giai

Goi BH =xBC.

+) MG =MD+ DG =1 CD+ > DB = - CD + > (CB - CD) = 2 CB -~ CD.
2 3 2 3 3 6

+)@':@+BH:%DB+Q:BC:% CB—CD +12BC —

L _sleB-Lteop
3 3

Vi Ba diém M, G, H thing hang nén GH,MG cung phuong

1, 1 1
o 3 =3 &3 :2<:>1—$:£<:>x:—1.VéyH—C=2.
2 17 2 37 3 HB
3 6 3

Cau 35: Cho tam giac ABC vudng can tai 4 ¢6 BC =a. D¢ dai cua %E +6AC bang:

A Ba B. 3¢ C.BJZf D.BJZf
4 2 =4 2
Loi giai
Chon C
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-‘?..—

M

A C N

Lay cac diém M ; N sao cho Wz%@; AN =6A4C.

5 5 BC 5v2a 35

AM = 4B =2 2= =22 AN =64C - 6.5¢
- 224 2

Goi 7 1a trung diém MN .

13\/§a
IR

— %E+6TCHW+E‘:‘2/1—1‘:2A1=MN= AM? + AN? =

Cau 36: Cho tam gidc ABC 1a tam gic déu canh 2a v6i G 1a trong tam. Tinh ‘@ + @‘

A. 2aJ§_ B, 43 C. & D. a3 .
3 2 3
Loi gidi
Chon A
A
& ‘ c
B M

Goi M 1a trung diém cua BC .
Ta c6: GA+GB+GC =0= GB+GC =-GA

2 J_ 2a\3

:‘@#G—C‘:‘—@‘ GA_—AM_—2 — =
3 3 3

Cau 37: Cho hinh vuéng ABCD canh bang a . D6 dai ctia vecto AB+ AC+ AD bang

A. 3a. B. 2a+/2 . C.a\2. D. 2a.
Loi giai
Chon B
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A a B

D C

Ta c6 E+E+E=(E+E)+E=E+E=2E.

Suy ra ‘E+ZI+E‘ =2‘R" =24C =2a2.

Ciu 38: Cho hinh thoi ABCD c¢6 AB=a, ABC =60°. Piém G la trong tdm tam gidc ADC . Tinh

‘B—G" theo a .
A. 2‘6". B.@. c.@. D. a
3 2 3
Loi giai
Chon A
A
B - D
o G
(&

Do ABCD 14 hinh thoi canh @ va ABC=60° nén tam gidc ABC la tam giic déu canh . Suy

ra OD=0A=Q:>0G=O3—D:§:>BG: “f+ “f: 2"3‘5 .

2

Do d6 \E‘\:BG: z‘f" .

Céu 39: Cho hinh vudng 4BCD canh @ . ¢ dai cta vecto 4B+ AC 13;

A. é . B. 2"5*6 . C. a\2. D. a5 .
Loi gidi
Chon D
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A a B
I
D C

Goi 7 la trung diém cua BC. Theo quy tic trung diém, ta c6: AB+ AC =241 .
2
a a5
Xét tam giac vuéng ABI : Al =N AB* + BI’ :,’a2 +7 :T\/_ .
Suy ra ‘22‘ =av5. Hay ‘E+R‘ =a5.

Cau 40: Cho tam giac ABC gy canh 4, ¢co G la trong tam. D§ dai vecto V= GA+GB

A =2 B. Mzz_a_ C. ‘;‘Jmﬁ_ D. Mzﬁ
3 3 3 3
Loi giai
Chon D
c
F E
A D °B

Goi Dla trung diém ctia 4B . Khi do:

v=Gi+GB =2.GD = | =2|GD| - 26D =% €D

2
:%JACZ—ADZ =§ /az—(%) =a33.

Cau4l: Cho tam gidc ABC vudng tai 4 va AB=2, AC =3.Do dai ctia vecto BC+ AC bing

A.5. B. 40. c.\13. D. 2410
Loi gii

Chon D
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B
1
1
ALl C
3

Tacé BC+AC=-2CI véi I 1atrung diém 4B.

Vay |BC+AC|=2|Cl| =21 +3* = 2410

CAu 42: Cho tam gidc ABCvudng tai A c6 AB=5,4C=6. Tinh |4B +24C|

A 17. B. J/61. C.13. D.12.
Loi giai
B D
5 5
6 C 6 E

Trén tia AC lay diém E sao cho 4E =2AC =12 . Dung hinh chit nhit ABDE .

Suyra ED=AB=5

Ta c6 ‘EMR“=‘E+E‘=‘TD‘=AD=\/AE2+ED2 —J52 1122 =13

Cau43: Cho tam gidc ABCvudng tai A, AB =3, AC = 4. Do dai vecto 4B+ AC bing

A. 7. B. 5. C.z. D.E.
- 2 2

Loi giai

Chon B

Ta co ‘ﬁ +AC| = ‘2@‘ =24H ,voi Hlatrung diém BC

= BC =+ AB? + AC*> = /3> +4* =5
Cau 44: Cho tam giac ABC ¢4 trong tam G . Khi do:
SN R 1 ] —
A. AG=1AB+1AC. B. AG=—AB+—-AC.
2 3 2 2

c. 4G='7B+17¢. v.ac=1a8+1ac.
— 3 3 3 2

Loi giai
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T

b | 0

Chon C
Goi M 1a trung diém BC.

Khi d6, ta co: AM :%A—B+%R‘

S W,
Vi G la trong tam tam giac ABC nén AG = & AM

— 1

— AG==-AB+-AC.
3 3

Ciu 45: Cho tam gidc ABC c6 M la trung diém cua BC. Tinh AB theo AM va BC.
A AB =AM ~BC. B. AB=AM+_BC. C. AB=BC+_AM. D. AB=BC—-AM.
Loi giai

Chon A

Ta ¢ @:WH\WBZW_%E

CAu 46: Cho hai vécto G va b khong cung phuong va vécto m=a— 2b . Vecto nao sau day cung phuong

v6i m?

A. =G +4b. B.ii=—4i+2b. C ﬁ:%55+55. D. 7 =10G—55 .
Loi gii

Chon C

Vi 1;:_755+55 thi ;1=6—25=%2[%55+55j=%22 suy ra hai vécto m van cung

phuong.

Cau 47: Cho AABC, goi M la diém trén canh BC a0 cho MB=2MC  Biét MA=aCA+bCB  Tinh

a+3b.

A.a+3b=§. B. a+3b=4. C.a+3b=0. D. a+3b=2.
Loi giai

Chon C
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Cau 48:

Cau 49:

Cau 50:

Trung tim BDVH Unix Thang Long - Website: trungtamunix.edu.vn - zalo: 0835.221183

Thiy Lé Viét — Tw duy Kién tao — Giap em giéi toan, Ciing em chon nghé

A
o o
B M C
| a=1
MA:CA—CM:CA—ECB: 1=a+3b=0.
K

Cho tam gidc ABC. Goi M 1a diém trén canh BC sao cho MB =3MC . Khi d6 biéu dién cua
AM theo 4B, AC la

A Ai=‘aB-3ac b am=Lap+lac
4 4 2 6

1— 1-—— . [

C. AM =—AB+—-AC. D. AM =—AB+—AC.
4 6 - 4 4
Loi giai
Chon D

Ta co m:E+W=E+%%:E+%(ﬁ_@’):%ﬁ+%ﬁ'

Cho tam giac AB  C. Trén canh BC lay diém M sao cho BM = %R’ Lay N latrung diém cua

AM . Phan tich véc to CN theo 2 véc to @, CB

1 — 1= SEN P

A.CN=—CA+-CB. B.CN=-CA+-CB.
4 8 2 4

C.cN='ci+lcB. p.cN=Lci+lca.
2 2 - 2 8

Loi giai

Chon D

Tacod: CN=LCA+LCM=LCA+LCB.
2 2 2 8

Cho doan thang AB va diém I sao cho 341 =5IB. Tim k biét Al =k.AB
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A k=2 B. k=1. C.h=2. D. k=3,
8 3 5
Loi giai
Chgn A

Ta c6 341 =518 > 341 =5(AB ~ Al ) < AT =2 AB =k =
Cau51: Cho AABC c¢6 E 1a trung diém BC, trong tim G . Goi | 1a trung diém AG, M thuoc AB
sao cho 44M = MB . Phan tich CI theo @,@
A Ci-2ca+lcs. B.ci-2ca+lcs.
3 3 5 6
e 2 1 — 2 1
C.Ci==CA+-CB. D.Ci==CA+-CB.
3 2 3 6
Loi giai

Chon D

Taco Ci=CA + Al=CA+(AB+ AC)
— CA+~(CB~CA)-~CA=2CA+~CB.
6 6 3 6
CAu 52: Cho tam gisc ABC va diém | thoa man [4=-2IB . Biéu dién IC theo cic vecto AB, AC.
A. IC=-2AB+AC. B.IC=24B+AC.
C. ﬁ=—§E+E. D. E=§E+E.
Loi giai

Chon C

B C
Ta ¢6 Ez—zﬁ}z:ﬁ:—%ﬂé.
Vay E’:EHZ?:—%EHTC’.
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Cau 53:

Cau 54:

Cau 55:

Trung tﬁm‘BDVH Unix Thiang Lopg - Website: trungtamunix.edu.vn - zalo: 0835.221183
Thay Lé Viét — Tw duy Kién tao — Giup em gioéi toan, Cung em chon nghé

Cho tam gidc ABC, diém M nam trén canh BC sao cho BM =2MC . Biéu dién vecto AM

qua hai vecto AB vi AC ta duogc

A W:%Zﬂ%%. B. W%E%E.

c.m:lﬁ+lA_C’. D. AB:lE+EE.
2 2 4 4

Chon A

o o F,

[ws)

Taco AM = AB+ BM = AB+ BC = 4B+ (AC—AB)= AB+2 AC -3 AB = AB+7 AC

Véym=%ﬁ+§z?.

Cho tam gidc ABC véi M 14 trung diém cta BC, I 1a trung diém ciia AM . Khing dinh nio
sau day la dang?
A. Al =*(4B-4C). B. Al =~(4B+4C). C. 4l =~ (4B+4C). D. 4 =1 (4B - 4C).
4 7 4 2 2
Loi gii

Chon B

. S -
Do M latrung diém cua BC nén ta c6: AM :E(AB+AC)

Do I 14 trung diém ciia AM nén ta co: Z=%W=%<TB+E)

Cho tam gidc ABC. Goi M,N 1lan luot trén hai canh ABva BC théa min
AM =3MB, BN =2NC .

Ping thirc ndo sau day dung?

A MN=LAB-2BC.B. MN=24B-2BC.
4 3 4 3

C. MN=24B+2BC.D. MN=-L4B+2BC.
- 4 3 4 3

Loi gidi
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Chon C

Ta c6. m:ﬁv_ngﬁ:&@:%ﬁ%g—c.

Cau 56: Cho tam gidc ABC, N la diém x4c dinh béi hé thie CN = %R’ , G latrong tm tam gidc ABC

. Phan tich AC theo AG va 4

D [ E S [

A. AC=—AG-—-AN. B. AC=-AG—-—AN.
3 2 4 2

C. AC=2AG+L4N. p. AC=24G+L AN
- 4 2 3 2
Loi giai
Chon C
A
B 7 c N

Goi I 1a trung diém cia BC = IC = %R’

Ma ﬁv:%ﬁ:ﬁ:ﬁ

= Cla trung diém cia IN

- 1= 11—
= AC=—Al +— AN
2 2

Lai co: E=%E

— - 1 —

= AC=—=AG+—AN .
4 2

Ciu 57: Chotam giac ABC. M latrungdiém BC, N ladiém trén canh AC sao cho AN =2CN . Ménh
d@é nao sau day dang?

A MN=—Y2uac+1 4B, B. MN =L 4C+14B.
6 2 6 2

5—— 1-— . [EE

C. MN=2AC—=AB. D. MN == AC —— AB.
6 2 = 6 2

Loi giai
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b | 0
Chon D
A
N
c

M

Tacé: MN=CN-CM =+ AC+~BC =2 4C+1(4C-4B)=1ac-1 4B
3 2 3 2 6 2

Cau 58: Cho tam gidc ABC, goi M 1a diém théa man BM = %B—C, goi N latrung diém ciia AM . Biéu
dién véc to BN theo hai véc to 4B, AC ta duogc
7 . 3.

A.BN=—AB-2AC. B. BN=——AB+> AC .
8 4 = 8 8

7 3 . 3

C. BN=—AB->AC. D. BN=——AB+> AC.
8 8 8 4

Loi giai

Chon B
A
N
LT
Vi N la trung diém cia AM nén ta cd
BN=1BM+~Bi=~2BC-L4B=>(4C-AB)-~ AB=>AC-L4B.
2 2 2 4 2 8 2 8 8

Cau 59: Cho hinh binh hanh ABCD, bidu dién DC theo AC va BD.

1] — N

A,56=EAC+EBD.B.BEz%ZE—EB.

C.0C=24¢- 85 p.DC=Luc-lBp.
2 2 - 2 2

Loi giai

Chon D
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A B

0

D C

1 ]

Tacs: DC=DO+0C= DB+ ac=L4c-13D.
2 2 2 2

Céu 60: Cho tam gidc ABC. Liy diém N thudc canh BC sao cho NB = %BC.

Hay phan tich AN theo céc vécto AB va AC.

A AN= 7B 24¢. B. AN=14B_2UC.
3 3 6 6

C. AN=2AB+24C. D. AN=-L4B+2uC.
- 6 6 6 6
Loi giai
Chon C
A
B ———p

Taco N thudc canh BC sao cho MB = %BC — CN = é@

.5

AN = AC+CN = AC+~ CB = AC +~ (4B~ AC) =~ 4B+ AC.
6 6 6 6
e 1 55—
Viy AN =—AB+=AC.
6 6

CAu 61: Cho hinh chit nhat 4BCD | tam O. Goi M, N 14n luot 1a 1a trung diém cia O4va CD . Biét

W\/‘za.ﬁ%—b.@_’fiﬂl a-+b.

A. a+b=1. B.a+b:l. C.a—l—b:g. D.a+b:l.

- 2 4 4

Loi giai

Chon A
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A B
]
[+] C
A.Tacd

VN:W+E+WV:7%E+E+%W

1 - —= == 1——> 1—— 3
— —— AB+AD +AD+— AB—— AB+- AD.
4 2 477 4

Vay a+b=1.
Céu 62: Cho AABC.Goi M,N,P lan luot 1a trung diém cua BC,CA, AB . Phan tich AB theo hai vecto
BN va CP
2 4 4— 2

A. AB=—-BN-—-CP.B. AB=——-BN—-=CP.
3 3= 3 3

C. TB:%W-%E’J. D. A—B=_§m+§c—p.

Loi gidi

Chon B

C

Goi G 1a trong tam tam gidc ABC.Tac6 AB=GB—GA=2GB+GC
P QG J—
Ma GB=—§BN;GC=—§CP

Do dé TB:—%W—%C—P

Cau 63: Cho hai vecto @ va b khong cung phuong. Hai vecto nao sau day la cung phuong?

A.&:2&+3Bva§:%&—37). B.;:§a+3zva;zza_§z;.
- 2 - - - 3 - 1= 1=
C.u==a+3b vav=2a-9b. D.u=2a—-=bvav=——a+—>b.
3 - 2 3 4
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Loi giai

Chon D
Ta thiy:

2, ) 4
Phuong an A sai vi | 13/ 2 ma 4 = —1 nén u khong cung phuong véi v.

=1

-3

(3/5 3

. 10 3 —~ -
Phuong an B sai vi 23 10 ma 0 = —9 nén u khong cung phuong véi v
= -5

-3/5

2/3 1

5 3 1 -1 -~ -
Phuong 4n C sai vi 1 32 ?i ma 3 = 3 nén u khong cung phuong véi v

-9 3

2 —_—
vi 11 /3 \ o An T o o
1 372 ma —6 = —6 nén u cung phuong vé1 v.
—6
1/4

Cau 64: Cho tam gidc ABC, D la diém thudc canh BC sao cho DC =2DB. Biét AD=mAB+nAC.

Tinh 2
n
A
c > B
A.l. B. 2. C.l. D._—Z.
3 - 2 3
Loi giai
Chon B
A
c e > B

Goi E la trung diém cua DC . Khi d6 D 1a trung diém cua BD.
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Cau 65:

Cau 66:

Trung tﬁm‘BDVH Unix Thiang Lopg - Website: trungtamunix.edu.vn - zalo: 0835.221 183
Thay Lé Viét — Tw duy Kién tao — Giup em gioéi toan, Cung em chon nghé

(AC+AD) Ly By Ty, Miklyy:
2 4 4 2

Ta co: AT):lE+—TB:l l

2 2 272

~3up=Lucilip=ap-Luc+2 4B
4 4 2 3 3

Cho hinh chit nhat ABCD. Goi M, N lan luot 1 hai diém nam trén hai canh 4B va CD sao
cho AM =2BM, CD =2CN .Giastt BN = a.BA + b.BC va MN = c.BA + d.BC . Tinh téng
S=a+b+c+d?

A S=L §.S=§. c.s=21 D.s=2.
2 3 6 3
Loi giai
Chon B
B M A
C N D

Ta co:

+)ﬁsz—C+chzB—C+%@:B—C+%B71=%E1+E:a:%;bzl.

#)MN = Md + AN =2 Bd+ - (AC + 4D )= % BA-+- (4B + 24D)

~ 2BA+1(-BA+2BC) = 2BA-1Bi+BC=1Bi+BC »c=1id=1.
3 2 3 2 6 6
Vay S:l+1+l+1:§.

2 6 3

Cho tam giac ABC. Goi D,E 1an luot 1a cac diém thoa man: BD = %E‘ , AE = iA—C Goi BE

cit AD tai K. Tisd AK bang
AD

A2 B. > et D. >

13 11 11 13
Loi giai

Chon A

25| Th.s Lé Viét (GV toan THPT Thing Long, Ha Ni) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



OJ%F{O]
g::sﬁ%?“ e
k3 "-'}-..:;.:; )
' -*?.."E

Cau 67:

Trung tﬁm‘BDVH Unix Thiang Lopg - Website: trungtamunix.edu.vn - zalo: 0835.221183
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Vi AE=14C=BE=1BC+2Bi ().
4 4 4
Gia st R:x.ﬂ):ﬁ:x.ﬁ)+(l—x)ﬂ.
5= 352 . mm 3X == —
Ma BD:ZBC nén BKZT.BC+(1—x).BA.
Vi B,K,E thang hang (B khong tring E ) nén ¢ m sao cho BK =m.BE .

Do d6 ta co: >~ BC+(1-x).BA=""BC+>" B4 . Hay | ™ - |BC+[2" +x-1|Bi=0.
4 4 4 4 4 4

m 3x 12

———=0 m=—

Do BC, BA khoéng cung phuong nén ta co: 4 g = 13.

m 4

—+x-1=0 xX=—

4 13
vay 4K _4
AD 13

Cho tam gidc ABC. Ba diém M, N, P thoa man
MB +2MA = 6, NA+ NC = 6, 4BP+BC=0. G la trong tam tam giac MNP . Phan tich vecto
AG theo hai vecto a = AB, b= AC ta dugc AG =xa+ yl; . Tong x+y bang

Al B 13 c. 3 p. L.
13 11 11 — 18
Loi giai
Chon D
Ta co:

MB + 2MA =0 < AB~ AM ~24M =0 < AM =~ 4B Hay AM =_a.

N—A+N—C:6®—W+E—T\/:6®W:%A—C.Hay—N: b

N | —

4BP+BC =0 4( AP~ AB)+ AC— 4B =0 & AP=2 4B~ AC Hay AP=2ab.

Mait khac, do G 1a trong tdm tam giac MNP nén ta co AG = %(W + AN + A—P) .
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Cau 68:

Cau 69:

Trung tﬁm‘BDVH Unix Thiang Lopg - Website: trungtamunix.edu.vn - zalo: 0835.221183
Thay Lé Viét — Tw duy Kién tao — Giup em gioéi toan, Cung em chon nghé

Suy ra A—G:QZH—B :>x:Q,y:L.
36 12 36 12

Viay x+y=%.

Cho  hinh  binh  hanh ABCD. Ba  diém  M,N,P  théa  min
]\74+3W3=6, 2m+3m‘=6, PM +2PN =0. Phan tich vecto AP theo hai vecto
a:ﬂ?,gzﬁ ta duoc

—— 39~ 21 —— 9~ 2 —— 49~ 2 — 79~ 2-

A. AP=—a+—b. B. AP=—a+—b. C. AP=—a+—b. D. AP=—a+—b.
60 60 15 15 52 52 - 60 5

_—  —  — —s — — —

m+3m:()<:>—W+3(A—IB—W):()<:>W:ZAB:Za.

. 3

2NB+3NC =0 & 2(AB— AN ) +3(AC - AN)=0 > AN =2 AB+2 AC =2 a+>(2a+b)
5 5 5 5

e AN=3a+35.
5 5

P+ 2PN =0 A0 ~ 4P+ (AN~ 4P) =0 < AP =S bt + 2 AN =1 20+ 23435

e ap=La:2%5.
60 5

Vay AP=2a+2p.
60 5

Cho tam giac ABC. Goi [ 14 trung diém ciia BC va G 1a trong tim cia tam giac ABC . Ménh
dé nao dudi day la dung?

A.A—czgmm. E.Aczgmm C.R:%E—E. D.Aczgz_ﬁ.

Loi giai

B I I C

Vi I latrung diém cua BC nén Al = %(E} +R’) .

Goi J 1a trung diém cua AC :>B—J:%(ﬂ+%)
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b | 0

Suy ta A7 + BJ = (4B + AC)+~ (Bd+ BC) = (4B + BA)+- (4C+ BC).
= -+ B = (4C+ Bi+ AC) = (24C+ BG +GA) =1 24C+BG -2 4T |
2 2 2 3

] —

A+ BG= [ 24C+BG 24l | aC=ai+2ai+2BC-LBG.
2 2 3 3 2 2

:>AC=§Z+E.

Cau 70: Cho tor gidc ABCD. DPiém M thudc canh AB, diém N thudc canh CD va thoa man

]\Aj_g = % =4 . Khang dinh nao sau day la dung khi phan tich MN theo hai vecto 4D va BC

?

A W\/=é@+%8—c. B. széﬂ)—%ﬁ.

1] —

C.MN=LaD+3BC. 0. MN =L 4D -3 BC.
4 4 4 4

Loi giai

A "D

Vi diém M thudc doan 4B, N thudc doan CD va théa man AAj—‘Z = % =4 nén suy ra

MA =—-4MB hay MA+4MB =0 va DN =—4CN hay DN +4CN =0.
Ta co
W=W+E+ﬁ\f’
MN = MB + BC +CN < 4MN = 4MB +4BC + 4CN .
Cong va vé theo vé ta dugc
5W=(M+4m)+ﬂ>+4ﬁ+(ﬁv+4ﬁv)
& SMN =0+ AD+4BC+0
] 44—

Vay W%E%R.
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Cau 71:

Cau 72:
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Cho hinh binh hanh 4BCD. Goi M, N lan luot 1a hai diém nam trén hai canh 4B va CD sao
cho AB=3AM,CD=2CN va G la trong tdm tam gidc MNB . Phan tich cac vecto AG qua
cac vécto AB va AC ta dugc két qua AG =mAB + nTCf, hay chon dap an dung?

A.m—n:—i. B.m—n:—l. Cm—-n=—. D.m—n:l.
1 6 8 6
Loi giai
Chon A
A B
G
D N C

Do G la trong tdm tam giac MNB nén ta co:

3E:m’+@+ﬁ:§@+@+E+C—NZ§@+E-%@:§@+TC.

Suy ra A—G=iA—B+lE va m=i,n=l:>m—n=——.
18 3 18 3

Cho tam gidc ABC ¢ AC =2A4B . Goi D la diém trén canh BC sao cho AD 1a dudng phén giac
goc BAC, M1a trung diém cta canh AC. Biét DM =xAB+yAC, x,yeR. Gia tri cua

S =2x—y bing
1
A2 B. —. c. -3 p.-L.
6 6 2 6
Loi giai
Chon C
A
M
B D C

2 — l—
Vi M la trung diém ctia 4C nén ta co CM :_EAC'
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b | 0

:W:FC+C—M:FC’—%E’.

D1a chan duong phan giac goc BAC nén ta c6 bC_Ac_ 2
DB AB

— DC =2 BC & DC =~(4C - 4B).
3 3

Do 6 DM == (AC-4B)-~ AC=-> AB+1 AC.
3 2 37776
DM =xAB + yAC khi va chi khi 3.

3
Vay S=2x—y=—§.

Céau 73: Cho tam gidc ABC cb6 G 1a trong tim. Goi M va N la cac diém lan lugt théa min
MA+3MB=0, AN =kAC , keR.Tim k débadiém M,N,G thang hang.

A k=2, B. k=2, C k=2 D. k=2,
3 5 4 7
Loi giai
Chon B

Tac6 MA+3MB=0
@@—GW+3(G7?—GW)=6
& GM =~Gi+>GB.

4 4
Lai co AN =kAC
@W\f—@zk(@—@)
< GN =(1-k)GA+kGC
© GN = (1-k)GA+k(-GA—GB)

< GN =(1-2k)GA-kGB.
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Cau 74:

Cau 75:

Cau 76:
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Ba diém M, N,G thang hang khi va chi khi GN va GM cung phuong.

-2k _—k _ 3
3 5
4

Suy ra T
4
Cach 2:
Néu k=0 thi N=A4.Khidébadiém M, G, N khong thing hang. Suy ra k =0.
Taco AG=~(AB+AC) =< 2ab +1 aN | =27 + LN

3 3 3 k 9 3k

Ba diém G, M, N thang hang khi va chi khi g+% =leok= %

Cho hinh chit nhat 4BCD tam O. Goi M,N 1an luot 1a trung diém cua O4 va CD | Biét
MN =aAB+bAD Tiph a+b

A. a+b=1. B.a+b:l. C.a+b:§. D.a+b:l.
2 4 4
Loi gidi
A D
M
JJV
[6)
B C

Xét MN = MA+ AN =LA+ L ap+Lac=Las+ L ap+ Lap-L 1B+ 24D,
4 2 2 4 4 2 4 4
Do MN =aAB+bAD =

Cho tam giac 4BC ldy diém M trén BCsao cho MB =5MC . Chon khang dinh dung.

] — 1 —

A. AM =~ AB-=AC. B. AM =~ AB—~AC .
4 4 4 4

T 51—

C. AM =—~AB+>AC. D. AM =—> 4B+~ AC .
= 4 4 4 4

Loi giai
Ta c6

MB=SMC > AB ~ AM =5(AC~ AM) & 4AM =~AB + 5AC < AM =~ 4B +2 4C

Cho hinh binh hanh ABCD c¢6 diém N 1a trung diém 4B va G 1a trong tim tam giac ABC.
Hay phan tich vec to GA theo hai vec to BD va NC

31| Th.s Lé Viét (GV toan THPT Thing Long, Ha N§i) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



?;_:%g% Trung tim BDVH Unix Thing Long - Website: trungtamunix.edu.vn - zalo: 0835.221183
iry

,"'I*»,,Ehé Thiy Lé Viét — Tw duy Kién tao — Giap em giéi toan, Ciing em chon nghé

— l—o 22— — = 4—
A. GA=——-BD+—-NC. B. GA=-BD——NC
C. Gi=—1BD-2NC. D. GA—LBD_2NC.

3 3 3 3
Loi giai
Chon A
B c
N
A D

Do N latrung diém ctia AB ta co:

zﬁ:@+aiﬁzﬁ+zm:_§@+§m

Céu 77: Cho tam giadc ABC, M 1a diém théa man 3MA+2MB =0 . Trén cac canh AC, BC lay cac diém
P, 0 sao cho CPMQ 1a hinh binh hanh. Ly diém N trén AQ sao cho aNA+bNQ =0.Khi ba
diém B, N, P thang hang thi a+5b bang:

A. 1. B. 19.. C. 1. D. 20.

Loi gidi

AP _CQ AM 2
AC CB AB 5

Vi MP /| BC,MQ /| AC =

Tacé: AQ=AB+B0 = AB+>BC = AB+2(AC—AB)=24B+2AC =2 B+ AP.
5 5 5 5 5 2

< TN A —_— 2 ——= 3 —

biat AN =x.4A0 . Suy ra: AN=§x.AB+5x.AP.

Do B, N, P thang hang nén §x+%x:1<:>x:1—(9):>f\7:£A—Q

Hay ﬁ:%@@9ﬂ+10@:6.vay a+b=10+9=19.

32 | Th.s Lé Viét (GV toan THPT Thing Long, Ha N§i) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



?;_:%g% Trung tim BDVH Unix Théiing Long - Website: trungtamunix.edu.vn - zalo: 0835.221183
Gk Thay Lé Viét — Tw duy Kién tao — Giup em giéi toan, Cung em chon nghé

b | 0

Cau 78: Cho hinh vudng ABCD, M 1a trung diém ciia BC, N nam trén canh CD sao cho NC =2ND
, H latrung diém ciia MN . Hai diém 7, J lan luot 1a trong tam cua hai tam giac AMN , BCN
.Biét IJ = x.AB+y.AD véi x, yeR.Khid6 3x+6y bing
1

A. 2. B'E' C.5. D. 9.
Loi giai
A D
N
I
H
J
B M c

I 14 trong tdm cua AAMN nén ta cb NI = %(M+N—M) .

Tuong tu, J la trong tdm cia ABCN nén ta co NJ = %(ﬁ? + FC)

Miit khic 1J = NJ — NI = ~(NB+ NC)~~(NA+ N )=~ (NB + NC~ NA - N
3 3 3
— [ (NB - NA)+ (NC - N )| = (4B + MC) =5 4B+ MC.
Ma MC=14D.Dodé I/ =~ 4B+~ AD.
2 3 6
1

1
Suyra x=—, y=—.
Y 37776

Vaytaco 3x+6y=2.
Céiu 79: Cho tam giac déu ABC ndi tiép duong tron tim O, ban kinh bang 2. Goi M 1a diém nam trén
dudng tron (0), do dai vecto MA+MB+MC bang
A. 6. B.2. C. 613 D. 24/3.
Loi gii

Goi G la trong tam cua tam gidc ABC . Khi d6 G trung véi O.

Ta ¢6: MA+ MB + MC =3MG =3MO.

Suy ra: [MA+MB+MC|=3|MO|=3.R=32=6.

Cau 80: Cho tam gidc ABC . C6 bao nhiéu diém M théa méan \M\ = ‘B_C" ?

A. 2. B. 0. C.1.
Loi giai

=
<
(@)
wn
(@)}
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Vi diém M thoa man [MA|=|BC| nén M cach 4 mot khoang bang do dai canh BC. Nhu thé
tap hop cac diém A 1a dudng tron tim A ban kinh BC.
Suy ra c6 vo s6 diém M théa man ‘M‘ = ‘FC‘ .
CAau 81: Cho hai diém phan biét va ¢d dinh 4, B; goi / la trung diém 4B. Tim tap hop cac diém M
thoa man ‘m +m‘ = ‘m —m‘ .
A. Trung tryc cua AB. B. Nua duong tron duong kinh 4B .
C. Buong tron tam 7, ban kinh 4B . D. Buong tron duong kinh 4B .
Loi giai
[V 4 MB| =M - MB| < 2| =[] <5 M1 = B
Vay tap hop cac diém M 1a duong tron dudng kinh 4B .
Cau 82: Cho tam giac ABC déu c6 canh bang 10. Biét tip hop cac diém A/ thoa man
‘M +5MB +4MC ‘ = ‘m —5MB +4MC ‘ 1a mot dudng tron. Hoi dudng tron d6 c6 ban kinh bang
bao nhiéu?

A.N22. B. J19. C. 2:/5. D. \/21.

Loi gidi

D
Ta c6: [MA~SMB +4MC|=|-54B + 44C| = |BA+4BC|=|BK| = BK =1021 voi K la diém
sao cho tir gidc ABDK 14 hinh binh hanh va D diém sao cho BD=4BC.

Goi 1 1a diém sao cho I4+5IB+4IC =0, khi d6 \m+sm+4m:\1ow\:mm.
Tir do: ‘m+5@+4M—C‘:‘M—5m+41\TC‘QIOMI:IO@QM]:@.

T tap hop cac diém A7 1a mot duong tron tim / ban kinh bang \/i .
Cau 83: Cho hai diém phén biét va c6 dinh 4, B; goi 7 la trung diém 4B . Tim tap hop cac diém M
thoa man ‘m +ﬁ‘ = ‘m —m‘ .
A. Trung truc cia AB. B. Ntra duong tron duong kinh AB.
C. Buong tron tam 7 , ban kinh 4B . D. Buong tron duong kinh 4B .
Loi giai
[V 4 MB| =M - MB| < | =[] <> M1 = B

Vay tap hop cac diém M 1a duong tron duong kinh 4B .
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Cau 84:

Cau 85:

Cau 86:
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Cho tam giac ABC. Tap hop tit ca cac diém M thoa méan dang thuc

‘MA+MB+MC‘=%‘AZ1+JW}‘ la

A. Duong trung tryc cua AB .
B. Puong trung truc cia GE v6i G 14 trong tAm tam giacABC ,E 1a trung diém AB .
C. PBuong tron tAm G , ban kinh R =AB vé6i G 1a trong tam tam giacABC .

3
D. Buong tron tam G , ban kinh R = EAB vo1 G 1a trong tdm tam gidcABC .
Loi giai

Goi G 1a trong tdm tam giacABC , E 1a trung diém AB .
Ta co: [Md + MB+ MC]| = %‘MH\ﬁ‘

- 3 _
. ‘3MG‘ - E‘21\/115‘

- 3 _
o 3‘MG‘ - E.Z‘ME‘
SMG =ME
Suy ra, tap hop diém M 13 duong trung truc cia GE .
Cho tam giac ABC. Goi J la diém thudc canh 4B sao cho JB+2J4=0. Tim tap hop diém
M sao cho m+m+ﬂTC‘ :\%uﬂ\

A. M thudc duong tron tam G, ban kinh MJ .

B. M la trung diém cua GJ .
C. M 1a diém thudc 4B, sao cho MJ =MG.
D. M thudc duong trung truc cua doan GJ .
Loi gidi

Ta cd6 MA+MB+MC =3MG véi G 1a trong tim AABC
muwzﬁ—ﬁuﬂ—zﬁ=(TB+2ﬂ)—3Jﬂ=—3Jﬂ

Tir = \WH\WBH\%\:\WMM\ @\3m\=\—3ﬁ4’\@3MG=3MJ@MG=MJ
Vay tap hop diém M 1a duong trung truc cua doan GJ .

Cho tam giac ABC, I la trung diém cia doan AB. Tap hop cic diém M thoa min
[Md + MB|=2MC 1a
A. Puong trung truc ctia doan /C . B. Buong tron tim [ ban kinh IC .

C. Buong tron tam / duong kinh IC. D. Buong tron tdm [ ban kinh MC .
Loi gidi
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A

B C
Ap dung tinh chat trung diém ctia doan thang ta co:
M—'A+ﬁ:2E;»‘M—’A+ﬁ zz‘ﬁf‘ —oMI.
Nén ta duogc: 2MT = 2MC = MI = MC , trong d6 cac diém I,C cb dinh. Khoang cach tir

diém M t6i cac diém I,C bang nhau nén M thudc dudng trung truc cua doan IC'.

Céu 87: Cho tam giac ABC ¢6 G 1a trong tam. Goi J 13 diém thudc canh 4B sao cho JB+2J4=0.
Tim tap hop diém M sao cho MA+ MB +ATC‘ = ‘]\ﬁ + 2]\74‘
A. M thudc duong tron tam G, ban kinh MJ .
B. M la trung diém cua GJ .
. M 1a diém thudc AB, sao cho MJ =MG.

C
D. M thudc duong trung truc cua doan GJ .
Loi gidi

Ta ¢6 MA+MB+MC =3MG véi G la trong tam AABC
Aﬁ+2@=ﬁ—ﬁ+2ﬂ—2ﬁ=(ﬁ+2f4)—3ﬁ=—3W

T = EHWH\TC‘:‘WQM\ @‘3M—G‘=‘—3W‘<:>3MG=3MJ<:>MG=MJ

Vay tap hop diém M 1a duong trung truc ctia doan GJ .

Céu 88: Cho tam giac ABC vudng tai A. Piém M nam trong tam gidc ABC c6 hinh chiéu vudng goc
1an luot trén cic canh 4B, BC,CA theothuty E,F,K . Goi I,J lan luot 1a trung diém cac canh
AB, AC . Tap hop diém M sao cho MF — AE - AK cung phuong voi BC la
A. Poan thang 1J . B.Poan thaing N/ .  C.Poanthing NJ. D.Puodng thing IJ .
Loi giai

B ° C

Goi N la trung diém ctia doan thang AF

Véi moi diém M nam trong tam giac ABC ta c6
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Cau 89:

Cau 90:
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MF — 4E — 4K = MF + (MK + ME) = MF + MA = 2MN

Do MF — AE — AK cung phuong véi BC nén MN cung phuong véi BC suy ra MN cung
phuong véi IJ malaico NelJ nén MN vacod gi4 1a duong thing 1J .

DPiém M nim trong tam gidc ABC suy ra tap hop diém M 1a doan thing IJ .

Suy ra: Dap anA.

Cho tam giac ABC déu co canh bang 10. Biét tap hop cac diém A7 thoa mién
\M +5MB +4MC ‘ = ‘m —5MB + 4ATC‘ 12 mot duong tron. Hoi dudng tron d6 c6 ban kinh bang

bao nhiéu?

A. 22 B. V19. C. 245, D. V21 .

Loi giai

D
Ta c6: [MA~SMB +4MC|=|-54B +44C| = |BA+4BC|=|BK| = BK =1021 voi K la diém
sao cho tir giac ABDK 14 hinh binh hanh va D diém sao cho BD=4BC.

Goi 7 1a diém sao cho IA+5IB+4IC =0, khi do \FA+5A@+4ATC\=\10E\=10M1.
Tir do: M+5m+4]\TC‘:‘W—Sm+4M—C‘©10MI:IOx/ﬁQMI:«/ﬁ.

Ttc tap hop cac diém M 13 mot dudng tron tAm 7 béan kinh bang \/Z .

Cho tam giac A4BC. Hai diém M va N lan luot thudc doan AB va AC sao cho
AM = %AB;2NA =3NC. Goi I,K 1a céc diém thoa min hé thic 2/C =—71B; AK = xAI . Tim
gia tri cia x dé M, N, K thing hang.

9 _13 C 27 9

A, x=—. B. x . . ) .
13 59 - 59 59
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A

B C
Ta c6 : 2E=—7E@2A—C—2§=—7E+7Z@Z=%E§+§R.

ﬁ:xngﬁ%m

Gia thidt AM:%AB:W:%E,
2NA=3NC:>2M=—3ﬁa—2ﬁ=—3%+3ﬁaﬁ=%f€.

Do do M—N:W—W:—%E+§R’

mzﬁ_m=7_xﬂe+ﬁrc_§@=(ﬁ_ij@+ﬁfc.
9 9 7 9 7 9
ZBEREY:
2 . . .14 9 7 0 27
M,N,K thang hang khi va chi khi —3=T<:>—49x+27:10x<:>x=5.
75

Cau 91: Cho tam giac ABC. Goi M, N 1a cac diém thoa mén: AZHW:(), INA+3NC =0 va
BP =kBC . Tim k dé M ,N,P thing hang.

A. k=-3. B. k=4. C.k=-4. D. k=3.
Loi giai

B’ ¢ P
Taco BP = kBC < AP~ AB =k(AC - AB) < AP =(1-k) 4B+ kAC
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] —

W:E-W:EAC—EAB (1)

NTD:IJ—IV=(1—k)ﬂ3+kﬂ:—§fcz(k-%jEJra—k)TB. (2)

Khi d6 M, N, P thing hang thi 3m € R : NP = mMN

3 3m

f—2=2"
k=3
= >3 <:>{ .
1—k=—"2 "=
2
Vay k=3.

Cau 92: Cho tam gidc ABC. Cac diém M , N duogc xac dinh boi cac hé thuc BM = BC —ZE,
CN =xAC - BC . X4c dinh x dé 4, M, N thang hang.
1
A, x=2. B. x=-1. C.XZE. D.x=——.
Loi giai
Ta co:
BM =BC-2A4B < BA+ AM = BC—2AB <> AM = BC — AB
Vi CN =xAC-BC <> CA+ AN = xAC-BC
:ﬁ=—R?+(x+l)ﬁ=—B—C+(x+1)(ﬁ+ﬁ)=(x+l)ﬁ+x.ﬁ7
AM = BC - 4B
Vay <. . .
AN:x.BC+(x+1)AB
X Z \ TV TINT 1 -1 1
bé 4, N, M thang hang thi AM=k.AN,(k¢O):—:—:>x=——.
x x+1 2
Cau 93: Cho tam giadc ABC.Goi M, N, P lacéc diém théa man: MH\ﬁ:G, 2NA +3NC=0 va
BC =kBP .Tim k débadiém M, N, P thang hang.

A k=1, B. k=3. C.k=2 D. k=
3 3

W | W

Loi giai

Ta co:
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Cau 94:
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W:W-W:%TC—%E

NP~ NC-+ CP =3 4C+(BP—BC) =3 AC +[ -1 |BC = 2 C+( 1|4~ 48)
5 5 k 5 k

O Pl L bry:
k 5 k
Pébadiém M, N, P thing hang thi Im e R : NP = mMN

- l_ijz:_[l_l AB =" A" 4p
kK 5 k 5 2

bicu kién:

1
Vay k=—.
1y 3

. « R « R 9 ) —ppd l — 7 « R A
Cho tam giac ABC, M 1a trung diém BC, diém [ thod man A4/ = E(AB+ AC), diém K thuoc

canh AC sao cho B,I,K 14 ba diém thing hang. Khi 46 AK =2 AC, (2 t6i gian, mne N’

n n
), gi4 tri ciia bidu thitc S = m+n+2021 13
A. 2027. B. 2030. C. 2026. D. 2028.
Loi gigi
A
K
1
B
M C

+Taco: Bl = Al — AB =~(AB+ AC)~ 4B =~ AC~> 4B (1).
6 6 6

BK =AK - AB=""AC-4B.
n

Ma B,I,K thing hang nén ton tai 1 s6 k # 0 sao cho BK =kBI

@ﬂﬁ_ﬂa:k(éﬁ_gﬁj@[ﬂ_gjﬁz(l_%@.

n n
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-‘?..—

m_k_, _6
n 6 - 5

Mit khac 4B va AC khong cung phuong, suy ra sk
m
n

l-—=0
6

Vay m=1,n=5=S=m+n+2021=1+5+2021=2027.
Ciau 95: Cho tam gidc ABCco trong tim G, dudng cao AH . Biét BH =§Rj va diém M nam trén

duong thing BCsao cho \m+§*\ dat gi4 tri nho nhét. Khi do ta c6 AM =aAB+bAC . Khi

d6 ménh dé nao sau day la ding
A. b=8a B. a=8b. C.a=6b. D. b=6a.
Loi giai

A

Dung hinh binh hanh AGCE , ta ¢6 M+@:W+TE=E:\M+R\=ME.

Goi F 14 hinh chiéu ctia £ 1én BC, suyra E,F c6 dinh. Tacé6 ME > EF , diu bang xay ra
khi M = F Vay Min(\m+§:\)=EF SM=F,

Khi M = F: Goi P latrung diém cia AC, O 1a hinh chiéu cia Plén BC.

Tacod Q la trung diém cia CH ; BQ BP E:>—=—BQ
BF BE 4
Céﬁ:%B_C':BHznggc,suyraﬁfzg@ g%
,—8———8———-8—1—-
Tacd BF == BC < AF —~AB=~(AC- AB) < AF =~ AC+— AB
9 9 9 9
8
a=—
s a7 8= 1—= 9
Vay AM =—AC+—-AB= =a=8b
9 9 1
b=—
9

Cau 96: Cho tam giac ABC ¢ BC=3a_ Goi M 1a diém théa man 3MA + 2MB - 2MCl = |MB - MmCl .
D¢ dai nhoé nhét cua vecto BM — BA bang
A . a. B. 3a. C. \f3a. D. 2a.
Loi giai
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SV

B C

Goi O 1a diém thoa méin: 304+20B—20C =0.

Khi d6: 304 +20B-20C =0 < 304+2CB=0 < cﬂ:%z?c

Ta x4c dinh duoc diém O cb dinh théa OA4 = %iﬁ ,suyra: OA=2a

Mt khéc: [3MA + 2MB — 2MC| = |MB - MC]|

340 +304+ 208 - 20| = CBl = MO :§|c—3|

Suy ra: MO=a.

Do d6 tap hop cac diém M théa dé bai la duong tron tim O, ban kinh bang a .

Khi do: |W—ﬂ| :IWI = AM nho nhatkhi O, M, 4 thang hang va M nam giita O, 4.
Viy AM =0A-MO=a.

Cau 97: Cho tam gidc 4BC déu canh 2a,(d) la dudng thang qua 4 va song song BC.Khi M di dong

trén (d) thi gia tri nho nhét ciia ‘m + ZW‘ la

A. # B. a\3. C. 2“3*/5. D. 2a3.

Loi gidi

KM A (d)

]

2a
N
e
B G
: c

Chon diém N thudc doan AB sao cho NA=2NB = ONB+NA=0

Ta ¢6 Euzm\=‘W+M+2(Wv+1@)‘=‘3Wv+(2ﬁ+m)‘=\3M—N\=3MN
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Do d6 ‘m + 2]\@‘ nho nhat <> MN nho nhat <> A 1 hinh chiéu vudéng goc ctia N trén

duong thang (d).

Goi H 1a trung diém BC, K 1a hinh chiéu vudng goc cia diém B trén duong thing (d).

. MN AN MN 2 2 2 -
Theo dinh 1y Talet ta cé = & =< MN==A4H < MN ==+ AB* - BH
cO QMY TR e T UB T uH 3 3 3

_ 2ax/§

3

<:>MN:§ (2a)’ —a* & MN
Vay ‘M+2m‘ dat gia trj nho nhat bang 3MN va bang 2a/3 .

Cau 98: Giad su co cac luc Fl = m,E = m, E = MC cuing tac dong vao mot vat tai diém A7 . Cuong
d6 hai luc F, F, 14n luot 1a 300N, 400N va AMB=90". Tim cudng do cia luc F, = MC biét
vat ding yén.

A. 700N . B. 250N . C. 500N. D. 1000N .
Loi giai

Vat dimg yén nén ta co: E+F2+F3:O-

& F=-(F+F) =|E|=|F+F| Do AMB=90" & F LF,.

= |F| =|F + B|={F + ;> =300 + 400" = 500.

Cau 99: Cho ba luc F] = m, FZ = Aﬁ,—bj’; =MC cung tac dong vao mdt vat tai diém M va vat ding yén.

Biét cuong do cua F, va F, lan lugt1a 28N va 45N . Tim cudng do cua lyc F, biét AMB =90°

el

L
"'-‘-.“.

A. 73N. B. 53N C. 60N . D. 80N.

Loi giai
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C

Do vat ding yén nén ta co E+E+E:6:>173:—(}71 +Fz).

Dung hinh chit nhat AMBD . Theo quy tic hinh binh hanh ta c6 MD = MA+MB =F, +F,

Suyra F, =—MD nén F, = MD =\ MA* + MB* =+/28” +45% = 53(N)
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