g?;_.‘%g@y Trung tim BDVH Unix Théiing Long - Website: trungtamunix.edu.vn - zalo: 0835.221183
;'"%ﬁ% Thay Lé Viét — Tw duy Kién tao — Giup em giéi todn, Cung em chon nghé

{7 VECTO

BAI 9: TICH CUA VECTO VOI MOT SO

@ HE THONG BAI TAP TRA LOI NGAN

| CHUONG |¢

Caul: Cho tam gidc ABC vuéngtai 4, c6 AB=6, AC=8.D0 dai vecto AB— AC bing
Loi giai
Tra loi: 10
Do tam gidc ABC vudng tai 4 nén CB=\/AB2 +AC? =\/62 +8° =10.
Theo quy tac trir AB—AC=CB :‘E—R"z‘@‘:CleO.

Ciau2: Goi G la trong tdm tam gidc vudng ABCvé6i canh huyén BC =12. Tinh do dai cua vecto
v=GB+GC.
Loi gidi
Tra loi: 4

A C
Goi M la trung diém cua BC.
Ta co @+@+@:6¢‘@+&"‘:‘@‘:GA
_BC_
3

Ciu3: Cho hinh chit nhat 4BCD ¢y AB=3cm_AD=4cm Tipp \Ié + A_C'\ ?

Ma GA:%AM:%.LBC 4.
3 32

Loi gidi
Tra loi: 7,2
A D
—_
@
B M C
Goi M 14 trung diém BC, suy ra BM=%=%=2.
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Cau 4:

Cau 5:

Cau 6:

Cau 7:
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Tam gidc ABM vudng tai B c6 AM =~ AB>+ BM> =~/3* +2> =+/13.
Taco |4B+ AC|=[24M|=2413.
Cho hinh vudng ABCD canh 3/2.. Tinh [4B+ AC+ AD)|.
Loi gidi
Tra loi: 12
Tacd: AB+AD = AC =|AB+AC+ AD|=2|4C|=24C =2V 4B’ + BC* =23\242 = 12.
Cho tam gidc ABC déu canh bang 2, H 1a trung diém cua c6 BC. Tinh ‘E — 21%‘ .
Loi giai
Tra loi: 3,5

B H C

Duyng hinh binh hanh ABCD va E 1a trung diém ciia AC.

_— s — —s

Vay: \E—MTC\ — BD =2BE :2.# =23.
Cho hinh chit nhat 4BCD tAm O c¢6 AB =4, AD=3. Tinh |TC n ﬁ)| \

Loi giai
Traloi: 6
4
A B
3 0)
D : C
1

Goi I 1a trung diém cua DC.
Ta c6 \Rw@\=\2&7+2(TD\=‘2(W7+07))‘=2\0?+07)\.
:\E+E\=2\2&\=40]=2BC=2.3=6.

Cho tam giac déu ABC canh a . Tinh d6 dai cta vecto AB + 2A—C, biét a = 2\/7
Loi giai
Tra loi: 14
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E N

A M

3

Dung diém M thoa min AM =24C.

Dung hinh binh hanh ABNM . Khi d6 AB+2AC = AB+ AM = AN

Dung diém M thoa min AN> = AB> + BN> —2.4B.BN.cos120° =7a*> = AN = a7
Suy ra ‘E+2R" =a\/7=2\/7.\/7=14

Cau 8:  Cho hinh chir nhat ABCD c¢6 hai canh AB =a,BC =2a. Tinh ‘E +2A4D , biét réng a=+17

Loi giai
Traloi: 17

E

C
H\
A D
‘E+2AT)‘:‘E+ATZ‘:‘2E|:2AH
= BE =JAB + AE® =N 116a> = a7 =177 =17

Cau9: Cho tam giac 4ABC déu canh 3\/5 , trong tam G . Tinh d6 dai vecto CB-GA
Loi giai

Tra loi: 6

A

<

B M
Goi M, N, P lan lugt 1a trung diém cua BC, 4B, AC.
Ta 6 |CB - GA| = [2MB - 2MG| = 2|GB) .

2 [4BN3 335
32 37
Vay ‘CB—GA‘=2.3=6.

|2} -
3
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Cﬁu 10: Cho hinh thang ABCD ¢6 AB song song v6i CD, AB=20, CD=10. Goi O la trung diém
cua AD. Tinh ‘@+&"

Loi giai
Tra 1oi: 30

A 2a B
‘@+TC‘:‘Q+E+@+ITC‘
=‘E+FC\=\E\+\FC’\=AB+DC=20+10=30

Céau 11: Cho t& giac 4ABCD. Goi G 1a trong tAm cua tam giac 4ABD, I 1a diém trén GC sao cho

IC =3IG . Véi moi diém M ta ludn c6 MA+MB+MC +MD = k.MI . Tim k.
Loi gidi
Tra loi: 4

Ta ¢6: 3IG=-IC.
Do G la trong tam cua tam gidc ABD nén
IA+IB+ID=3IG < IA+IB+ID=—-IC < IA+IB+IC+ID=0
MA+MB+MC+MD=MI +I4A+MI +IB+MI +IC + MI + ID
=4MI+(IA+IB+IC+ID)=4MI+0=4MI
Cau 12: Cho t& gidc ABCD,c6 I, J 1an luot 14 trung diém cia AB va CD.Tacé AC+BD=kl1J. Tim
k?.
Loi giai
Tra 1oi: 2

O

»
L
=]

Tacod ﬁ:%(i)+z’)
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= .(IB+H)+H+E)

N [—= =

.(E +1A+BD+ /TC)
1 — —
= (BD+ Ac)
2
— BD+AC=21]
Vay k=2.
Cau 13: Cho hinh vuéng ABCD, c6 canh bing 2. Tinh do dai vecto [4B +24D)| (két qua lam tron dén
hang phan trim)
Loi giai
Tra loi: 4,47
— —2
AB L AD =|AB+24D| = AB’ +(24D)" =2 +(2.2) >=20
:‘@ + Zﬂ)‘ = 2J§
Vay ‘E + 2@" =25

Céu 14: Biét rang hai vecto a vab khong cung phuong nhung hai vecto 2a-3b va Zz+(x—1)l; cung
phuong. Khi d6 gia tri cua x 1a
Loi giai
Tra loi: -0,5
Do hai vecto 2a—3b va c;+(x—1)l; cung phuong.
Suy ra 2a-3b=k| a+(x=1)b| (k#0, keR)
=2a-3b=ka+k(x—1)b=(k-2)a+[k(x-1)+3]b=0 (1).

Theo du bai hai vecto a va b khong cung phuong.
k=2 k=2 k=2

1 .
():{k(x—l):—?)@ x—1=—§c> x=—l
2 2

1
Viy x=——.
iy 5

Céu 15: Cho tam gidc ABC v6i AD la dudng phan giac trong. Biét AB=5, BC =6, CA=7 . Biét rang
AD = x.AB +y.AC , tinh P=x+y
Loi gii
Tra 1oi: 1

B* b °C

Vi AD la phan giac trong cia tam gidc 4ABC nén:
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Cau 16:

Cau 17:

Cau 18:
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BD _AB 5 _ 35_3pc
DC AC 7 7

& AD~4B=">(4C-4D)
7

7
x=—
o AD=L AB+2AC = 2 p_ 1,35
12 12 _i 12 12
Y 12

Cho tam giac ABC. Lay diém D ddi xing v6i 4 qua B va lay diém E trén doan AC sao cho
34E =2EC . Biét ring DE =mAB+nAC , khi d6 tinh gia tri ctia biéu thitc P=4m—>5n

Loi giai

/QE\
B C

Tra loi: -10

D

Ta ¢6 ﬁz:ﬁuﬁ:-zﬂn%fc :>m:—2,n:§:>P:4m—5n:4.(—2)—5%:—10.

Cho tam gidc 4BC déu ndi tiép trong duong tron tim / béan kinh bang 3. Goi D 1a diém nim
trén dudng tron (7). Tinh ‘54 + DB+ Rf‘ :
Loi giai
Tra loi: 9
Tam gidc ABC déu noi tiép trong duong tron tim [ = [ 1a trong tdm tam giac ABC.
Do do: | DA+ DB + DC| =[3DI| =3D1 =3.3 =9.

Cho tam giac ABC vudngtai A va AB=2,AC =3. D dai ctua vecto BC+ AC bang

Loi gidi
Tra loi: 6,3
B
I
1
ALl C
3

Tacod BC+ AC=-2CI vé6i I 1a trung diém AB.
Vay ‘Rw%‘:z‘&":z. 12+32 =210.
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Cau 19:

Cau 20:

Cau 21:

Trung tﬁm‘BDVH Unix Thiang Lopg - Website: trungtamunix.edu.vn - zalo: 0835.221183
Thay Lé Viét — Tw duy Kién tao — Giup em gioéi toan, Cung em chon nghé

Goi AN,CM 1a cac trung tuyén cia tam gidc ABC. Biét ring AB=x.AN + y.CM , tinh
P=x+y

Loi giai
Tra loi: 2

Tacé 2AN = AB+ AC
Va 2CM =CA+CB=CA+CA+ AB=2CA+ AB

Suy ra CTJ=C—A+%ATB

Tir va suy ra 2@+W:%TB:E:%E+%C—M:P=§+§=2.

Cho tam giac ABC. Goi I 1a trung diém ctia BC, J 1a trung diém cua Al Biét rang ton tai duy
nhit cip sé m, 1 thoa man BJ =mAB +nBC . Tinh gi4 tri ciia biéu thirc P=10m+4n

Loi gidi
Tra loi: -4

Do 7 la trung diém BC nén FI:%R’

Va J Ia trung diém A7 nén zﬁ:a+§:_@+%3—c@§/:_%@+i%

—p=10[-L]+at-4
2) 4

Cho hinh thoi ABCD canh 5. Goi I 1a trung diém ctia 4B . Tinh IA+IB+IC+1ID|.
Loi giai
Tra loi: 10
A

C
Taco: I 1a trung diém cua AB = IA+1B=0.
Goi H 14 trung diém cua CD = IC+ID=2IH .
Ta co: ﬁ+f3+fm5\:\zﬁ\:z\ﬁ\.
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 |Al=DH =—A4B .., < 1s s \
Ta co: 2 =Tt gidc AIHD 1a hinh binh hanh= IH = AD = IH =5
Al /| I DH

—|IA+IB+IC+1ID|=2.5=10.

Cau 22: Cho hinh chit nhat ABCD, biét 4B =6, AD =8. Tinh \2@ + ER\ .

Loi giai
Tra loi: 10
Ta cod ‘2ﬂ)+ﬁ‘ =‘E+E+ﬁ‘ =‘E+E‘ =‘/TC‘ =AC.
A D
B C

Vi AC = 4B +BC* =6’ +8" =10 nén [24D+ DB|=10.
Céiu 23: Cho tam gidc ABC vuong tai 4 c6 AB=6,4AC=8. Tap hop cac diém M thoa man
‘M—C —m‘ = ‘ATC - Zﬁ‘ la mot duong tron. Tinh ban kinh ctia dudng tron do.
Loi giai
Tra loi: 10
Ta c6 [MC — MB|=[MC - 4C]| e [BE| = [MC + | e B =[] > b1 = B

BC =+AB* + AC* =6’ +8* =10
Vay tap cac diém M thoa man ‘M—C - m\ - ‘M—C - E\ 1a duong tron tAm A béan kinh
BC =10.
Ciu 24: Cho tam giac déu ABC c6 canh 1a 8cm. Tap hop cac diém M thoa mén ding thuc
‘2@ —4MB +3MC ‘ = ‘m -MC ‘ la mot duong tron. Tinh ban kinh ctia duong tron do.
Loi giai
Traloi: 8
Ta co \W—W‘:‘C—B‘z&
Dung diém [ thoa man 2/4—4IB+3IC=0.
Khi do: ‘2]@—4@%%‘ =@-Mi\ 2= ‘]\Z‘ =8 & IM =8.
Do d6 tap hop cac diém M 1a duong tron tim 7 ¢6 dinh c6 ban kinh R =8cm.
Cau25: Cho tam giac ABC déu canh 12. Biét rang tap hop diém M sao cho
[4MA + MB + MC| = |[2MA ~ MB ~ MC| 1 mét dumg tron. Tinh bén kinh ciia dudng tron do.
Loi giai
Tra loi: 3,46
Goi G latrong tam AABC, K 1a trung diém cua AG. Ta co:

[4MA + MB + MC| = [2MA - MB - MC| & ‘3(M+M7;)‘ - ‘3(}%—%)‘

B

G4 %.12.73:2\5:3,46.

@\6W\=\3@\@MK=T=%.

8 | Th.s Lé Viét (GV toan THPT Thiing Long, Ha N¢i) — Chuyén gia Chién lwge Gido duc va Sy nghiép



g"i'%% = Trung tim BDVH Unix Théiing Long - Website: trungtamunix.edu.vn - zalo: 0835.221183
"%'»E:- Thay Lé Viét — Tw duy Kién tao — Giiip em giéi toan, Cung em chon nghé

i

Vay, tap hop diém M 1a duong tron tim K ban kinh R = 3,46
Céu 26: Cho hinh vuong 4BCD canh 20 tam O. Tinh ‘C—O+m‘ .

Loi gidi
Tra loi: 31,6

D C
Goi 7 1a trung diém doan thing OB
Tac6 CO+DA=CO+CB=2CI :‘@+ﬂ‘ =2C1

BD =2+2.10 =202, OC:%BD:IO\/E, OI:%BD:S\/E

CI=~or’ +0cC? = \/ SJ_ 10\/_) =5J10
Suy ra |CO + DA|=2C1 =10510 ~31,6.

Ciu 27: Cho hinh vuéng ABCD canh 2a, tim O. Tap hop tat ca cac diém M théa min dang thirc
‘ATB ~MC + 07‘ - ‘W + C_D" 1a mot duong tron. Tinh ban kinh cta dudng tron do.

Loi giai
Tra 10i: 31,6

D C
Goi 7 1a trung diém doan thing OB
Tacé CO+DA=CO+CB=2CI :‘@+ﬂ‘ =2CI

BD =22.10 =202, OC=%BD=10\/§, OI=%BD=5\/5

CI =~Jor +oc? = \/ sJ_ 1(»/’ ) =510
Suy ra |CO + DA| =2C1 =10510 ~31,6.
Ta cb \W—W+@\=\@+@Hﬂ+@\=10\/ﬁz31,6
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|4M +CD|=|4M + BA|=|BM|= BM
Suy ra BM =104/10 ~31,6. Tap hop diém M 1a dudng tron tAm B béan kinh
R=1010 ~31,6
Cau 28: Cho tam gidc ABC. Céac diém M, N dwoc xac dinh boi cac hé thic BM = BC-24B,
CN =xAC—BC . X4c dinh x 3 4, M, N théng hang.
Loi giai
Tra loi: -0,5
Ta co
+) BM =BC—2AB <> AB+BM =BC+BA < AM =2BC— AC
+) CN=xAC—BC < AN — AC =xAC - BC @I\/:—ﬁ“+(x+l)ﬁ
Khi d6 A, M, N thing hang khi va chi khi tdn tai keR sao cho AN =kAM

1
- R (A k==
& —BC+(x+1)AC =2kBC—kAC

x+1=—k

1 .
Vay x:—z thi 4, M, N thang hang.

Cau 29: Cho tam gidc ABC , M 1a diém thoa man 3MA+2MB =0 . Trén cac canh AC, BC 14y céc diém
P,Q sao cho CPMQ 14 hinh binh hanh. L4y diém N trén 4Q sao cho aNA+bNQ =0. Khi
ba diém B, N, P thang hang hdy tinh a+b .

Loi giai

Tra loi: 19

AP CQ AM 2

Vi MP // BC,MQ /| AC = === :
AC CB 4B 5

Tact: AQ=AB+BO= B+ BC = AB+2(AC~ AB) = AB+3 AC =2 AB+> AP

Dat ﬂ\f:x.@ . Suy ra: ﬁ=%x.TB+%x.ﬂ),

: 2 3 10 — 10—
Do B,N,P thing hangnén —x+=-x=1x=—= AN =—A40
5 2 19 19

Hayw:§@@9m+1ozv—gza,

Vay a+b=10+9=19.

10 | Th.s Lé Viét (GV toan THPT Thing Long, Ha Ni) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



"'-Ew i Thiy Lé Viét — Tw duy Kién tao — Giap em giéi toan, Ciing em chon nghé

i

5;3.1%5’@ Trung tim BDVH Unix Thang Long - Website: trungtamunix.edu.vn - zalo: 0835.221183

Cau 30: Cho tam gidc ddu ABC va cac diém M, N, P théaman BM =k BC, CN = §CA AP = %E
.Tim k dé AM vudng goc v6i PN . (két qua 1am tron dén hang phan trim)
Loi giai
Tra loi: 0,33
+/Tacd: BM =k BC = AM — AB =k (E—E)

= AM =kAC+(1-k) AB

PN=AN-AP=Lac-2% 1B
3 15
+ AMLPN@m.ﬁf:o@[kEm—k)@](;E—%Eaj 0
k o
5.Ac AB.AC =0
ko, 1
<:>§.AC 5— AB.AC.cos60° = 0
4
k_M+[l _leo
3 15 3 5)2
<:>k=l.
3
1
Vay k=—.
By k=3

Cau 31: Cho tam gidc ABC vudng tai 4 c6 BC =20, M ladiém tuy y trong mit phang tam giac. Tim
gi4 tri nho nhat ciia biéu thirc ‘2]\% +MB +]\TC‘ + |m + FC'| ?

Loi giai
Tra loi: 10
Goi Pla trung diém doan BC vala Q trung diém doan AP.
Khi do:
AP = %BC =10

\2W+W+ATC‘+‘W+ATC\ = ‘2m+2ﬁ\+2‘ﬁ‘ =4‘]\TQ‘+2‘M" = 4AMQ+2MP.
Ta c6 2MQ+2MP > 2P0 va 2MQO >0
. Suy ra 2MQ+2MQ+2MP >2PQ = AP
. Vay gid tri nho nhat cia biéu thirc [2MA + MB+ MC|+|MB + MC| 1a AP=10
Céu 32: Cho doan AB=4.Véidiém M tuy ¥, tim gid tri nho nhat cta tong 3MA* + MB?
Loi giai
Tra loi: 12

A I B

Goi I 1a diém thudc doan AB sao cho 3I4+1B=0.
R - —_— —\2 _ —\2
Tacd: p=3MA®+MB* =3MA" +MB =3(Mi+14) +(Mi +1B)
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Cau 33:

Cau 34:
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= 4MI* +2MI (314+IB)+314° + IB’ = 4MI* + 314" + IB”.
Vi I, 4,B ¢b dinh nén: p>3I4°+IB’, ddu bang xayra <M =0 =M =1
Suy ra min p =314° + IB* =12 dat dugc khi M =1 .
Cho ABC déu c6 do dai canh bang 5J3.Goi d 1a dudng thing qua A va song song BC, diém
M di dong trén 4 . Tinh gia tri nho nhat cua ‘m +2MB - MC|.
Loi giai
Tra loi: 15
Gia st I 1 diém thoa man I4+2IB—IC =0
Tact 14+218~IC =0 & 218+ CA=0 < I = AC

Goi N 14 trung diém ctia AC suy ra IB=NC suy ra / 1a dinh thtr tu cta hinh binh hanh BCNI
H A d

B K c
Taco T =[MA +2MB—MC|=|Mi + I +2(Mi + IB) - (Mi + IC) = |am1| = 2m1
Goi H 1a hinh chiéu vudng goc cua / trén d, khi d6 véi moi diém M thuoc d ta lubn c6 MI > HI

nén T nho nhat khi MI =HI hay M =H

54343
2

=15 v6i K 1a hinh chiéu vuéng goc ctia 4 trén BC

Suyra T, =2HI = AK =2.

]
Cho tam gidc ABC c6 G latrong tam. Goi H 1a chan duong cao ha tir 4 sao cho BH = EHC

.Piém M di dong ndm trén BC sao cho BM = xBC . Tim x sao cho do dai cua vecto MA+GC
dat gia tri nho nht.

Loi giai

Tra loi: 0,8
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Cau 35:

Cau 36:
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Dung hinh binh hanh 4GCE . Ta ¢6 MA+GC = MA+ AE = ME .

Ké EF L BC (F e BC). Khi d6 |MA + GC|=|ME|= ME > EF .

Do d6 \m + @\ nhé nhatkhi M = F.

Goi P latrung diém AC, Q 14 hinh chiéu vudng goc ciia P 1én BC Qe BC .
Khi d6 P la trung diém GE nén BP:%BE.

‘ BO BP 3. —— 4.
Ta co ABP a ABEF dong dang nén — = —=— hay BF =—B0.
Qv ) Y T 359

Mit khac, BH =%H—C.

, S
PQ 1a duong trung binh AMHC nén Q la trung diem HC hay HQ = EHC.

Suyra BO = BH + HO =~ HC + L HC = >HC =2 2B =BC
3 2 6 6 4 8
== A= 5
DO dO BF:EBQ:EBC

5

Vay x=—.

ay 6
Cho AABC c6 trong tdm G . Cac diém D, E, F lan luot 13 trung diém cta cac canh BC,CA, AB
va [ la giao diém cia AD va EF .Dat i = A—E,ﬁ = AF . Phan tich vecto Al theo hai vecto ii
va v ta thu duoc két qua dang @i +by véi a;b 1a cac s6 hiru ty. Tinh gid tri S =a”+b”.

Loi giai

Tra loi: 0,5

. DE//AB DE//AF
Theo tinh chat duong trung binh thi

=
DF//AC DF //AE

Suy ra: AEDF 1a hinh binh hanh = AD = AE + AF .
Tir gia thiét ta c6 I 1a tim cta hinh binh hanh AEDF .

Khi do: Z=1E=1(E+ﬁ)=l(g+a)=lg+l;3
2 2 2 2

Cho A4BC.Goi I, J 122 diém théa I4+3IC =0, JA+2JB+3JC =0.Khi d6 Bl =kBJ . Véi
k=z, 1a phén s6 ti gian. Tinh P=m+n.
n

Loi gidi
Tra loi: 5
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Tacs 14+31C =0 —Al +3(AC - A1) =0 441 =3AC & Al == AC.

Talai c6 JA+2JB+3JC =0<> BA—BJ —2BJ +3(BC—BJ)=0
Mat khac
FI:E—E:%E—E:—E+%%.
< BA—-BJ-2BJ +3BC-3BJ =0 6BJ = BA+3BC
@637:_ﬂ;+3(,4—c_ﬁ)©@:_muﬁ@w:_%,@%rc
Bl =—AB+=AC Bl =—AB+= AC ;
Ta cé: , 4 e 4 . —Bi=3BJ.
BJ=-2A4B+—AC |2BJ=—-AB+=>AC
3 2 2 4
Cho tam gidc ABC.Goi G la trong tim cia AABC. Cho diém M sao cho | MA + MB+MC |= 6
, khi @6 diém M thudc dudng tron c6 ban kinh bang bao nhiéu?.
Loi giai
Tra loi: 2
Ta c6 MA+MB +MC =3MG =| MA+MB +MC |=3| MG |=3MG < MG =2 .
Vay tap hop diém M 1a dudng tron tAm G ban kinh bang 2.

. 5.

- 2
Cho tam gidc OAB vudng can tai O véi O4=0OB =1. Tinh d¢ dai cua véc to u = " OA - 5 OB

Loi giai
Tra loi: 5,81
N
B
0% M
21— — 5—

Dung diém M, N sao cho: OM = ~ OA4,0N == OB . Khi do:

i =[on7 - oN|= ] =dor o = [ 2] + (3] <581

Cho tam gidc ABC.Goi M , N lan luot 1a cac diém thudc canh AB va AC thoa mén biéu thirc
MB =-2MA ,NA=-2NC . Buong thfmg MN ¢t BC tai P vabiét PB=kPC.Khi do, gia tri
clia k bang

Loi giai
Tra loi: 4
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A

K

P
B C

Dung CK // AB va goi K 1a mot diém thuoc PM .

PC KC KC KC _NC 1 P 1
Taco —= =—nénsuyra —=—.
PB MB 2MA MA NA 2 PB 4
Mt khac PC va PB cung hudng nén PB=4PC.
Vay k=4.
Cho tam giac ABC 1a tam gidc vudng can tai A4 . Biét ring do dai canh 4B =+/17 . Khi d6 hiy
tinh d6 dai cua vecto |u ‘4AB AC ‘
Loi gii
Traloi: 17
G
A B B’
c’ D

Dung AB' =4A4B; AC' =—AC va hinh binh hanh AC'DB’
Ta co: ‘4@—%‘2‘?]3#@‘ :‘E‘ =AD

Do d6: AD =JAB” + AC” = \/16(Jﬁ)2 + (Jﬁ)2 ~17.

Vay do dai vecto M =17.

Cho AABC c6 trong tam G . Cac diém D, E, F 1an luot 13 trung diém ctia cac canh BC,CA, AB
va [ 1a giao diém cua AD va EF . Dit i = AE,v = AF . Al = mu+nv tinh P=m?+n>

Loi giai

Tra loi: 0,5

Theo tinh chat duong trung binh thi
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=
DF //AC DF /] AE

Suy ra: AEDF 1a hinh binh hanh = AD = AE + AF'.
Tir gia thiét ta c6 I 13 tm cua hinh binh hanh AEDF Khi do:
l—— 1

A[—EAD——(AE+AF)——(u +9)=di+

{DE//AB {DE//AF

‘_}’

|,_ l\)|'—‘

Suyram=—;n=—=P=m"+n :l+l:
2 4 2

Cho tam giac ABC, c6 diém G 1a trong tdm tam giac ABC. Khi d6 ta c6 biéu thuc

AG=aAB+bAC v6i a,beQ va a,b 1a phan sb t6i gian. Gia tri cia biéu thirc 3a+6b 132
Loi gidi

Tra loi: 3

Goi M 1a trung diém BC.

Ta co: AM=1@+1E va E:zAM.
2 2 3

Suyra AG=2am =2 [Lap+L1ac|=Las+1ac.
3 3\2 2 3 3

b=t

1
Vay a=—;
y 3’ 3

Gia tri ctia biéu thirc 3a +6b = 3%+6% =3,

Cho tam giac ABC; lay diém M, N, E sao cho Wz%B—C,Wzéﬁ, A—E:%E.Véi a

1a s6 thyuc, diém 7 thda mdn A/ =aAM vaba diém 7, N, E thing hang. Khi d6 gia tri cua a
122 (Két qua 1am tron dén hang phan tram).

Loi giai
Tra loi: 0,27
A
E
I N
B M C
e 1— 11—
Tacd: AM =—AB+—AC.
2 2
Al =adM =a| 2 aB+1ac =2 a5+ ac.
2 2 2 2

ﬁ/:ﬁ—ﬁ:%%—%ﬂg.

Ei=di—aB=|2aB+%ac |- La=[¢_1iB+%ac.
2 2 3 2 3 2
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Vibadiém 7, N, E thing hang nén ton tai s6 thuc & sao cho: EI =kEN

a 1 &k 4

1) S RYT 5_523 ““1s
| L 4B+ AC=k| —AC--4B o .
2 3 2 2 3 g__g L2

2 3 5

Viay a:iz0,27.
15

Cho hinh chir nhat ABCD tam O . Goi M, N lan luot 1a trung diém cia OA va CD | Biét
MN =aAB+bAD Tinh 4a—8b

Loi giai
Tra loi: -5
A D
M
N
(o)
B c

l-—= 1% 1 l-—= 3-%=

Xét MN = MA+ AN = —CA+2AD AC_ZAB E+ AD——AB+ AD

Do MN =aAB+bAD = — 4q—8b=-5.

Cho tam giac ABC. Goi M 1a trung diém ciia AB va N la mot diém trén canh AC sao cho
NA=2NC.Goi K 1a trung diém MN . Khi d6 AK =xAB+ yAC . Tinh gié tri cia P =4x+3y.
Loi giai

Tra loi: 2

‘ q SEN [ A —
Taco: M, K lan luot 12 trung diém cia ABva MN . Nén AM =—ABva AK =§(AM+AN)

17 | Th.s Lé Viét (GV toan THPT Thing Long, Ha Ni) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



0L T40)

b | 0

Cau 46:

Cau 47:

Trung tﬁm‘BDVH Unix Thiang Lopg - Website: trungtamunix.edu.vn - zalo: 0835.221183
Thay Lé Viét — Tw duy Kién tao — Giup em gioéi toan, Cung em chon nghé

Lai c6: NA:ZNC:M:%I?

Vay: AK =~ (avi + an) =+ Lap+2ac |- Lap e ac
2 202 3 4 3
& P=4x+3y=2

Cho tam gidc ABC . Cac diém M , N duoc xac dinh boi BM = BC—2AB ,CTszZ?—?Cf . Xac
dinh x dé 4, M, N thiang hang.
Loi giai

Tra loi: -0,5
i [P T T8 < 810020 043 AC 28

CN =xAC-BC < AC+CN = AC+xAC —BC < AN =(x+1)AC - BC
Dé A, M, N thing hang<> AN =k AM (k € R)
& AN =kAM (k e R)
@k(—ZHzB—C):(xH)E—ﬁ

< —kAC +2kBC = (x+1)AC - BC

-1
ke yt1 —k=x+1 xX=—
— Rt R
2k:—1 k=—5 k_——
2
Vay x=-0,5.

Mot vat dang ¢ vi tri O chiu hai lyc tdc dung nguoc chiéu nhau la 151 va 1’72 , trong d6 d6 lon
luc F, 16n gap d6i d¢ 16n lyc F,. Ngudi ta mudn vat ding lai nén can tac dung vao vat hai
luc F},F} c6 phuong hop véi luc 17“1 céc goc 45 nhu hinh v&, chiing ¢6 d6 16n bang nhau va

bang 20N . Tim d6 16n cua lyc 1?'2 (két qua lam tron dén mot chir sé sau dau phay).

A

Loi gidi
Tra loi: 56,6
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b | 0

Ta co: E:—ZE.D?} vt trd vé trang thai cn bang thi hop luc bang 0 .

S F+F+F,+F,=0=F -2F +F,+F,=0=F,+F,=F.

Pit £ = O, . = 0B, F. = OC, F. = 0D .

Tacéd: F,+F, = F, < OC+0D = OA do &6 OCAD 14 hinh binh hanh.

Mait khac: OC =OD =20 va COD =45°+45°=90° nén OCAD la hinh vudng.
Khi d6: |F| = 04 =202 N,|F;| = 2| F}| = 402 N ~ 56,6N.

Céu 48: Mot vat dang ¢ vi tri O chiu hai luc tac dung nguoc chiéu nhau 1a F] va Fz , trong d6 d9 16n luc
132 16n gap doi do 16n luc Fl . Ngudi ta mubn vat ding lai nén can tac dung vao vat hai luc 133 , F4
c6 phuong hop voi luc F'l cac goc 45 nhu hinh v&, chung c¢6 do 16n bang nhau va bang 20 N .

Tim d6 16n ctia mdi luc F} , Fj . (két qua lam tron dén hang phan chuyc)

e
F3 #
e ‘/ —
F Q,"45° F 15
R s =0
\‘\;l?
N
Fi '\
Loi giai
Tra loi: 56,6
=3 o0
F3 e
: 2 OL NP s 4
o= 0 pratk
"5 I'
F.[ 7
D

Ta co: Fzz—Zﬁl.Dé vét tr vé trang thai can bang thi hop luc bang 0.

S E+F+F+F,=0oF -2F +F,+F, =0 F,+F,=F,

Pit F, =0A4,F, = OB,F,=0C,F,=0D.

Taco: Fy+F,=F < OC+0D=04. Do d6 OCAD 14 hinh binh hanh.

Mit khac: OC =0D =20 va COD =45 +45 =90 nén OCAD 1a hinh vudéng. Khi d6:
|| = 04=20V2 N, |F;| = 2|F}| = 4042 N
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Cau 49: Mot vat dang ¢ vi tri O chiu hai lyc tdc dung nguoc chiéu nhau la 17“1 va FZ , trong d6 dd 1om luc
132 16n gép d61 do 16n luc ﬁl . Nguoi ta mubn vt dung lai nén cAn tac dung vao vat hai lyc 13'3 , 134
c6 phuong hop vaéi luc I:“1 céc goc 45 nhu hinh v&, chung c6 d6 16n bang nhau va bang 20N .

Tinh tong d6 16n cua cac luc E,FZ . Két qua lam tron dén hang don vi.

—_ /'
F 0.,/43° F

Tra loi: 85

2 - 5

Ta co: E:—ZFI. Pé vat trd vé trang thdi can bang thi hop lyc bang 0.

SE+F+F+F,=0oF - 2E+FE+F,=0=F,+F,=

!

B
e

Dit F, = OA,F, = OB,F,=OC,F, =OD .

Tacé: F,+F,=F < OC+0D=04.Do d6 OCAD la hinh binh hanh.

Mit khdc: OC =0OD =20 va COD =45 +45 =90  nén OCAD 1a hinh vudng.
Khi do: |F| =04 = 20§2 N,|F| = 2|F| = 40v2 N .

Vay |F|+|F|=20v2 +40v2 =802 ~ 85.
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