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HAM SO LUONG GIAC
VA PHUONG TRINH LUQNG GIAC

| CHUONG |

BAI 2. CONG THUC LUQNG GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. AP DUNG CONG THUC CONG

Cau 1: Trong cac cong thire sau, cong thirc nao dung?

A. sin(a—b)=sina.cosbh —cosa.sinb. B. cos(a—b)=cosa.cosbh—sina.sinb.
C. sin(a + b) =sina.cosb —cosa.sinb. D. cos(a +b) = cosa.cosb +sin a.sin b.
Loi giai

Cong thirc cong: sin(a —b) =sina.cosb —cosa.sinb.

Cau 2: Ménh dé nao sau day ding?

tan x + tan tan x — tan
A. tan(x_y)zg. B. tan(x_y):#.
tan x tan y 1+ tan x tan y
tan x — tan tan x — tan
1—tan x tan y tan x tan y
Loi gii

. tan x —tan y
faeoan(r=y) = nvany

Cau 3: Trong cac cong thire sau, cong thirc nao ding?

A. sin(a+b)=sina.cosb—cosa.sinb . B. cos(a+b)=cosa.cosh+sina.sinb.
C. sin(a—b)=sina.cosb+cosa.sinb . D. cos(a—b)=cosa.cosb+sina.sinb .
Loi giai

Theo cong thiric cong ta co:

+) cos(a+b)=cosa.cosbFsina.sinb.
+) sin(a+b)=sina.cosb*cosa.sinb .

Ciu 4:  Phat biéu nao sau day ding?

tan o —tan 1+tana.tan
A. tan(a+ﬂ):—ﬁ, B. tan(a+,[5’)=—’8.
l+tana.tan S tan o —tan 3
tan o —tan 1—tan a.tan
C. tan(a—p)=—ma"tanp D. tan(ar— f)=—tnf
1+tana.tan S tan o +tan
Loi giai
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tan o = tan
Theo cong thirc cong ta ¢6: tan(at ) =—ﬁ.
IFtana.tan S
Cau 5: Biéu thirc sinxcos y—cosxsiny bing
A. cos(x—y)- B. cos(x+y)- C. sin(x-y). D. sin(y-x).
Loi giai

Ap dung cong thiic cong luong giac ta c6 dap an.

C.
Ciau 6:  Chon khang dinh sai trong cac khang dinh sau:
A. cos(a+b)=cosacosb+sinasinb. B. sin(a+b)=sinacosb+cosasinb.
C. sin(a—b)=sinacosb—cosasinb. D. cos2a=1-2sin’a.
Loi giai

Ta c6 cong thirc diing 1a: cos(a+b)=cosacosb—sinasinb.

Ciu7: Trong cac khiang dinh sau, khang dinh nao sai?

. ) a+b . a-b
A. sing—sinb =2cos sin .

B. cos(a—-b)=cosacosb—sinasinb.

C. sin(a—b)=sinacosb—cosasinb. D. 2cosacosb:cos(a—b)+cos(a+b).
Loi giai

Cau A, D 1a cong thirc bién d6i diing

Cau C la cong thure cong diing

Cau B sai Vicos(a—b)=cosacosb+sinasinb.

2 1 +b) . . 2
Cau 8: Biéu thuc M bang biéu thurc nao sau day?
sin(a—>5b
sin(a+b) sina+sinb B sin(a+b) sina-—sinb
.sm(a b)  sina—sinb .sin(a—b) sina+sinb’
C sin(a+b) tana+tanb D sin(a+b) cota+coth
= sm(a b) " tanag—tanb .sin(a—b) cota—coth
Loi gii.
., sin(a+b) sinacosh+cosasinb
Tacd: — =— X
sin(a—b) sinacosb—cosasinb
_tana+tanb
tana —tanb
T
Cau9: Cho tana =2 . Tinh tan(a—zj.
A -1 B. 1. c.2. D. L.
3 3 3

Loi giai
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Vs
tan o — tan —
Ta co tan(a—zj: 4 _2 lzl

1+tanatan% I+2 3

) \ . . 5 T . 3 T , Y
Cau 10: Cho hai goc a, [ thda man sma:B, E<0!<7T va cosﬂzg, 0<ﬁ<5 . Tinh gia tri

dung cua cos(a - B).

16 B. -8 c. 18 D. 1%
65 65 65 65
Loi giai
Ta co: si > (ﬂ<a<7rj én COS 1 (5)2 12
a Co. =—, | = nen = - < = .
TR 13 13
3 n 3\ 4
cos f=—, 0< <— | nén Sin = 1—(—j =—,
P 5 ( p 2) p 5 5
. i 123 5 4 16
CoS\x — =COSx COS + S1n & SIn =——/—1+ . ———.
( ﬂ) P P 135 13 5 65

/4 w V4 .
Cau 11: Cho gobc luong giac o (E <a< ﬁj. Xét dau sin (a+5) va tan(-a). Chon két qua ding.

sin(a+£}<0 sin(a+£j>0 sin(a+£j<0 sin(a+£j>0
A. 2 . B. 2 . C. 2 . D. 2 }
tan(—a)<0 tan(—a)<0 tan(—a)>0 tan(—a)>0
Loi giai

7z<a+”<3ﬂ T
P sin|a+—= |<0
Tacé%<a<7r: 2 2: ( Zj .

—7z<—a<—% tan(—a) >0

Cau 12: Rt gon biéu thirc: sin(a —17°).cos(a+13°)—sin(a+13°).cos(a —17°), ta dugc:
A. sin2a. B. cos2a . C. —l. D. l
2 2
Loi giai
Ta co: sin(a—17°).cos(a+13°)—sin(a+13°).c0s(a—17°):sin[(a—17°)—(a+l3°)]
1

— sin (=30°) = ——.
sin ( ) 5
,\ . \ , o . 3 T \ 12 T s
Cau 13: Cho hai géc @ va S théa min s1na=§, E<05<7T va cos,BzE, 0<ﬁ<5 . Gia tri

cua sin(a - ) la
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- B. 2% c. Lo .-
65 65 65 65

Loi giai

LT n ) 4
Ta co: E<a<7[ nén cosa < 0 = cosa = —/1-sin a:—g.

Lai co: O<ﬂ<% nén sin >0 = sin f =+/1-cos’ « =%,

VA sin o — smacos COSO!Sln ==, — . = .
ay sin(a—-pf)= B- B s 365

312 (-4)5 56
513

Ciu 14: Tinh gié tri cos(a—%)biét sin & :% %< a<r.
22 14246 1-2J6 1+2J6
- B. — : C. : D. .
3 6 6 6
Loi giai

22

Vi sina = <a<mhén cOSqx =——.

w|»—
Nlél

22 3

11
. - — =
3 2 32 6

Do d6 cos a—g =COSOC.COSg+SIHa.Sll’lg=—

Cau 15: Cho sina =

b, . T L . B T , \
vol 0< <E.Blet gla tr1 cua COS(O{+§)=— Vo1 a,bEN va

(a,b)zl. Tinh a+5.
A.

4 . B. 10. ¢.B . D. 3.
Loi giai

) 1 5
Ta co: sm2a+0052a=1<:>cosza=§<:>cosa=?.

B 15 B2 5 o5 _Boalis

, T 1
Taco: cos| ¢ +— |=—cosa——sing=—-————-
( 3) 2 2 2 5 2 5 10 10 10

Suyra a=1, b=2=a+b=3.

. . . Ty .
Cau 16: Vi ala so thuc bat ky, rat gon biéu thirc 4 = COS(O( —Ej + sm(a - 72') :

A. 4=2sina . B. 4=2cosa. C.4=1. D. 4=0.
Loi giai

/4 V4 .
Ta co: cos(a—;j =cos(5—a) =SINa; sin(a —7)=-sina.

Do do 4=o.
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Cau 17:

Cau 18:

Cau 19:

Cho ¥V 1a cac goc nhon, cot x —g coty =7 .Tong ** 7 bang
AL B. Z. c.Z. . 2%
3 4 6 3
Loi gidi

. 4 3 1
Ta co: cotxz—@tanxzz ,coty=7T< tany = —

tan x + tan y

T
tan(x+y): :1,suyrax+yzz

1 —tan x.tan y

V3

Cho hai géc nhon a va » véi Sm“:§° s1nb:7, Gid tri cia sin2(a+b) la

N 3 -4/2 5 W3 +42 c 7W3-242 o 7\@+2\6.

= 11 1818718
Loi gidi
O<a<£ O<b<Z
, 22
Ta co: = cosa=——:; = cosh =—
. AT
sinag =— sinh = Y2
3
sin2(a+b)=2sin(a+b).cos(a+b) = 2(sina.cosb +sinb.cosa)(cosa.cosb —sina.sinb)
_TW3-42
18 .

LA 5 3 (7 T S
Biét sma:E,cosb—g (2<a<ﬂ,0<b<5j.Haytlnh sin(a+b).

A2 B. & c.2t D.o.
65 65 65

Loi giai

Ta cd: cosa =++1-sin’a

P 5V 12
Do Z<a<mr=cosa<0=>cosa=—1—-| —| =——.
2 1 13

Ta cd: sinb = ++/1—cos’ b

3V 4
Do 0<b<Z=sinh>0 =sinb=,[1-|=| ==
2 5 5

-12 4 33

El
13

Vay sin(a+b):sinacosb+cosasinb: —.
13 5 65

3
—_———
5
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. 3 (ﬂ' j ( 7[)
Sma=—,| —<a<nm tan| o +—
Ciu 20: Cho S\2 . Tinh 3).

4 - — _
L 4842503 L 853 o 83 b, 48-25V3
11 11 11 - 11

Loi giai

T
tana+tan§ B tana+\/§

l—tana.tang 1—\/§tana

, T
Ta co tan(a +—j =

Ma sina :§:> cosoz:—\/1—sinzoz:—,/1—225 :—%, = tanqa = _%.

NG
Ctana+V3 T4V 3443 48-25\3

P
Vay tan(a +—j_ = = =
3) 1-3tana 1+\/§.§ 4+33 11
4

Chu 21: Rt gon bicu thirc: sin(a —17°).cos(a +13°)—sin(a +13°).cos(a —17°), ta dugc:

A. sin 2a. B. cos2a. C. —l. D. 1—
2 2
Loi gidi.
Ta co: sin(a—17°).cos(a+13°)—sin(a+13°).cos(a—17°):sin[(a—17°)—(a+13°)]
. o __l
=sin(—30°) = X

Céu 22: Gié trj ciia bidu thirc cos317—2” bing

o Yorv2 p, Y62, o, Y62, V26

D.
4 4 - 4 4
Loi giai.
cos37—7Z =CoS 27z+7z+£ =CO0S 7z+£ =—CO0S z =—C0S rz
12 12 12 12 3 4
T T . 7T . x/g+x/§
=—| coOS—.coS—+Ssin—.sin— | = ———
3 4 3 4 4
Ciu 23: Ding thic ndo sau day 1a dung.
T 1 T 1 . 3
A. cos|a+— |=cosa+—. B. cos|a+— |=—sina——cos o .
3 2 3 2 2
) 3. 1 ) 1 3.
C.cos|la+—|=—sina——cosc . D. cos|a+—|=—cosa——sina .
3 2 2 3 2 2
Loi giai

, b T /2| 3.
Tacd cos| a+— |=cosa.cos——sina.sin—=—cosa ——sina.
3 3 3 2 2
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cho tan ¢ =2 . Tinh tan(a—%].

A L B. 1. c. 2.
3 3

Loi giai

T
tan o —tan —
2-1 1
Ta c6 tan(a—zj: 4 _ =—.

1+‘[an05tanz 1+2 3

Két qua nao sau day sai?

A. sinx+oosx=\/§sin(x+£].

C. sin2x+0os2x = \/Esin(2x—§j :
Loi giai

Tacod SiNn2x+cos2x = \/f(isin2x+ 1—costj

V2 V2

:«/E(oosgsin2x+sin£c3062xj

= \/Esin[2x+§j % \/Esin(2x—%J

3

sinx = — Tex<n .
Cho 5 véi 2 khi d6 tan| x -+ A bing.
A2 B. = c. 22

7 7 7

Loi giai

f 4
Tu sin® x+cos® x =1 = cosx =+ 1—sin’ x = 1—— g

ViZ<x<z nén cosxz—i do d6 tan x = 20X __3
2 5 COs X 4
3
ju tanx+tan£ ——+1 1
Ta co: tan(er—): 4 __4 =
3 7

s
l-tanx.tan— 1+ —
4 4

. 1
Cho Slna—\/g Vol 0 < a < 5 Gia tri cia COS(O!+ 3) bang

I
W | =

D. SIN2x+ Cos2x = \/Eoos(Zx—

=
2|~

B. sinx—oosx=—ﬁcos(x+%j.

i)
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Cau 28:

Cau 29:

Cau 30:

A 2= Jo B. J6-3. C.

1
S D.I—E.

N | =

-

Loi giai

o %

) 2
Ta co: sm2a+0052a:1<:>cosza=§<:>cosa=

1VJ6 31 1 1 2-e

. ( nj 1 3
Ta co: cos a+§ :—cosa—7sma—_.___.

2 3 BJ6 2 2de

Cho hai géc @, f thda man sina:%, (%<a <7zj va cosﬂz%, (0< B <%).Tinhgiétri

dung cua cos(a - ).
10 B. -8 c 8 p. &
65 65 65 65
Loi giai

2
=—,| = cosa:—‘/l— = | ===
sin o 13 5 (2 <a < ﬂ'j nen (13j 13
: / 3\ 4
COS,B=§, (0<ﬂ<%) nén sin = 1—(§j :g.
1

. A 23 5 4 16
-B)= + — S .
cos(a — ) =cosacos B +sinasin N ey
) 3 T 3w o 217
Cho sma=—,ax €| —;— |. Tinh gia tri cos| & ——— (?
57272 4
2 =72 —/2 2
A.£. B.7—\/_. c.——. D.i.
- 10 10 10 10
Loi giai

. 2. .., 16 4 7 3 0 ne ~
Ta co: cos” a =1-sin a——sbcosa_ig.Doae 7 —>cosa <0 nén cosag =—

A 2x 2x 27 -4 —2) 3(2) V2
Vay: cos a—T cosacosT+smasmT=— +§ =—

S50 2 2 10
Bitu thitc M = cos(-53°).sin (~337°)+sin307°.sin113° ¢ gia tri bing:

AL B L . B, n. B3

- 2 2 2 2
Loi gii.

M =cos(-53°).sin(-337°)+5sin307°.5in113°

= cos(—53°).sin(23°-360°) +sin (—53°+360°).sin (90° + 23°)

= cos(—53°).sin 23° +sin(—53°).c0s23° =sin (23°-53°) = —sin30° =
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Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:
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Rut gon biéu thirc: cos54°.cos4° — cos36°.cos86°, ta dugc:
A. cos50°. B. cos58°. C. sin50°.
Loi giai.

Ta cod: cos54°.cos4°—cos36°.cos86° = cos54°.cos4° —sin 54°.sin 4° = cos 58°.

D. sin58°.

Cho hai goc nhon a va b voi tana=% va tanb=%.Tinh a+b.

Az B. Z. c. X, p. 2%
3 4 6 3
Loi gidi.
tan(a+b)=wzl,suyra a+b="
I—-tana.tanb 4
N 3 1 .z D
Cho x, y la cac géc nhon, COtx:Z’ coty =7. Tong x + y bang:
A Z B. 3% c.Z. D. .
4 4 3
Loi giai.
Taco:
4
—+7
t +t
tan(x+y)= e T B =-1,suyra x+y:3—7z.
I-tanx.tany _4 5 4
4
-2 , 2 2 2 n n -
Biéu thirc 4 =cos” x+cos (§+xj+cos (E—x] khong phu thugc x va bang:
A2 B. 2. c 2 D. Z.
4 3 2 3
Loi gidi.
Taco:

2
) N N ? 2 \/§ 1. \/?: 1.
A=cos"x+cos”| —+x |+cos"| ——x| =cos x+|—cosx——sinx | +| —cosx+ —sinx
3 3 2 2 2 2

_3

- A . 4 A sz : " s R
Biét s1nﬂ=g , O<ﬁ<% va  a+krx Gia tr1  cua bicu

4cos(a+p)

V3sin(a+p)- i

A= - khong phu thudc vao o va bang
sina
J5 5 3 3
A, —. B. —. C.—. D. —.
3 NE) 5 J5
Loi giai.

thue:
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4cos(a+p)

0<p<” 3 VBsin(a+f)- = 1 .
Ta ¢ LN cos # ==, thay vao biéu thirc 4= : =—.
. 4 5 sin o \/5
sin # =—
5
Ciu36: Néu tan® = 4tanZ thi tan 2% bang:
2 2 2
A. 3sin ' B. 3sina ' C. 3cosa . D. 3cosa .
5-3cosa 5+3cosa 5-3cosa 5+3cosa
Loi giai.
Ta co:
tanﬁ—tang 3tang 3sin O—!.cosoL .
tanﬂ_a: 2 2 _ 2 _ 2 2 _ 3sina .
2 S 5 3cos &

l+tan 2 tan & 1+4tan?%  1+43sin?%
2 2 2

n 3 . 3 e 3
Cau 37: Cho COM:Z; sina>0; sinb :g; cosb < 0 .Gia tri cua cos(a+b). bang:

S S s (e

= 5 4 5 4
Loi giai.

Ta co :

3
cosa= 4 = sina =+/1-cos’a =4.

sina >0

3
b
- 5 =cosb=—1-sin’b :_?

cosb<0

-hlw
|
|
~__
|
SIS
D] W
Il
|
| W
T/
.
A‘ﬁl
~_

cos(a+b)=cosacosb—sinasinb =

¥ b) 1 ) b . (a 3 a ey
Cau 38: Biét cos|a—— |=— wva sinfa—— >0 ; sin| ——b|== va cos| ——b |>0 . Gia tri
2) 2 2 2 5 2 '

cos(a+b) bang:

243 — _ _ _

N NE) 7 g7 24\@. C. 2243 7 b7 226.

=50 50 50 50
Loi giai.

Taco:
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a+b b a ) b). (a 14 3 \/— 3\/§+4
cos =cos| a—— |[cos| ——=b |+sin| a—— |sin| ——b |=—.—+—.—=
2 2 2 2 2 25 5 10
+ 243 -
cos(a+b):2cosza b—lz V3 7.
50
Cau 39: Rut gon biéu thirc: cos(120°— x)+cos(120°+ x)—cosx ta duoc két qua la
A. 0. B. —cosx. C. —2cosx. D. sin x —cos x.
Loi giai.
cos(120°— x)+cos(120°+ x)—cosx =—Ecosx+75inx—5cosx+TSinx—cosx

=-2cosx

; sinb > 0. Gia tri sin(a—b) b.’?lng:

| w

Cau 40: Cho sina=%; cosa <0; cosh=

A —%(ﬁ%j. B._l(f_i}. g.l(ﬁﬁj. D.l(fﬁ}.

5 4 5 4
Loi gii.

Taco:

. 3
sing =—
5 = cosa=—+/l-sin’a =—%.

cosa<0

cosb = :>smb VJ1-cos? —£

smb>0

sin(a—b):sinacosb—cosasinb:%%—(—ij.ﬂ:l(ﬁ+2j.

504 507 4

Ciau4l: Biét a+fB+y :% va cota, cotf, coty theo thir ty 1ap thanh mot cap sd cong. Tich sd

cota.coty bang:
A. 2. B. 2. C. 3. D. -3.
Loi giai.
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Ta co :

tana+tany  cota+coty  2cotf

z
+fB+y=",suyra cotp=tan(a+y)= =
athry 2 4 p ( 7/) l|-tanatany cotacoty—1 cotacoty—1

=cotacoty =3.

DANG 2. AP DUNG CONG THUC NHAN POI - HA BAC

Ciu 42: Pang thic nao khong ding véi moi x ?

1+ cosb6x .
A. cos?3x=—"2% B cos2x=1-2sin®x.
. 1+cos4x
C. sin2x =2sinxcosx. D. sin® 2x=T.
Loi giai

.. 1—cos4x
Ta co sin® 2x = —————

Cau 43: Trong cac cong thure sau, cong thirc nao sai?

cot’ x—1
A. cOt2x =—-— B. tanzx:m—nf.
2cotx 1+tan” x
C. cos3x=4cos’ x—3cosx. D. sin3x=3sinx—4sin’ x
Loi giai.
Céng thirc diing 1 tan 2x = m—nj‘
1-tan” x

Cau 44: Trong cac cong thure sau, cong thirc nao sai?

A. cos2a=cos’ a—sin’ a. B. cos2a=cos’ a+sin’ a.
C. cos2a=2cos” a—1. D. cos2a=1-2sin’a.
Loi giai.

Ta c6 cos2a=cos’ a—sin’ a=2cos* a—1=1-2sin’ a.
Céu 45: Ménh dé nao sau day ding?

A. cos2a=cos’ a—sin"a. B. cos2a =cos’ a+sin’a.
C. cos2a=2cos’a+1. D. cos2a=2sin"a—1.
Loi giai

Cau 46: Cho goc lugng giac a. Trong cac khang dinh sau, khang dinh nao 1a khing dinh sai?
A. cos2a=1-2sin’a. B. cos2a=cos’ a—sin’a.
C. cos2a=1-2cos’a. D. cos2a=2cos” a—1.
Loigiai
Ta c6: cos2a =cos’a—sin’a=1-2sin"a=2cos’a—1.
Ciu 47: Khang dinh nao dudi day SAI?
A. 2sin’a=1-cos2a. B. cos2a=2cosa-1.

C. sin2a =2sinacosa .D. sin(a+b) =sinacosh +sinb.cosa .
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Loi giai
Chon B
C6 cos2a=2cos” a—1 nén dép 4n B sai.
Cau 48: Chon dao an dung.
A. sin2x =2sinxcosx. B.sin2x =sinxcosx. C.sin2x=2cosx. D.sin2x=2sinx.
Loi giai

Chon A

R 4 Vs o
Cau 49: Cho Cosx:§, xXe —5;0 . Gia tri cua sin2x la

A2 B -2 c. -1, D. 1.
25 25 5 5
Loi giai
Chon B

T .
Ta cod sinzle—coszx:l—ﬁzi:>sinx:—§ vi XE[——;OJDSIHX<O.
25 25 5 2

. . 4 24
Vay sin2x =2sinx.cosx =2.—. 3 =——.
DRy O 25

A 2 . . .
Cau 50: Cho cosa = 3 cos 2 nhan gia tri nao trong cac gia tri sau

A -L. . i ct DL 2.
-9 3 3 3

Loi giai

2
Ta ¢O: cos2a =2cosza—1=2.(—§j —1=_?1.

Cau51: Biét cos(a—b)=cosa.cosh+sinasinb. Vai a =~b thi cos2a bing
A. cos”a+sin’ a. B. —cos’a—sin"a. C. cos a—sin’a. D. sin’a—cos’ a.
Loi giai
Khi @ =—b=>cos2a=cos’ a—sin’ a.

Ciu 52: Véi ala sé thyc bat ky, trong cac ménh dé sau, ménh dé nao sai?
2
A. sin2a =2sina.cosa . B. cos2a=2cos” a—1.

C. cos2a=-2sin” a+1.D. cos2a =sin’ a—cos’ a.
Loi giai

Ta cd: sin 2a = 2sin «.cosa ; COS2a =c0s” a—sin” o =2cos” @ —1=1-2sin’ .
Do do6 A, B, C ding; D sai.
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Cau 53:

Cau 54:

Cau 55:

a+b\/§ , - .ab ., A X Ks  ea s
,voi a,b,c€Z, c+0 va =,= 1a cac phan so t6i gian. Gi tri cla
C Cc C

Biét rang sinl18° =

biéuthtc S =a+b+c 12
A.Szz. B.Ss=4. C.s=3. D. S=1.
Loi gii

Ta ¢6 cos36° =sin54° <> 1—2sin’18° =3sin18°—4sin’ 18°.
&4sin’ 18°-2sin’ 18°—3sin18°+1=0 <> (sin18°—1)(4sin” 18°+2sin18°~1) =0

sinl18° =1

=
sin18° =

5

L
H

2

—1++/5

Vi 0°<18°<90°nén 0<sinl8°<1,do dod sinl8 = ;-

Suyra a=—1,b=1,c=2.Vay S=a+b+c=2.

. 4 .3 e |
Cho s1n2a=—§ va Tﬂ<a<7z.G1atmcua sina 1a

245 5
A2 B. L. C.i. Q.£

5 5 5 5

Loi giai

Ta co:

kY4 )

T<a<7r:>sma>0.

RY/4

7<2a<27r:>cos2a>0.

2
c052205=1—sin2205=1—[—i =i:>cos2a=§.
5 25 5
1->
. 2 1-cos2a 5 1 : 5
sin” o = = =—=sma=— .
2 2 5 5
3 . N
Cho cosaz—g;3<a<7z thi sin 2« bang
A 2% B. 2% c. 2 p. -+
25 25 5 5

Loi giai

. T A
Vi —<a<nrx nensma>0;cosa=?.

Taco SICo+os a=1=gny-2
5
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sin2¢ =2sina cosa = 21_—3 = _—24
55 25
Ciu 56: Trong cac khing dinh sau, khang dinh nao sai?
A. cos3x+cosx=2cos2x.coSX. B. cos3x—cosx=2sin2x.sinx.
C. sin3x —sinx = 2cos2x.sin x . D. sin3x +sin x = 2sin 2x.cos x .
Loi giai

cos3x—cosx =—-2sin2x.sin x

Cau 57: Vé&i ala sd thuc bt ky, ménh dé nao sau day la ménh dé dang?

A. cos2a +cosda =2cos2a.cosba . B. sin2a +sin4a = 2sina.cos3a .

C. cos2a —cos4a = -2sin3a.sina . D. sin2a —sin4a = -2cos3a.sina .
Loi giai

Ta co:

20 +4a S20{—40{

cos2a +cosda =2cos 5 co =2cos3acosa . Do do A sai.

2 4 200 —4 . , .
ar a.cos @ a:2sm3a.cosa.DodoBsal.

sin 2a +sin 4a = 2sin

2
cos2a —cosda = —-2sin 20 dg .sin 2 ;40{ =2sin3a.sina . Do d6 C sai.
sin 2 —sin4a = 2 cos 20 er L .sin 20 ; o —2cos3a.sina . Do d6 D dung.

Cau 58: S6 khang dinh diing trong cac khang dinh sau:
([) cosacosh = %[cos(a —b)+cos(a +b)] .

(II) sinasinb = %[cos(a —b)—cos(a +b)] .

(IH)cosa+cosb=2cosa+bcosa;b )
(Vl)sina—sinb:2cosa+bcosa_b.
A. 0. B. 1. C.2. D. 3

Loi giai

Khiang dinh (VI)sainén co 3 khang dinh dung.

Cau 59: Néu sinx +cosx = % thi sin2x bang

=
|

A B.2. c. =
4 8
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Chon D

, . 1 . . ) 1 .
Taco sinx+cosx=—<>sin" x+2sinxcosx+cos” x=— <> sin2x=—
2 4 4
" A . 6 6 -2 - . ,
Cau 60: Biét rang sin’ x+cos x =a+bsin" 2x, véi a,b 1a cac so thuc. Tinh 7'=3a+4b.

A.T=-7. B.T=1. C.T=0. D.T=7.
Loi giai

Chon C

Ta c6 sin® x+cos®x = (sin2 X +cos’x )3—3sin2 X.c08°x (sin2 xX+cos’x )
. 2 2 3 .5

=1-3sin~ x.cos le—zsm 2x .

Viy a=1,b :_%. Do dé T'=3a+4b=0.

Céu 61: Cho sin2a = % Tinh gié tri bidu thitc 4 = tana + cota

A 4=t B. A=2. c 4-3%. D. 4=,
3 3 3
Loi gidi
Chon C
sin¢ cosa  sin® a+cos’ a 1 1 8
A=tana +cota = T S — = b .
cosa sina  sinacosa 3

1 . A U
—sin2a —.—
2 2 4

Céu 62: Cho a,b 13 hai goc nhon. Biét cosa = %,cosb = i Gia tri cia biéu thic cos(a+b)cos(a—b)

bang
NRLEY g 1S SIS b, 17
144 144 144 144
Loi gidi
Chon A

Tw cosa:%: cos2a:2cosza—l:—§

cosb=i:> cos2b=2cos2b—1=—Z

Ta c6 cos(a+b)cos(a—b) =%(0082a+c0s2b) :%(_%_%) _ _%'

CAu 63: Cho sd thuc o thoa man sin a =%. Tinh (sin4a +2sin2a)cosa
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Cau 64:

Cau 65:

Cau 66:

Cau 67:

L2 B. L. c. 2> p. 22>
128 16 128 128
Loi giai
Ta co (sin4a +2sin2a)cosa =2sin2a(cos2a +1)cosa =4SinaCOSa(1—2Sin20!+1)COSO£
2
=4sinoc(l—sin2 05)(2—2sin2 a) :8(1—sin2 a)2 sing = S(I_Lj 1_225
16 4 128

Cho cota =15, gid tri sin2a c6 thé nhan gia tri nao dudi day:

LY B. 2 c > p. 7.
113 113 113 113
Loi giai.
Chon C
. 1
Sln2a=% 5
cota=15=>——=226 = =sin2a=+——.
sin” a 9 225 113
cos a=——
226

DANG 3. AP DUNG CONG THUC BIEN POI TICH THANH TONG, TONG THANH
TiCH

Ménh dé nao sau day sai?

A. cosacosb = %[cos(a —b)+ cos(a +b)] . B.sinacosb= %[sin(a —b)—cos(a +b)].

C. sinasinb :%[cos(a—b)—cos(a+b)]. D. sinacosh = L [sin(a—b)+sin(a+b)].

"]
Loi gidi
Chon B
. 1. .
Ta co sinacosh = 5[sm(a +b)+sin(a —b)] .
Trong cac dang thic sau, dang thirc nao sai?
A. cos(a—b)=cosa.cosb+sina.sinb. B. cosa.cosb = %[cos(a +b)+cos(a—b)].
C. sin(a—b)=sina.cosb—sinb.cosa . D. cosa-+cosb=2cos(a+b).cos(a—b).
Loi giai
Chon D
Ta co: cosa+cosb=2cos a+b.cos azb
Cong thirc nao sau day la sai?
a+b a-b .a+b . a-b
A. cosa+cosb=2cos 5 .COs 5 B. cosa—cosb =-2sin .sin
C. sinag+sinb = 2sin a+b.cos a=b . D. sina —sinb = 2sin a+b.cos a=b .
2 2 2 2
Loi giai
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Cau 68:

Cau 69:

Cau 70:

Cau 71:

Chon D

a+b . a-b

Ta c6 sina —sinb =2cos .sin

7 « R , : + 2 _ .
Rat gon bidu thire 4 = 22 3x +cos2x —sin x

- (sin2x # 0;2sinx + 1 # 0) ta dugc:
cos x + sin2x — cos 3x

A. 4 =cotb6x. B. 4 =cot3x.
C. 4=cot2x. D. 4 =tanx + tan 2x + tan 3x .
Loi giai
Chon C
4= sin3x +cos2x —sinx _ 2cos2xsinx +cos2x _ cos 2x(1+ 2sin x) — cot2x
cosx +sin2x —cos3x  2sin2xsinx +sin2x  sin2x(1+2sinx) '
2 . ) T . T
Rut gon biéu thirec P =sin (a +Zj sin (a —Z)
A. —zcos 2a. B. lcos2a. C. —Ecos 2a. D. —lcos 2a.
2 2 3 2
Loi giadi
Chon D
. T . T 1 T 1
Ta co: sin| a+— |sin| a—— |=—| cos——cos2a |=——cos2a .
4 4 2 2 2
Bién ddi biéu thirc sin« — 1 thanh tich.
) . T T : . (la & o T
A. sma—1=2sin| ¢—— |cos| ¢ +— |. B. sina—1=2sin| ——— |cos| —+— |.
2 2 - 2 4 2 4
) ) T T ) . (la & a
C.sinag—1=2sin| a+— |cos| a—— |. D. sina—1=2sin| —+— |cos| ——— |.
2 2 2 4 2 4
Loi giai
Chon B
T b
V4 a+, e a a
sinag—1=sina —sin— =2cos 2sin 2 =2cos| —+— |sin| ——— |.
2 2 2 2 4 2 4
Rt gon bidu thirc P = cc.)sa+20f)s 3a+c.0s S5a .
sin a + 2 sin 3a +sin Sa
A. P=tana. B. P=cota . C. P=cot3a. D. P =tan3a.
Loi giai
Chon C
p_ cosa+2cos3a-+cosSa B 2cos3acosa+2cos3a

sina + 2sin3a +sin Sa 2sin3acosa+2sin3a
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2cos3a(cosa+1) cos3a
= = =cot3a.

~ 2sin 3a(cosa +l) ~ sin3a
Céu 72: Tinh gia tri biéu thue P =sin30".cos60° +sin 60°.cos30° .
A.P=1. B.P-0. C. P=43. D. P=-/3.
Loi giai
Chon A
Taco P=sin(30"+60")=sin90" =1.

Cau 73: Gia tri dang cua 008277;+ 005477z+ cos677z bang:

AL B. L. c. L. p. - L.
2 2 4 4
Loi giai.
Chon B
. 71( 27 4r 671)
Sin—| coOS— +COS—— + COS—
, 2 4r 6r _ 7 7 7
Tacod cos— +cos—+cos— = p
7 7 7 sine
7
37 . ( ) . 5% . ( 3r) . ( 57 . T
sin— +sin| —— |+sin—+sin| —— |+sinz+sin| —— sin| ——
_ 7 7 7 7 7)) 7 __l
2sinE 2sinz 2
7 /

Cau 74: Gia tr1 dung cua tan S tan7—” bang:
24 24

A. 2(V6-3). B. 2(V6++3). C.2(\3+42). D. 2(\3++2).

Loi giai.
Chon A
sin z
tan£+tan7—”: 3 = \/5 22(\/6—\/5).
24 24 V4 r V4 V4
COS—.COS— COS—+COS—
24 24 4

Céu 75: Biéu thiic 4= _t 25sin 70° ¢6 gia tri dung bang:

2sin10°
Al B. -1. C. 2. D. 2.
Loi giai.
Chon A
1 . 1-4sin10°.sin70° 2sin80° 2sin10°
A:.—O—2sm70°= — = ="—"—5=1
2sin10 2sin10 2sin10°  2sinl0
Céu 76: Tich s c0s10°.cos30°.cos50°.cos70° bing:
L L ¢ b L
16 8 16 4
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Cau 77:

Cau 78:

Cau 79:

Loi gidi.
Chon C

c0s10°.c0s30°.cos50°.cos 70° = cos10°.cos 300.%(005120" +cos 20°)

_ \/g(_cole°+cos30°+cos10°] _ﬁ _ﬁ

1
4 2 2 4°4 16"

, Z 4 N
Tich so cos%.cos—ﬂ.cos%Z bang:

A. 1 B. —l. C. L D. —l.
8 8 4 4
Loi giai.
Chon A
.27 A Y4 . 27 27 A . 4r A
ju A 57 Sln7.COS7.COS7 SIHT.COST.COST SIHT.COST
COS—.COS—.COS— = pn =— = =— pm
7 7 2sin — 2sin — 4sin —
7 7 7
. 81
sin—
_ 71
85inz 8
7
Gia tri ding cta biéu thic 4 = USSR @ O - R bang;
cos20°
A 2 B 4 C 1 D 8
Loi giai.
Chon D
sin 70° N sin110°
4o tan 30° + tan 40° + tan 50° + tan 60° _ €0s30°.cos40° cos50°.cos 60°
c0s20° cos20°
1 1 2 2 c0s 50° ++/3 cos40°
— + = —+ :2
c0s30°.cos40° cos50°.cos60° \/§COS40° cos 50° 3 cos 40°.cos 50°
5 sin40°++/3 cos 40° 3 sin100° _ 8cos10° _i
\/§COS4OO.COSSOO NG \/§COSIO° \/3

——(c0s10°+cos90°
= )

Cho hai goc nhon a va b . Biét cosa :é’ cosh :i. Giatri cos(a+b).cos(a—b) bang:

NEES p 15 c. 17 p. 119
144 144 144 144
Loi giai.
Chon D
Ta co :
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Cau 80:

Cau 81:

Cau 82:

1 , , 1 (1Y 119
cos(a+b).c0s(a—b)25(0052a+cos2b)=cos a+cos’h—1= 3 + = -1=——2

4 144"
, .2 i sin x +sin 2x +sin 3x
Rut gon biéu thuc 4 =
cOSx+cos2x+cos3x
A. A =tan6x. B. 4 =tan3x.
C. 4 =tan2x. D. 4 =tan x + tan 2x + tan 3x.
Loi giai.
Chon C
Ta co :
4 sin x+sin2x +sin3x _ 2sin2x.cosx+sin2x _ sin2x(2cosx+1) _tan 2y
COSX+C0s2x+¢083x  2c0s2x.cosx+c0s2x  cos2x(2cosx+1) '
Bién d6i biéu thirc sin « + 1 thanh tich.
) .(a =« a ) a 7w\. (a =&
A. sina+1=2sin| —+— |cos| ———|. B. sina+1=2cos| —+— |sin| ——— |.
2 4 2 4 2 4 2 4
) ) T T ) T . T
C. s1na+1:2s1n(a+5Jcos(a—5). D. s1na+1:2cos(a+5Js1n(a—5J.

Loi giai.
Chon D

2
, . a a . .,a a _a a . .(a &
Taco sina+1 = 2sin—cos—=+sin? =+ cos? = = sin L+ cos = | =2sin’| —+—
2 2 2 2 2 2 2 4

. a T T a . a T a T
=2sin| —+— |cos| ——— | =2sin| —+— |cos| ——— |.
2 4 4 2 2 4 2 4
DANG 4. KET HQP CAC CONG THUC LUQNG GIAC

a2 \ a r
Cho goc « théaman = < ¢ < 7 va Sin—=——= Tinh gi4 tri cua biéu thire 4 =tan| ——— |.
g g
2 2 5 2 4

A.A:l. B.A=_L C.4=3. D. 4=-3.
3 3

Loi giai
Chon A

. i x T T _a T a
Vlgocathoaman3<a<7rnenz<—<—suyracos3>0.

a2
Do sin—=—= nén cosz= 1—sin2g=i.
2 5 2\ NG

a
) a tan ——1
Biéu thirc 4 =tan (———j -2
2 tanngl

2
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Cau 83:

Cau 84:

Cau 85:

Do d6 tan%:2.

Vay biéu thie 4=2—1 -1
241 3

1( o o
Cho cosng —E<x<0 .Giatricua tan2x la

& n 42

A, —. B C. ——. D. ———
Loi giai
Chon B
. 22
sin2x=1—coszx=1—l=§ =smx=——
9 9 3
2t 42 442
:>tanx:—2\/§ =tan2x = an;c = \/7 - (
1—tan” x —7 7
Cho cos x = 0. Tinh A=sin’ (x—%j+sin2 £x+%j.
A2 B.2. C. 1. p. L
2 4
Loi gidi
Chon A

Ta c6 cos2x=2co0s” x—1=—1. Sir dung cong thirc ha bac va cong thirc bién ddi tdng thanh
tich ta duoc:

l—cos(Zx—ﬂ]+1—cos(2x+”j
Y= 3 3

2

3
2

N | —

=1—c052xcos§=l+

e 2 cy e .2 , ta+3t M ‘A
Cho biét cosa = — 3 Gia tri cua biéu thuc P = coterilane bang bao nhiéu?

2cota +tana

A.PZQ' B'PZE- (:-F):—2 D.P:—Q.
13 13 13 3
Loi giai
Chon A
2 2 1 1 5
Ta co: COSOCZ—E:Man a= —1= _1:Z

cos’ a ( ) jz
3
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L3t 1+3tan’ o 143 5
Ccota+3tana  gng % ane | 1+3tan’a 774 19
= = - 2 T 2 T T 12
2cota +tana 2 ttang = 2ttan’a 2+tan’e 5, 5 13
tan o tan o 4
Cau86: Cho sina.cos(a + B)=sin f (k’lez).Tacé

, . T T
vO1 a+ﬂ¢5+kﬂ', a¢5+l7r,

A. tan(a + ) =2cota -B. tan(a + B)=2cot §.
C.tan(a+p)=2tan g .D. tan(a + f)=2tanc .
Loi giai

Chon D

Ta co sina.cos(a+ ) =sinf < %[sin(2a+ﬁ)—sin/§’] =sin 3

<:>Slll[ a+f +0!} 3sinff < sin(a + B)cosa +sina cos(a + ) =3sin

sm( )cosa+sina:—3smﬁ

cos( ﬁ) cos(a+,8)

s1n( + /) 3sin _sina *)

cos( ,B) cosacos(a+fB) cosa
Ma&=sina,suyra (*) < tan(a+ f)= RS =2tana

cos(a+ ) cosa  cosa

Vay tan(a + f)=2tana .

1 N 2.tanx cos (ax)

Ciu 87: Biét ring — —= _
cos’x—sin’x 1-tan’x b—sin(ax)

(a,beR) . Tinh gid tri cua biéu thirc

P=a+b.
A. P=4. B.P=1. C.P=2. D.P=3.
Loi giai
Chon D
2sin x
Ta co: : 1 — 2.tan2x _ 1 4_cosx
cos x—sin“x l—tan“x cos2x 1_sm X
cos’ x
1 2sinx.cosx _ 1 sin2x l+sin2x (1+sin2x)cos2x
cos2x cosix—sin®x ©os2x COS2X  coS2x cos” 2x
~ (1+sin2x)cos2x
1-sin®2x
cos2x

=——=" Vaya=2b=1.SuyraPp=a+b=3.
1—sin2x
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Cau 88:

Cau 89:

Cau 90:

2 ., e a1z ,
Cho cos2a =3 Tinh gia tri cia bi€u thirc P = cosa.cos3a .

A. P=—. B.P:Z. C.Pzé.
18 9 9

=
|

Loi giai
Chon D

Ta co

2
P =cosa.cos3a :%(cos2a+cos4a) :%(2cos2 2a+c0s2a—1) :%{Z(EJ +§—1} =

T ™5
T<X<— sin| x+—
Chotanx =2 2 . Gia tri cua 3 la

2-3 B 2+4/3 2+3 2+3

A, ———. e —. C. ——. D. .
25 N 25 215
Loi giai
Chon B
kY4 .
7r<x<7 suy ra sinx <0, cosx <0.
, . ) 1 ;1 _y
Taco: 1+tan” x = = <008 X =———— <> Cos" x = — P COSXY=ET—=
cos” x 1+tan” x 5 \/3

Do cosx < 0 nén nhan COSX=—E.

sinx : 2
= Ssinx =tanx.cosx =——
COS X J5

. P . r o 2 1)YV3 2443
Sin x+§ =smx.cos§+cosx.sm§= —_— |t = |, — =

tanx =

V5 )2 s

Téng A=tan9 +cot9 +tanl5 +cot15 tan27 cot27 ping.

A. 4. B. 4. C. 8. D. -8.
Loi gidi.

Chon C

A=tan9°+cot9°+tan15°+ cotl5°—-tan27°—cot27°
=tan9°+ cot9°—tan27°—cot27°+ tan15°+ cot15°

=tan9°+ tan81°—-tan27° —tan 63°+ tan15°+ cot15°.

Ta co
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tan9° —tan27°+tan81° —tan 63° = —sinl8 + sinl8
c089°.cos27° cos81°.cos63°
il 8°(COS 9°.c0s 27°—cos81°.cos 63°j _ sin18°(c0s9°.cos 27° —sin9°.5in 27°)
c0s81°.c0s63°.c0s9°.cos27° c0s81°.c0s63°.c0s9°.cos 27°

B 438in18°.cos36° _ 4sinl8° 4

(c0s72°+¢0890°)(c0836°+c0s90°)  cos72°

sin® 15°+cos* 15° 2

tan15°+cot15° =— =— =
sin15°.cos15° sin30°

Vay 4=38.

Cau 91: Cho hai goc nhon a va b vdi sina =§, sinb =%. Giatricia sin2(a +b) la:

R W2 +7\3 . W2 +73 . 42 +7\3 o 5V2+7\3

18 18 - 18 18
Loi gidi.
Vs Vs
0 — 0<b<—
R 2 [P0, NG
Ta co =cosa=——; = cosb=—.
) 1 . 1 2
sina =— sinb =—

3 2
sin2(a+b)=2sin(a+b).cos(a+b) =2(sina.cosb +sinb.cosa)(cosa.cosb +sina.sinb)
42473

18 '

2 cos? 2a+x/§sin4a—1

CAu 92: Biéuthic 4=
2sin’ 2a+\/§sin4a—1

c6 két qua rit gon la:

cos(4a +30°) B cos(4a —30°) C sin (4a +30°) D sin (4a —30°)
) cos(4a—30°)' ) cos(4a+30°)' = sin(4a—30°)' ) sin(4a+30°)'
Loi gidi.
Taco:

2cos? 2 +/3sinda —1 B cosda ++/3 sin 4a _ sin(4a +30°)
2sin’ 2a+x/§sin4a—l \/gsin4a—cos4a sin(4a—30°)'
Cau 93: Két qua nao sau day SAI?

A=

sin9°  sin12°

A. sin33°+ cos60° = cos 3°. B. — =— )
sin48° sin81°
C. c0520°+2sin’ 55° =1++/2 sin 65°. D. ! + ! :i_
c0s290° \3sin250° /3
Loi gidi.

, . sin9° sinl2° , . . .
Taco: — =— < sin9°.5in81°—sin12°.5in 48° =0
sin48° sin81°
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Cau 94:

Cau 95:

Cau 96:

o %(cos 72°—cos90°)—%(cos36°—cos60°) =0 & 2¢0872°-2¢0s836°+1=0

&> 4c0s” 36°—2c0836°—1=0. Suy ra B dung.
Twong tu, ta cling chimg minh dugc cac biéu thic ¢ C va D ding.
Biéu thtrc & dap an A sai.
Néu 5sina =3sin(a +24) thi:
A. tan(a+ ) =2tan 8. B. tan(a + ) =3tan S.
C. tan(a+p)=4tan B. D. tan(a + B)=5tan .
Loi giai.
Taco:
Ssina = 3sin(a +24) < 5Ssin[ (a+B)—B|=3sin[ (a+B)+ 5]
= SSin(a+ﬁ)cosﬂ—5005(a+ﬂ)sinﬂ=3sin(a+,B)cosﬂ+3cos(a+ﬁ)sinﬂ
. N .
= 25in(a+ﬁ)cosﬂ = SCos(a +ﬂ)sin,6’ = Sm(a ﬂ) =4 sin = tan(a +,B) =4tan .
cos(a+pf) cosp
Cho biéu thitc 4 = sin> (a+b)-sin’a—sin’ b. Hay chon két qua dung:

A. 4=2cosa.sinb.sin(a+b). B. 4 =2sina.cosb.cos(a+b).

C. 4=2cosa.cosb.cos(a+b). D. 4=2sina.sinb.cos(a+b).
Loi gidi.

Ta co :

_l—cos2a _1—0052b
2 2

A =sin? (a+b)fsin2 a —sin’ b = sin’ (a+b)
=sin’ (a+b)—l+%(0052a+cos2b) =—cos’(a+b)+cos(a+b)cos(a—b)

=cos(a +b)[cos(a—b)—cos(a +b)] = 2sinasinbcos(a+b).

Xéc dinh hé thuc SAI trong cac hé thirc sau ?
cos(40°—a)
cosa

J6

B. sin15°+tan30°.cos15° :T.

A. c0s40°+tan a.sin40° =

C. cos’x — 2cosa.cosx.cos(a+x)+cos’(a+x)=sin’a.

D. sin2x+2sin(a—x).sinx.cosa+sin2(a—x)zcos2 a.
Loi gidi.

Ta co :

, sing . cos40°cos  +sin40°sinar  cos(40°—ar)
c0s40°+ tan a.s1in 40° = cos 40° + .sin40° = = .
cos o cosa cosa

A dlng.
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Cau 97:

sin15° + tan 30°.cos 15° = sin15°.cos30°+sin30°.cos15 _ sin45 :ﬁ. B ding
cos30° cos30° 3

cos’x — 2cosa.cosx.cos(a+x)+cos’(a+x)

20052x+cos(a+x)[—2cosacosx+cos(a+x)] = cos” x —cos(a+ x)cos (a - x)

= cos’ x—%(cos 2a+cos2x)=cos’ x—cos’ a—cos’ x+1=sin’ a. C dung.

sin® x + 2sin(a — x).sin x.cosa +sin’ (a — x) =sin’ x + sin (a —x)(2 sin x cosa +sin (a —x))
=sin” x +sin (a — x)sin (@ + x) =sin’ x+%(cos2x—cos 2a)

=2 2 =2 - 2 .
=sin“ x—cos  a—sin“ x+1=sin"a. D sai.

V2 V6
> va coscx+cos[3:7

N 1243 5 4+33 V3 D-g-

Cho @, f thoa man sino+sinff = . Tinh cos(a - B)+sin(a + B).

. . . Caf—.
6 2 2
Loi giai

Ta co:

sina-l—sinﬂ:?z<:>sin2a+sin2ﬂ+2sinasinﬁ=% (1)

6 3
COSOH—COS,B:?<:>C0$205+C082,3+2COSO£COS,H:§ (2)

Cong vé theo vé (1) voi (2) ta dugc

sin” o +sin” B +cos’ a +cos’ S+ 2sinasin f+2cosa cos ff =2

< 2+2(sinasin f+cosacos f)=2 < 2cos(a—f)=0< cos(a—f)=0.
Tir gia thiét ta lai co:

V2 V6

(sina +sin B)(cosa +cos f) = 5

oo

: . : : 3
<:>smacosa+smacosﬂ+smﬂcosa+smﬁcos,3:7

V3

@%(sin2a+sin2ﬂ)+sin(a+ﬂ) =

Mat khac sin 2a +sin28 = 2sin(a + B)cos(a - B)=0.
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B

Suy ra sin(a+ f3) =

NE

Viy cos(a—f)+sin(a+ )= -

CAu 98: Cho tam giac 4BC . Tinh gia tri cua biéu thic A =sin> A+sin® B+sin* C—2cos Acos Bcos C.

Al B. 3. C.2. D. 0.
Loi gidi
sin? A+sin® B+sin’ C = 1_“2’52/1+1_“2’523+1—cos2c=2—C°SZAzcoszB—cos2c

:2—cos(A+B)cos(A—B)—cosZC
=2-cos(z—C)cos(4-B)=2+cosCcos(4—B)—cos’C
2cosAcosBcosC=(cos(A+B)+cos(A—B))cosC =(—cosC+cos(A—B))cosC

A=2+cochos(A—B)—cos2C+cos2C—cochos(A—B)=2

. . 7 . 2+sin’x
Ciu 99: Cho sinx +cosx =— . Gia tri cua biéu thirc A =cos4x—sin" x————— bang.
5 3tan” x+2
A -2 B. > c. 2 D. -2
625 25 625 625

Loi giai

.. 7 | ) 3 49 ) 49 . 24
Ta co: smx+cosx:§:>s1n X+ 2s1n x cos x + cos x:2—:>1+sm2x:2—:>sm2x:—.

. 2+sin® x : 2+1—cos’ x
A=cos4x—sin’ X————— :c0s4x—sm2x—2—
3tan” x+2 3tan” x+3-1
. 3—cos’ x — o2
=cos4x—sin’ x— ; _ cosdy—sin? x_ S=CO8"X
3(tan” x+1)-1 3,
COSZX

2 2
(3 —CoS x)cos X

=cosdx—sin®x— =cosdx—sin® x—cos* x =1—2sin* 2x—1

3—cos’x

2
=-28in’2x = -2 24 - 1152
25 625

N .2 , T . | T ) . R R I
Cau 100: Biéu thuc 4COS(g—ajsm(§—aj=m+nsm a,véi mne,.. Khiddo m —n bang

A. 7. B. 15. C. -7. D. -15.
Loi giai
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, T T n . T T
Ta co E—a va g+oz phu nhau nén s1n(§—aj:cos(g+a)

pis (7 T T
Suy ra 4cos| ——a [sin| ——a |=4cos| ——a |cos| —+a
6 3 6 6
oo § e refren|(§oa)-(Fra)
=4.-—<cos| ——a+—+a |[+cos|| ——a |-| =+«
2{ 6 "6 6 6
:2-[cos§+cos(—2a)}:2-cos§+2-cos2a

= 2~%+ 2.(1—25in2a) =142 —4sin’a =3 —4sin’«x .

DANG 5. MIN-MAX

Cau 101: Gi4 tri nhé nhat ciia sin’® x+cos’ x 1a
A. 0. B. 1. al
2 4
Loi giai

| —

Ta co

N

sin® x +cos® x = (sin2 X +cos’ x)3 —3sin® xcos’ x(sin” x + cos’ x) :1—%sin2 2x 21 —% =
Déu “=" xay ra khi va chi khi sin> 2x =1 < cos2x =0 < 2x =%+k7z o x =%+k%(k eZ).

CAau 102: Gié tri 16n nhat ctia M =sin* x+cos* x bing:
A 4. B. 1. C.2. D. 3.
Loi giai
, 1.,
Taco M zl—zsm 2x

Vi 0<sin® x<1

= —lS —lsin2 2x<0
2 2

@lﬁl—lsinZZxﬁl.
2 2

Nén gia tri 16n nhat 1a 1.
Cau 103: Cho M = 3sin x + 4 cosx . Chon khang dinh ding.

A. -5<M <5. B. M >5. C.Mm=>5. D. m<5.
Loi giai
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3. 4 )
M:5[—smx+—c0sxj=5s1n(x+a) vO1 cosa :g;sina :i.
5 5 5 5
Taco: —1<sin(x+a)<1
< —5<5sin(x+a)<5.
CAu 104: Gia tri 16n nhét cua M =sin® x—cos’ x bing;
A. 2. B. 3 C.o. D. 1.

Loi giai
Ta co.
M= (sin2 x—cos’ x) (sin4 x+sin’ xcos’ x+cos” x)

-2 2
:—cos2x(1—s1n XCOS x)

=—Cos 2x(1 —%sin2 2xj

31 31 3 1
=—0082x| —+—co0s” 2x |[<=+—cos" 2x<—+—=1 (4 2x <1).
(44 j44 17 Rk <)
Nén gia tri 16n nhat 1a 1.
, 3 .
Cau 105: Cho biéu thuc M _ I+tanx” , (x¢—%+kﬂ,x¢%+k7z,ker , ménh d€ nao trong céc

(1+ tan x)3

ménh dé sau diing?

A. M <1, B.le. C.lSMSI D. M <1,
- 4 4
Loi giai
Dé.tt:tanx,te]R\{—l}.
Ta cb: 1+¢ P —t+1 )
acd: M = = = (M -1)* +(2M +1)t+M -1=0.
(1+t) " +2t+1
Véi M =1 thicdnghiém ¢=0.
Véi M #1 dé co nghiém khac —1 thi.
A20<:>(2M+1)2—4(M—1)220<:>12M—320<:>M2%.
Va(M-1)(=1) +(2M +1)(=1)+(-1)-1£0 = M =4,
Cau 106: Cho M =6c0s” x+5sin x . Khi d6 gi4 tri 16n nhit cua M 1a
A. 11 B.1. C.s5. D. 6 .

Loi giai
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Cau 107:

Cau 108:

Cau 109:

M:6(1—sin2 x)+5sin2x:6—sin2x
Tacod: 0<sin’x<1, vxeR
< 0>-sin*x>-1,VxeR
@626—81112)625, VxeR.
Gia tri 16n nhat1a 6 .

Gi4 tri 16n nhat cua biéu thire M =7cos” x—2sin’ x 1a
A. -2, B.5. C.7. D. 16.
Loi giai

M:7<1—sin2 x)—2sin2x =7-9sin’ x
Ta cé: 0<sin’>x<1

< 0>-9sin*x>-9,VxeR
&T>7-2sin*x>-2.

Gia tri 16n nhat1a 7 .

DANG 5. NHAN DANG TAM GIAC

Cho A4, B, Cla cac goc cta tam giac 4BC thi.

A.sin2A4+sin2B >2sinC . B. sin24+sin2B <2sinC .
C.sin24 +sin2B >2sinC . D. sin24 +sin2B =2sinC .
Loi giai

Ta c6: sin24+sin2B =2sin(A4+ B).cos(4—B)=2sin(z—C).cos(4—-B)
=2sinC.cos(A—B)§ZsinC. Déudéngthﬁ:cxéyrakhi cos(A—B)=1<:> A=B.

Mot tam giac 4BC ¢6 cac goc A,B,C thoa man Sin§0053 E—singcos3 g =0 thi tam gidc
do6 co gi dac biét?

A. Tam giac d6 vuéng. B. Tam giac d6 déu.

C. Tam giac d6 can. D. Khong c6 gi dac biét.

Loi giai
Chon C

sin sin B

. A B . B A Y Y

Ta c6 sin—cos’ ——sin—cos’ — =0 < 2 _ 2
2 2 2 , A ; B
cos”— cos’ —

2 2
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A , A B , B A B A B
<tan—| l+tan”— [=tan—| l+tan" — | tan—=tan— <> —=—<<= A=8.
2 2 2 2 2 2 2 2

Cau 110: Cho 4, B, C la cc goc clia tam gidc ABC thi cot 4.cot B + cot B.cot C + cotC.cot A bang :

A. (Cot A.cot B.cotC )2 .B. Mot két qua khac cac két qua di néu trén.

C. 1. D. 1.
Loi giﬁi
Chon C
Ta co
cot A.cot B+ cotB.cotC +cotC.cot A4

B 1 N 1 . 1 _tanA+tanB+tanC
tan A.tan B tan B.tanC tanC.tan A tan A.tan B.tanC

Mat khac
tan A+ tan B + tan C =tan(A+B)(1—tanA.tanB)+tanC
=tan(ﬂ—C)(l—tanA.tanB)+tanC =—tan(C)(l—tanA.tanB)+tanC =tan C.tan 4.tan B .

Nén cot A.cot B+ cotB.cotC +cotC.cotA=1.

Cau 111: Cho 4, B, C labala cac goc nhon va tanA—% anBzé, tanC:é.Téng A+B+C bang
AZ B.Z. c.Z. p. Z.
5 4 3 6
Loi giai
1.E
Taco tan(A4+B)= TR 2 9 :Z.
I-tan4tanB [ 11 9
2°5
7+1
ta A+B +tan C 9
Suy ra tan(A+B+C):tan[(A+B C]— al JranC _ 9 g =1
1-tan(A4+B).tanC 1_11
98
Vay A+B+C=%.
Cau 112: Biét A4, B, C 1a cac goc cua tam giac ABC, khi do.
A+B C A+ B C
A. cot =cot—. B. cos =CoS—.
2 2
A+B C A+B C
C. cos =—CoS—. D. tan =cot—.
2 2 - 2 2

Loi giai

Vi 4, B, C 1a cac goc ciia tam gidc 4BC nén A+ B+C =180° = C =180° — (4 + B).
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:§:9OD—A+B.Dodé§Vé A+ 5B l1a 2 géc phu nhau.
. C A+ B C . A+B C A+ B C A+ B
= szz cosS ; coszz sin ; tanE: cot > ; COtE: tan .

Cau 113: A4, B, C, 1a ba goc ciia mdt tam gidc. Hay tim hé thurc sai:

. 34+B+C
A.sin4=-sin(24+B+C). sin4=—-cos————

B.

C. cosC:sinw.

D. sinC =sin(4+ B +2C).
Loi giai
sin(A4-+B+2C) =sin(180° - C+2C) =sin (180" + C) =—sinC.
Cau 114: Cho 4, B, C lacac goc cua tam giac 4B C thi:

A B C
A. tan 4 + tan B + tan C = tan 4.tan B.tan C . B. tanA+tanB+tanC=—tanz.tanz.tang.

A B C
C.tanAd+tanB+tanC = —tan A.tan B.tanC. D. tanA4A+tanB+tanC = tan;.tanz.tan?.
Loi giai
sin(4+B) sinC
+

cos A.cosB cosC

Taco: tan 4+ tan B+ tan C =(tan 4 +tan B) + tanC =

= = tan 4.tan B.tan C .
cos A.cos B.cos C

. —cos( A+ B)+cos A.cos B sin A4.sin B.sin C
=sin C.
cos A.cos B.cosC

Cau 115: Biét 4, B, C 1a cac goc cua tam giac ABC, khi do.

. (A+B C . (A+B C
A. SIn =Ccos—. B. sin =—CoS—.
- 2 2 2

2
.(A+B
C. sin

. C . (A+B . C
=sin—. D. sin| —— [=—sin—.
2 2 2
Vi 4, B, C 1a cac gboc cta tam gidc ABC nén 4+ B+ C =180° = C=180"-(4+B).

Loi giai

:§:9OD—A+B.Dodé§Vé A+ 5B la 2 géc phu nhau.
. C A+ B C . A+B C A+ B C A+ B
:sm;:cos ;cos;=sm ;tan?=cot ;cot?=tan ;-

Cau 116: Néu q = 2b vaa+b+c = x . Hiy chon két qui ding.

A. sinb(sinb +sinc) =sin2a . B. sinb(sinb+sinc)=sin’a .
C. sinb(sinb+sinc)=cos’a. D. sinb(sinb +sinc)=cos2a-
Loi giai
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Cau 117:

Cau 118:

Cau 119:

Cau 120:

a+b+c=7r,a=2b:>b=£;c=ﬂ_3_a
2 2
1—cos2b N cos(b—c)—cos(b+c¢)

2

sinb(sinb+sinc) = sin’ b+sinb.sinc=

:1—cosa—cos(7r;a)+cos(2a—ﬂ) _1-cos2a sin’a.

Cho 4, B, ¢ lacac gbc cua tam giac 4B C thi:
A. sin2A4 +sin2B +sin2C = 4sin A.sin B.sinC .
B. sin24 +5sin2B +sin2C = 4cos A.cos B.cos C .
C. sin2A4+sin2B +5sin2C = —4cos A.cos B.cos C .
D. sin24 +sin2B +sin2C = 4sin 4.sin B.sin C .
Loi giai
Ta c6: sin2A4 +sin2B +sin2C =(sin24 +sin2B) +sin 2C

= 2sin(A+B).cos(A—B)+23in C.cosC =2sin C.cos(A — B)+2sinC.cosC
= 2sin C.(cos(A—B)+cosC) = 4sin C.cos(A—B—C).cos(A—B+C)

_R_ — . T VA
:4sinC.cosA Z; C.cosA §+C =4SlnC-COS(E—Aj-COS(E—Bj:4sinC.sinA.sinB.

A, B, C, laba gbc cua mot tam giadc. Hay chi hé thirc sai:
44+B+C 34 A-2B+C )
A. cot| ————— |=—tan—. B. cos| —— |=—-sinB.
2 2 [ 2
. (A+B-3C A+ B+6C 5C
C.sin| —— |=cos2C. D. tan| ——— |=—cot—.
2 2 2
Loi giai
A-2B+C 180° - B-2B o 3B) . 3B
coOS——————=cos———— =¢0S8| 90" —— |=sin—.
2 2
Biét A, B,C 1a cac gbc cua tam giac 4BC khi do.

A. cosC=cos(4+B). B. tanC=tan(4+B).
C. cotCz—cot(A+B).D. sinC:—sin(A+B).
Loi giai
Vi 4,B,C la cac goc ciia tam gidc ABC nén 4+ B+C =180°= C =180°—(4+ B).
Do d6 (4 + B)va Cla2 gboc bu nhau.
sinC =sin(A+ B);cosC =—cos(A+B).

tan C = —tan (4 + B);cotC = cot(A+ B)

Cho 4, B, C 1a cac goc clia tam giac 4B C thi cot A.cot B + cot B.cot C + cotC.cot 4 bang
A. Mot két qua khac cac két qua ¢ néu trén.  B. 1.
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Cau 121:

Cau 122:

2

C.-1. D. (cotA.cotB.cotC) )
Loi giai

Tacod: cot A.cot B +cotB.cotC +cotC.cotA.

B 1 N 1 N 1 _tanA+tanB+tanC
tan 4.tan B tan B.tanC tanC.tan A tan A.tan B.tanC

Mt khéc : tan 4 + tan B+ tan C = tan (4 + B)(1—tan 4.tan B)+ tan C .
=tan (7 —C)(1—tan 4.tan B)+tan C .
=—tanC(l—tan 4.tan B)+tanC = tan C tan 4.tan B .

Nén cot A.cot B+ cotB.cotC +cotC.cotA=1.

Cho 4, B, C lacac gbc cua tam giac 4B C thi:

A B C A B C
A. cot—+cot—+cot— = cot—.cot—.cot—.
2 2 2 2 2 2

A B C A B C
B. cot—+cot—+ cot— = —cot—.cot—.cot—.
2 2 2 2 2 2

C. cot§+ cot§+ cot%: cot A.cot B.cotC .

D. cot£+cot£+cot£=—cotA.cotB.cotC.
2 2 2
Loi giai
. (A B
sin| —+— cosg
2 2 n 2

u4d nld o
sin—.sin—  sin—
2 2 2

A B
Ta co: cot£+ cot£+ cot£ =(CO‘[—+CO‘[—)+CO‘[— =
2 2 2 2 2

A B . A .
sin£+siné sinE COS| -+ |+sm—.sin—= g~ cosé Cos —
) 272 2 2 2 2 272 )
— cos—. =cos—. -
. C . A4 . ) . A . B . C . A .
sin —.sin —.sin — sin—.sin —.sin — sin—.sin —.sin —
2 2 2 2 2

2

A B C
=Ccot—.cot—.cot—.
2 2 2

Cho 4, B, ¢ laba goc cua mgt tam giac. Hay chon h¢ thirc dling trong cac hé thirc sau.
A. cos® A+cos® B+cos® C=1+cos A.cos B.cosC.
B. cos® A+cos® B+cos’ C=1—cos A.cos B.cosC.

. cos> A+cos®> B+cos® C=1+2cos A.cos B.cos C.

@}

D. cos® A+cos”* B+cos® C=1-2cos A.cos B.cosC.
Loi giai
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1+cos2A 1+cos2B
5 + +

cos’ C

cos’> A+cos> B+cos’ C =
=1+cos(A+B)cos(A—B)+cos’C =1-cosCcos(A4—B)—cosCcos(A4+B)
:1—cosC[cos(A—B)+cos(A+B)] —1+2cos AcosBcosC.

Céu 123: Hay chi ra cong thic sai, néu A4, B, C 1a ba goc cia mot tam gic.

B cC . B.C . A4 ) .
A. cos—cos——sin —sin — = sin —. B. cosB.cosC —sinB.sinC+cosA=0.

C. sin£00s£+ sin%cos; =cos— D. cos” A+cos” B+cos” C—2c0s Acos Boos C=1.

Loi giai
cos(A+B)=—cosC:>cosA.cosB+cosC=sinA.sinB
= cos’ A.cos* B+2cos A.cos B.cos C +cos* C =sin? A.sin’ B = (1 —cos’ 4 )(l—cos2 B )

=1-cos® A—cos’ B+cos® A.cos’ B

= cos’ A+cos’ B+cos’ C+2cos A.cos B.cosC =1

Cau 124: Cho tam gidc 4BC ¢0 sin 4= M Khang dinh nao duéi day ding?
cos B+cosC
A. Tam gidc 4BC vuodngtai 4. B. Tam gidc ABC cantai 4.
C. Tam gidc 4BC déu. D. Tam gidc 4BC la tam giac ti.
Loi gidi
. B+C B-C
sin BAESnC 2sin b cos ) COS —
Tacd sind=———<sind = &sind =
cos B+cosC ) B+C B-C :
oS cos sin —
2 2 2
. A cosy ., A
& 2sin—cos— = & 2sin” = =1
2 A 2
sin —
2

< cosd=0= 4=90° suyratam gidac ABC vuodng tai 4.

Céu 125: Cho bét dang thirc cos2A4 + ! —(2cos2B +4sin B)+%s 0 véi A,B,C 1a ba goc cua

64 cos* A
tam giac 4 BC .Khang dinh dung la:
A. B+C=120°. B. B+C=130°". C. A+B=120°. D. A+C=140°.

Loi giai

1

Tir gid thiét suy ra: 2cos® 4 +————
64cos” 4

—(2—4sinzB+4sinB)+$£0

& cos® A+cos’ A+;4+4sinzB—4sinB+1£E (*)
4cos” A 4
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3 2 2 1 3
AD BDT Cauchy thi cos® 4+cos* 4+ —=>=()
64cos" 4 4

Mit khéc 4sin’ B—4sin B+1=(2sin B-1) >0(2)

Ttr, va suy ra bdt thoa man khi va chi khi ddu bang ¢ va xay ra

1 4 =60°

cos’ A :;4 cosAzE f ol
PN 64cos"A —IB =30 .
SinB:% SinB:E 6\:900

Nén B +C =120° Chon A

Cau 126: Cho 4, B, C lacac goc nhon va tanAz%, tanBz%, tanC:l. Téng A+B+C bﬁng:

8
AL B. Z. cZ. p. =,
6 5 4 3
Loi giai

tan A + tan B
tan(A+B)+tanC _l—tan A.tan B

I-tan(A4+B).tanC  fanA+tanB
1-tan A.tan B~

+tan C
tan(A4+B+C)=

=] suyra A+B+C=2.
anC 4

Cau 127: Cho 4, B, C laba goc cua mot tam gidc. Hay chi ra h¢ thirc SAL

A. sinﬂzcosa B. cos(4+B—C)=—cos2C.
C. tanﬂzcotﬁ. D. cotw=t ¢
Loi giai
Ta co:
A+B+C =1 :>A+82—+3C:%+C :sinAL;xj:sin(§+Cj:cosC. A dung.

A+B-C=7-2C = cos(A+B-C)=cos(nr—2C)=—-cos2C. B ding.

A+B—2C=7r 3C N

A+B-2C 7z 3C 3C .
- =tan———=tan| ———— [=cot—. C dung.
2 2 2 2 2 2
A+B+2C _x C_, A+B+2C_ (7 C) o C b
2 2 2 2 2 2

Cau 128: Cho 4, B, C la ba goc cua mot tam giac. Hay chi ra h¢ thirc SAL

C

B .
A. cos =smE. B. cos(4+B+2C)=—-cosC.

C.sin(4+C)=-sinB. D. cos(4+B)=—-cosC.
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Loi giai
Ta co:
A+B C . C
A+B _x C = Cos =Cos i =sm—. A dung.
2 2 2 2

A+B+2C=7+C = cos(A+B+2C)=cos(7+C)=—cosC. B ding.
A+C=7-B = sin(4+C)=sin(z - B)=sinB. C sal.
A+B=n-C :>cos(A+B)=cos(7z—C)=—cosC. D dung.
Cau 129: Cho 4, B, C laba goc cua mot tam giac khong vudng. HE thirc nao sau day SAI?
B c . : . A
A. cos—cos——sin —sin — = sin —.
2 2 2 2 2

B. tan 4 + tan B + tan C = tan A.tan B.tan C.
C. cotA+cotB+cotC =cot A.cot B.cotC.

A B B C C A
D. tan —.tan —+ tan —.tan — + tan —.tan — = 1.
2 2 2 2

Loi gidi
Ta co :
B cC .B.C B C T A . A )
+ COS—COS——SIN—SIN—=COS| —+— |=COS| ——— =SIH—.Adung.
2 2 2 2 2 2 2 2
+ tan A+ tan B + tan C = tan 4.tan B.tan C < —tan 4 (1—tan Btan C) = tan B + tan C
tan B + tan C ;
@tanA:—uQtanAz—tan(B+C).Bdung.
l—tan Btan C

+ cotA+cotB+cotC =cotA.cotB.cotC < cotA(cothotC—l)z cotB +cotC

1 cotBeotC—1
cotA cotB+cotC

& < tand = cot(B+C). C sai.

A B C B C
+ tané.tan£+tang.tan£+tan£.tan£:1 & tan—.| tan—+tan— [=1—tan—.tan—
2 2 2 2 2 2 2 2 2 2

B C
1 tan5+tan5 A B C ’
P = & cot—=tan| —+— |. D dang.
¢ A 2 2 2
an— 1—tan—.tan—
2 2 2
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