OJEEO)

s"*}‘@ g Trung tim BDVH Unix Thang Long - Web§ite: trungtamunix.edu.vn
,ﬁ}&i@ 1ay Lé Viét toan Thang Long “Khai Mé Tw duy — Kién Tao Van Ménh” (zalo):0835.221183

HAM SO LUONG GIAC
VA PHUONG TRINH LUQNG GIAC

[CHUUNG}

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

DANG 1. PHUONG TRINH sinx =m

Cau 1:  Phuong trinh 2.sinx—1=0 c6 tap nghiém la

2
A. S= £+k2ﬂ;5—ﬂ+k2ﬂ,keZ . B. S= Z vion ——+k2n kel .
- 6 6 3 3
C. S= +k27z ——+k27z kelZ;. D. S= l+k27r,keZ :
6 6 6
Loi giai
| x=2vk2x
Ta ¢6: 2.sinx—1=0 < sinx = — <> sin x = sin = < (kez)
2 6 S
X=—+k2r
6
Cau2: Tat ca cic nghiém cta phuong trinh sin x = sin% la
x=2 ko x="1kon
A, . (keZ). B ; (keZ)
xX=——+k2r x="Z 1 kox
3 3
xX=—+krx
C.x==+krx (keZ). D (keZ)
2
xX=—+kr
3
Loi giai
. ) ) x=a+k2r
Ap dung cong thirc: sinx =sina < (keZ).
x=nm—a+k2r

Cau 3: Nghiém cua phuong trinh 2sinx+1=01a

I

A. X=z+k2ﬂ';x=7—ﬂ+k2ﬂ'. x=—z+k27r;x=7—ﬂ+k27z.
6 6 6 6
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5
C. x=7z+k27z;x=£+k27z. D. x=—£+k27z;x=—ﬂ+k27z.
8 6 6
Loi giai
1 x=—£+k27r x=—£+k27r
Taco: 2sinx+1=0< sinx=— < & (keZ)
2 r

x=m+l+k2n X=—+K2m
6 6
) e n 1z
Vay phuong trinh ¢6 nghiém la x = 3 +k2rm; x = o + k2.

Cau 4: Nghiém cua phuong trinh sin (% - x} +1=0 1a

A.x:%[+k27z,keZ. B.x:%z+k7r,keZ.
C.x:—%”wm,kez. Q.x:%”Jrkzﬂ,keZ.
Loi giai

sin E—x +1:0<:>sin(£—x :—1<:>£—x:—£+k27z<:>x:5—ﬂ—k27r, keZ.
3 3 3 2 6
Véi keZ, x=5?”+k27r cling 1a nghiém cta phuong trinh.

. U .
Cau 5: Phuong trinh sm(?x —%) =0c06 nghiém la

Ax=T+kr (keZ). B x=kr (keZ).

C.x=2Z B g D. =257 (7).
3 2 2
Loi giai
(2 2
Phuong trinh sin Xz =O<:>—x—£:k7zc>2—x:£+kfc<:>x=£+k3—” (keZ).
3 3 3 3 3 3 2 2
Cau 6: Nghiém cta phuong trinh sin x = sin (—2) 1a:
x=-2+k2rx x=-2+k2r7
. ,kel. B. ,kel.
x=2+k2m x=n-2+k2x
x=-"2+kr x=—2+k21
. ,kel. D. ,kel.
x=mw-2+krx x=rw+2+k2x
Loi giai
. i x=-2+k2r )
sinx =sin(-2) < voi keZ.
X=mw+2+k27
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Cau7:  Ho nghiém cua phuong trinh sin x = sin% la

x=2tkn x=2+1k2m
A 7 kel B. lel
4 - Az
x=—+Irx x=—+0D2x
L 5 L 5
x=2+kon x=2kn
c.| ° hleZ, .| °  klez.
T /1
x=——+02r X=——+Ir
L 5 L 5
Loi giai
, ) . . x=a+k2x
Ap dung cong thirc nghiém ctia phuong trinh sSinx =sma < Jk,lel.
x=r—a+2r
x=2 ko
.. . T 5
Ta cé sinx =sin— < kilel.
5 4z
=—+12r
5

Cau 8: Phuong trinh Sin(Zx—%j =0 c6 nghiém la
B

. x=£+k7”,keZ. C. x=%+kﬂ,keZ. D. x=%+k7r,keZ.

A. x=kr,keZ. .

Loi giai
. T T
Ta cd sm(2x—§]: 0 2X—§:k7r,keZ

<:>X=Z+M,kez,
6 2

Cau 9: Tap nghiém ctua phuong trinh sin x = sin%Z la

A. S= 5—ﬂ+k27r;_2—ﬂ+k2ﬂ;keZ B. S= 5—7T+k27r;7—7r+k27r;kEZ .
3 3 3 3
C.S= 5—”+k27r;_5—7[+k27r;keZ . D. S= 5—”+kﬂ;_2—ﬂ+kﬂ;keZ .
3 3 3 3
Loi giai
Ap dung cong thirc nghiém, ta c6
5 xzs?”+k27r x=5—7[+k27r
sin x = sin 2 < & (keZ).
3 -2r

x:ﬂ——ﬂ+k27z x=——+k2rx
3 3
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Cau 10: Phuong trinh sinx =sin80° c¢o tdp nghiém la

A. S= {80°+k360°,100°+k360°,k € Z} . B. S= {80°+k360°,—80°+k360°,k € Z} .
C.§= {40°+k360°,140°+k360°,k € Z}. D. §= {80°+k180°,100°+k180°,k € Z} .
Loi giai

voi keZ.

) ) x =80°+k360° x =80°+k360°
Ta co sinx =sin80° <

e
x=180°-80°+£360° x=100°+£k360°

Cau 11: Tap nghi¢ém cua phuong trinh sin2x=-1la

A. S:{—%+k2ﬁ,keZ}. B.S:{—%H’m,keZ}.
C. S={%+kﬂ,keZ}. D. S={—%+kﬂ,keZ}.
Loi giai

Ta cod sin2x:—1<:>2x:—%+k27r<:>x=—%+k7r, kel.

Cau 12: Ho nghiém cua phuong trinh sin x :% la

x:£+k27z' x:£+k27r
Al 2 keZ. B.| ° keZ
=2Tﬂ+k27r =5—ﬁ+k27r
F 1
x=—+k2x
C.x=kr,kelZ. D. 2 kel.
x=7r—1+k27r
_ 2
Loi giai
. 1 ' o x=%+k27r x=%+k27z
smx:5<:>smx=smg<:> & kel

x:ﬂ—£+k27r x:s—ﬂ+k27r
6 6

Cau 13: Nghiém cua phuong trinh sing =11a

A. x=rn+kdr,keZ. B.x=k2n,keZ. C.x=rn+k2n,keZ. D. x=%+k27r,keZ.
Loi giai

Phuong trinh twong duong sing =1 <:>§: §+ Rro x=rn+kdn ke Z

Cau 14: Phuong trinh sin (x —%) =1 c6 nghiém la

A. x=%+k27r. B.x=5?ﬂ+k7z C.x :5?”+k27r D. x:%+27z.
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Loi giai
sin x—Z =1©x—£=£+k27z <:>x=5—ﬂ+k27r (keZ).
3 3 2 6

Cau 15: Tim nghiém cua phuong trinh sin2x=1.

A.x:£+k27z. B.x=£+k7r. C.x:£+k27z. D.xzk—ﬂ.
2 - 4 4 2
Loi giai
.. V/d Vs
Ta co: s1n2x:1<:>2x=5+k27rc>x=2+k7r.
Cau 16: Tim nghiém cua phuong trinh 2sinx—-3=0.
X = arcsin [%j+ k2w
A. xed. B. (keZ).
. (3
X = —arcsin (5j+ k2r
. (3
X = arcsin (Ej +k27
C. ; (keZ). D. xeR.
= —arcsin (—j-f- k2x
2
Loi giai
Taco: 2sinx-3=0<sinx= %> 1 nén phuong trinh vé nghi¢m.
Cau 17: Phuong trinh sinx=73 c6 nghiém la:
x=Z4kx =Z vi2n
V4 V4 6 3
A. x=x—+k2r. B. x=—+kr. C. 5 D. )
3 3 x=2Zkn x=5+k2n
6 3
Loi giai
x=%+k27z
Taco sinx=—<& N , VOl kel .
2 :Tﬂ+k27z

Cau 18: Tap nghiém cua phuong trinh sin x =sin30° 1a

A. S={30°+k2x |k eZ} L {150°+ k27 |k e Z} .
B. §={430°+k27 |k eZ}.
C. §={+30°+k360°| k e Z} .
D. §={30°+360°|k € Z} U {150°+360°| k € Z} .
Loi gidi
. ' x=30°+4k360° x=30°+4k360°
Ta co sinx =sin30° < & ( EZ).
x=180°-30°+£360° | x=150°+k360°
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Céu 19: Tim tit ca cac nghiém ctia phuong trinh sin(x + %) =1.

A.x=%+kﬁ(keZ). B.x:—%+k27r(keZ).
Q.x:%+k2ﬂ (keZ). D.x:%+k27z(keZ).
Loi giai

Ta c6 sin(x+%j=l <:>x+%=%+k27z <:>x=%+k27z (keZ).

Cau 20: Phuong trinh 2sinx—1=0 co tap nghi¢m la:

A S=1Zvk2mZ  komke Tt B. S=1Zvkom-Ekonken! .
6 6 3 3
C.S=1Zviom-Zikon ket D.S=1 ik ket
6 6 2
Loi giai
I x—£+k27z
Ta co: 25inx—l:Oc>sinx:—c>sinx:sin£<:> 6 kelZ.
2 6 Y4
x=—++k2r7
6
Cau 21: Phuong trinh 2sinx+1=0 c6 nghiém la:
x:—E+k2n x:—E+k2n x=£+k2n x:£+kn
A. s B. 76 C. g D. 67
x=——n+k2n x=—n+k2n x=—n+k2n x:——n+kn
6 6 6 6
Loi giai
Chon B
A . 1. ( n
Taco: 2sinx+1=0<sinx=——=sin| ——
2 6
X=——+k2n
o 76 (ke )
x:—n+k2n
6
Cau 22: Phuong trinh 2sinx — PB=0co tap nghiém la:
A. {i%+k27z,keZ}. B. {i§+k2ﬂ,keZ}.
C. {%+k2n,%”+k2ﬂ,kez}. D. {%+k2ﬂ',2?ﬂ.+k2ﬂ',ke Z}.

Loi giai
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Cau 23:

Cau 24:

s
\/5 x=—+k2rx
ZSinx—\/§=0<:>sinx=7<:> ; (ke Z)
=?ﬂ+k27r

Vay tap nghiém cua phuong trinh la: § = {%+ k27z,27ﬂ+ k2rm,k e Z}

Tong cac nghiém cia phuong trinh 2 sin(x + 40°) =+/3 trén khoang (—-180°;180°) la

A. 20°. B. 100°. C. 80°. D. 120°.
Loi giai
Ta co: 2sin(x+40°) = NEPN sin (x +40°) = g

x+40°=60°+£k360° x=20°+£k360°
= (keZ) < (keZ)
x+40°=120°+£k360° x =80°+k360°

Theo dé bai:
5 4
—180°<20°+k360°<180°<:>—§<k<§:>k:0:>x:20°.

—180°<80°+k360°<180°©—%<k<%:k=0:>x:80°.

Vay tong cac nghiém ctia phuong trinh 1a 20° +80° =100° .

Tim tong cac nghiém ciia phuong trinh cos(Sx—%) :cos(Zx—gj trén [0;7].
A Y7 i g. " p. =
18 18 18 18
Loi giai
Ta co:
- - sx—Z=2x—Ztk2r x:—£+kz—ﬂ-
cos| Sx—— [=cos| 2x—— | & 6 3 kel & 183 kel.
6 3 T /4 T k2w
Sx——==2x+—+k2n X=—+—
6 3 14 7

Vi xe[0;7] néntacod:

+)V01x——£+k2—7[:>0S—£+k2—7[S75<:>LSkSQ dokeZ=k= lnenx—ﬁ.
18 3 18 3 1 12 18
VoI x= T BT 0 T R T k<D o ke = ke {0;1:2:3) nén
14 7 14 7 4 4

[ 57 97 13n
14147147 14 |~
Tongtatcacacnghlemla %+£+57[ 9z Lz _4iz

=
14 14 14 14 18
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" £ n s sin3x R .
Cau 25: SO0 nghiém phuong trinh =0 thudc doan [27;47] la
cosx+1
A. 7. B. 6. C. 4. D. 5.

Loi giai
biéu kién: cosx+1#20< x =1 +k27.

sin 3x
Ta co

—0=sin3x=05x=""(keT).
cosx+1 3

So véi diéu kién nghiém ciia phuong trinh 1a x = kTE V6i ke Z, k #3(21+1)

Vidrn<x<dn < 27z£kTﬂ£47r<:> 6 <k <12 nén ta chon ke{6,7,8,10,11,12}.

Cau 26: Phuong trinh 2sinx + =0 ¢o tong nghiém dwong nho nhat va nghiém am 16n nhét bing

A B. 27. c.Z. D. 7.
3 3
Loi giai
Vs
xX=——+k2rx
* Ta co: 2sinx+\/§=O<:>sinx:—§:sin(—§j<:> 43 kel.
x=?ﬂ+k2ﬂ'

. hY/4 .
* Xét x = —§+ k2rx , k € Z ta dugc nghiém duong nho nhat 1a X =? va nghiém am lén nhat

. T
la x2=—§.

4 ) , 47 ) ,
* Xét x = Tﬂ+ k27, k € Z ta dugc nghiém duong nho nhat 1a x5 = EY va nghiém am l6n nhat

I3 2r
ax,=—.
T3

A 9 A 5 \ ~ \ T
* So sanh x; va x5 ta suy ra nghiém duwong nho6 nhat cua phuong trinh da cho 1a x; = 3

A A r A 5 \ ~ \ T
So sanh x, va x4 ta suy ra nghiém am 16n nhat cua phuong trinh da cho 1a x, = R

) T 4r
*Ta co x2+x3 :—g‘}—?:ﬂ'.

Cau 27: V6inhiing gid tri ndo cua x thi gia tri ciia cdc ham s y = sin3x va y =sinx bang nhau?

x=k2x

keZ). Cx=kZ .
x=%+k27£( S ) B. x k4(keZ)
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x=kr
T
C.x=k=(keZ). . ke).
" (ke2) | & x(ke?)
4 2
Loi giai
Xét phuong trinh hoanh do giao diém:
e ing | XEXTR2T x =k (ke2)
- ).
S 2L = sy 3x=rm—-x+k2x x="24kZ
4 2
Céu 28: S6 nghiém cua phuong trinh sinx=0 trén doan [0; 7] 1a
Al B.2. C.0. D. V6 sb.

Loi giai
Taco sinx=0<=x=kr, kelZ.
xe[O;n]@OSlwrSn@OSkSl makeZ nén k=0; k=1.Suyrax=0; x=7r.
Vay phuong trinh sinx =0 ¢6 2 nghi¢m trén doan [O;n].

Cau 29: Tap nghi€m ctua phuong trinh 2sin2x+1=0 1a

A S=1-Z in E vknkent. B.S={-ZikonZ ikonkez!.
12 12 6 12
C.S=-Z ik ik kez!. D.S=-ZiinZrkrkern!.
12 12 6 12
Loi giai
| 2x=-21k2r
Ta co: 2sin2x+1=0 < sin2x = — — <> sin2x = sin| — 2 | < . kel
2 6 T
2x=—+k2rx
6
X=——+km
o 1 keZ
T
x=—-++kr
12

Vay tap nghiém cua phuong trinh 1a S = {—%Jr kﬁ,%+ kr,k e Z} .

Cau 30: Nghiém cua phuong trinh 3 sin (4x + %} -1=0 la:

1 1 1 s 1 1 1 T
x:§—zarcsm§+k5 x:—g—zarcsmg+k5
A. kel. B. kel.
7z 1 1 1 V4 /| 1 s
X=—————arcsin—+k— X=———arcsin—+k—
4 8 4 3 2 4 4 3 2
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x:—l+kZ

C. 8 2 ez D
="k Z
2

1 1 1 T
X=——+—arcsin—+k—
8 14 1 3 2 keZ.

T 1
X=—————arcsin— +k—
4 8 4 3 2

Loi giai
1 1
| 1 1 dx+—=arcsin—+2krx
3sin| dx+— |—1=0 <> sin| 4x+— | == < 2 3 kel
2 2 3 1 1
4x+5=7r—arcsm§+2k7r

1 1 T
xX=——+—arcsin—+k—
4 3 2

o 8 kel
z 1 1 1
X=—————arcsin— +k—
4 8 4 3 2

Cau 31: Tap nghiém ctia phuong trinh sinx =sin (x -~ 600) 1a

B. {%-l-kﬂ',kEZ}. B. {277[+k7r;keZ}.
C. {120° +k180°,k e Z} D. {60° +k180°,k e Z}
Loi gidi

x=x—-60"+£360°

=120° +£180° (k€ Z
x:1800—(x—60°)+k360°<:>x i ")

sinx=sin(x60°)<:{

Cau 32: SO nghiém ctia phuong trinh sin 2x = ? trong khoang (0;37) 1a

A. 2. B. 1. C. 4. D.6.
Loi giai

3 2x:1+k27r x=£+k7z
Ta ¢6 sin2x=7c>sin2x=sin%<:> kel < keZ

2x =2—7T+k27r x=Zkn
3 3

Xét x=%+k7z(keZ) 0<x<37&0< 6+k7r<37r©?1<k<%7

k=0=>x=

MakeZnén |k=1=>x=

0\|§] Nk

oY)

137

k=2=>x=——
6
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Xét x=%+k7r(keZ): 0<x<37e0<Evkn<ine —<k<

8
k=0:>x:£
3
\ N 4
Ma k eZnén kzl:x:?
k=2=x= "
L 3

Vay phuong trinh sin 2x = ?

¢6 6 nghiém trong khoang (0;37).
Cau 33:

Cung luong giac ¢6 diém biéu dién 1a M ,» M, nhu hinh v€ 1a nghiém cta phuong trinh lugng
giac nao sau day?

YA

A. sin[x—%]:o. B. sinx=0.

C. cos(x—E]:O. D. sin(x+£]:0.
3 3

Loi giai

Cung luong giac c6 diém biéu dién 1a M,, M, c6 sb do la: iy (keZ).

Va phuong trinh Sin(x—%j=0<:>x—%=kﬂ'<:>x=£+kﬂ' (keZ).

Céu 34: S6 nghiém thudc khodng (0;27) cua phuong trinh sin(x+£j+sin 2x=0 1a
Al B.2. C.3. D. 4.
Loi giai
sin x+§j+sin2x:0<:>sin[x+%j=—sin2x<:>sin(x+%):sin(—2x)
i T T 2
X+—=-2x+k2x xX=——+k—
= = ; 3
x+§=7r+2x+k27r x=——ﬂ—k27z
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Cac nghiém thudc khoang (0;27) cia  phuong trinh la:
ELE T 2 T g 2T g hay 25 UE VT Ar
9 3 9 3 9 9 9 9 3

Viy ¢6 4 nghiém thoa yéu cau bai toan.

Ciu 35: S6 nghiém thyc ciia phuong trinh 2sinx—1=0 trén doan [—377[; 107:} la:

A. 11. B. 9. C. 20. D. 21.
Loi giai
i x=%+k27r
Phuong trinh tuong duong: sinx =— < ,
2 kY4
X=—+k2n
3 59
+V0’1x——+k27r keZ tacd ——< +k27r<107r keZ <:>——<k<— kel
6 2 6 6 12°

=0<k<4, keZ.Do dé phuong trinh c6 5 nghié¢m.
+V01x—5—+k27r keZ tacod _3_<5_7r Rr<10x, keZ <:>—z<k<§ kel
6 2 6 6 12°

= -1<k<4, keZ. Do d6, phuong trinh c6 6 nghiém.
+ R4 rang cac nghiém nay khac nhau timg doi mét, vi néu

%+k2n=%+k'zn@k—k'=—

Vay phuong trinh ¢6 11 nghiém trén doan [—37”; 107Z'j| .

4 . « R by . . 1 A by by 2 Y
Cau 36: So6 vi tri biéu dién cac nghi¢m cua phuong trinh sm(Zx +%) = trén duong tron lugng giac la

A. 4. B. 3. C. 6. D. 1.
Loi giai
2+ =" kon
Phuong trinh <:>sin(2x+£j:sin£© 36 kel
3 V/d V4
2x+—=m—-—+k2n
3 6
x=—2 tkn
o 2 ez
X=—+knr

L2 X . T n . . ., .,
Bicu dién nghiém x = T + krm trén duong tron lugng giac ta dugc 2 vi tri.

2 gex A 7 . . . . o
Bicu dién nghi¢m x = 2 + k7 trén duong tron lugng giac ta dugc 2 vi tri.
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n A Sin
/’/—_-_%-'M B

Hinh 1 Hinh 2
Vay c6 tat ca 4 vi tri biéu dién cac nghiém cac nghiém cua phuong trinh.
Cau 37:

Tap nghiém cua phuong trinh sin (7x) = cos | % + mx | la:

A.{£+k7r,keZ}. g.{iw,kez}. C.{£+k7r,keZ}. D.{l+kn,kez}.
12 12 2 2

Loi giai
Ta co:

sin(mx) = cos|§+7rx| N sin(ﬂx):sin|g—£—7rx| N sin(ﬂx):sin|%—7rx|

Wx:%—wx—i-k%r

1

x:E—kk,k 78
7rxz7r—%—|—7rx—|—k27r (VL)

Cau 38: Phuong trinh sin(f‘)x + E)

3 )" c6 bao nhiéu nghi¢m thudc khoang (O; Zj ?
A.2. B. 3. C. 4. D. 5.
Loi giai

Vs
Ta cd sin (3x +%) \6

3x+—=—£+k27z'
=—— &sin 3x+£ =sin _z = 3 3
2 3 3

(keZ)
3x+§=7z+£+k27r
o 2m 2w
o ? 3 (ke
V4 2
Xx=—+k—
3 3

THI1: x= 2”+ 2z (O;%j<:>0<—2—”+k2—ﬂ<z

<:>l<k<E.Do keZ=k=1.
2 3 12

4
Suy ra truong hgp nay c6 nghiém x = 7 théa man.

13 | Th.s Lé Viét (THPT Thing Long, Ha N§i) — Chuyén gia Chién lwoc Gido duc va Sw nghiép



OJEEO)

e

Trung taim BDVH Unix Thiang Long - Website: trungtamunix.edu.vn

ﬁ;ﬂé‘é 1dy L& Viét toan Thing Long “Khai M& Tw duy — Kién Tao VAn Ménh” (zalo):0835.221183

Cau 39:

Cau 40:

Cau 41:

iz v Lk e(02 ) 0 Dek el Lk < Do keZ k=0,
3 3 2 3 3 2 2 4

Suy ra truong hgp nay c6 nghiém x = % thoa man.

Vay phuong trinh chi c6 2 nghiém thudc khoang (0;%).

S6 nghiém ctia phuong trinh sin (x +%) =1voi 7<x<57 la

A. 1. B. 0. C.2. D. 3
Loi giai
Ta c6 sin x+Z :1<:>x+£:£+k27r<:>x:£+k27r, kel
4 4 2 4
Nén ﬂSxSS]Z@HS%-I—kZ?TSS?T@%SkS%
Vi keZ nén k e{1;2;3}.
) : . 2
C6 bao nhiéu nghiém phuong trinh Sin2x = . trong khoang (0,72')
A. 4. B. 3. C. 2. D. 1.
Loi giai
-7 -7
‘ NG 2x=—+k2x x=—+knr
sm2x=—7<:> 5 L
2x:—”+k27z xz—ﬂ+k7r
4 8
Vi -7 1 9 T
10<x<7r<:>0<?+k7r<7r<:>§<k<§—>k:1—>x=—
Vig<rx<ro0<Zihrane Sck<>sk=0—x= 2
8 8 8 8
S6 nghiém thudc doan [0;57”} cua phuong trinh 2sinx =1 1a
A. 4. B. 1. C.2. D. 3
Loi giai
| x:£+k.27r
Phuong trinh 2sinx =1<>sinx =— < (k,leZ)
2 S
x=?+l.27z

Sm| . .
Vi xe{0;7} nén k=0,k=1va [=0.
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Cau 42:

Cau 43:

Phuong trinh nao dudi day cé tap nghiém biéu dién trén duong tron luong giac 1a 2 diém
M, N?

A. 2sin2x=1. B. 2cos2x=1. C. 2sinx=1. D. 2cosx=1.
Loi giai
Chon C
A < R \ \ ’ . < A 5 \ 2 A r e o g3r A 1
Ta thay 2 diém M va N la céc giao diém cta duong thang vudng goc vdi truc tung tai di€m 2
v6i duong tron lwong gidc = M va N 1a cic diém biéu dién tap nghiém ciia phuong trinh lugng

giac co ban: SiﬂXZ%@ZSinX:'] = Papan. C.

Cho phuong trinh sin (2x —%j = sin(x + 37”) . Tinh tong cac nghiém thudc khoang (0; 7r) cua

phuong trinh trén.
T 3

A Z B. 7. = p. Z.
2 2 4
Loi giai
Chon B
T RY/4
2x——=x+—+k27 X=rn+k2r
, . V4 . RY/4 4 4
Ta co: sin| 2x—= |=sin| x+ — | & o r 2rn (keZ).
4 4 T RY/4 x=—+k—
2x—Z:7r—x—T+k27r 6 3

+Xét x=rn+k2x (keZ).

Do 0<x<7z<:>0<7z+k27r<7z<:>—%<k<0.Vi k € Z, nén khong co6 gid tri k.
, V4 2w
+ Xet x:g-i-k? (kEZ)

Do 0<x<7zc>0<%+k27ﬂ<7r<:>—i<k<§.Vi k €7 nén co hai gia tri k 1a: k =03k =1.
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oVéik:O:x:%.

e Véi k=1:>x=5?ﬂ.

Do d6 trén khoang (0; 72') phuong trinh da cho c6 hai nghiém x =% va x = 5?”
A A , A . ~ , . T Sr
Vay tong cac nghi¢m ctia phuong trinh da cho trong khoang (0; 72') la: g*? =7
Cau 44: Tim s6 nghiém ctia phuong trinh sin(cos2x)=0 trén [0;27].
A. 2. B. 1. C. 4. D. 3.

Loi giai
Ta c6 sin(cos2x)=0 <> cos2x =k (k € Z)
Vi cos2xe[~L;1] =k =0=> cos2x =0 < 2x:%+k17r @x=%+k1% (k eZ).
xe[0;27] =k €{0;1;2;3}.
Véy phuong trinh ¢6 4 nghi¢m trén [0;27].

Cau 45: Phuong trinh sin|3x + §| = —g c6 bao nhiéu nghiém thudc khoang | O;g |?

A.3. B. 4. C.1. D.2.
Loi giai

3t —=—Z k27
Ta ¢6 sin 3x+— :—ﬁ sin 3x &= —sin — 3 3 k z)
3 2 3 3 T T
3x+§:7r+§+k27r

+) THI: x:—z—ﬂ+k2—ﬂe£0;£j<:>0<—2—”+k2—ﬂ<£c>l<k<2.Do k 7 k=1.
9 3 2 9 3 2 3 12

. 4
Suy ra truong hgp nay c6 nghiém x = ?7[ thoa man.

+)TH2:x:Z+k2—”e 0;Z <:>0<£+k2—7z<71<:>—1—<k<1—.D0k Z k=0.Suyra
3 3 2 3 3 2 2 4

. N A T ..
truong hop nay c6 nghiém x = 3 thoda man.
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Vay phuong trinh chi ¢6 2 nghi¢m thudc khoang | 0;%| .

Ciu 46: S6 nghiém ciia phuong trinh 2sinx—~/3 =0 trén doan doan [0;27].

A. 3. B. 1. C.4. D.?2
Loi giai
Chon D
Tw ludn
3 x=21kon x=21kon
ZSinx—\/§=O<:>sinx=7<:>sinx=sin(%j<:> = kel

x=7r—%+k27z xzzTﬂJrkZﬂ

-Xétx=%+k27z

Ostzﬂ@os§+k27zsz7z<:>—%sk27zs%”@—ésks%:k:O

Chi c6 mot nghiém x = = 3 e[0;27]

- Xét xzzTﬁ+k27r

0<x<27r<:>0<2T+k27z<27r<:>—2T<k2 <4T”<:>—§sks§:>k=0

Chi ¢6 mot nghiém x= 2?” e[0;27]
Vay phuong trinh ¢6 2 nghié¢m thudc doan [0;27].

Cau47: Sb nghiém thyc cua phuong trinh 2sinx+1=0 trén doan {—%;10%} la:

A. 12. B. 11. C. 20. D. 21.
Loi giai

-
1 xX=—+k2rx
Phuong trinh twong duong: sin x = - = ,(kelZ)

x:7—”+k27r
6

+V01x———+k27r keZ tacd —3—<——+k27z<107r keZ<:>—<k<ﬂ kel
6 2 6 3 12

=0<k<5, ke’Z.Do d6 phuong trinh c6 6 nghiém.

+V01x—7—+k27r keZ tacd —3—<7—7[ k27 <10r, keZ<:>—4<k<— keZ
6 2 6 3 12
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= -1<k <4, keZ.Do dd, phuong trinh c6 6 nghiém.
+ R4 rang cac nghiém nay khac nhau timg doi mét, vi néu

T k=TT ko e k—k =
6 6
Vay phuong trinh ¢6 12 nghiém trén doan |:—37ﬂ.;1072'j| .

CAu 48: Phuong trinh sin (2x —%j = sin(x + %} c6 tong céc nghiém thudc khoang (0;7) bang

AZ B. 7. c. = p. =,
2 2 4
Loi giai
T 3z
3 2x——=x+—+k27x x=r+k2x
Ta co sin| 2x—= | =sin| x+ 22| & : =N r 2r(k1eZ).
4 4 T T X=—+[—
2X—Z:Z—X+127T 6 3

Ho nghiém x =7 +k27 khong c6 nghiém nao thudc khoang (0; 7).

w= T c(0n) > 0< 412 < 7 10 1).
6 3 6 3

Vay phuong trinh ¢6 hai nghiém thudc khoang (0; ) 1a x =% vVa x= 5?7[ Tir d6 suy ra tong

cac nghiém thudc khodng (0; z) clia phuong trinh nay bing 7.

Cau 49: Tinh téng S cua cac nghi€ém cua phuong trinh sin x :% trén doan [—% %}
A §=F. B.s=2, c.s=" D.s==
6 3 2 6
Loi giai
1 = %+ 2km
Ta cé: sinx =— < (kez).
2 5n
X = ?‘szﬂ'

Cau 50: Phuong trinh sin (3x + %j = —? c6 bao nhiéu nghiém thudc khoang

=

7~ N\
L

o NN

. N—
-~9

A. 3. B. 4. C.1.
Loi giai
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s s
3x+—=——+k2x
NE) 3

Ta ¢o: sin| 3x+2= |= -2 3 (keZ)
3 2 T 4r
3x+—=—+k2rx
3 3
3v=—2F L kon 1= 2
= 3 (keZ) ? , 3 (kez)
3x=r+k27 x=Zip
3 3
\ T R Vs 4
Vixe|0;—|nén x=—, x=—1.
2 3 9

Vay phuong trinh da cho c6 hai nghiém thudc khoang (O;%) .

Cau 51: Cho phuong trinh 2sin x — B =0. Téng cac nghiém thudc [0; 72'] cua phuong trinh la:
z c. 2= p. =
3 3 3

Loi giai

A. 1. B.

2sinx—«/§=0<:>sinx: =sin — <

\/5 . x:%+k27r
7 3 273 '

2 2
Céc nghiém cua phuong trinh trong doan [O; 77] la % ?ﬂ nén cé tong la %4_?” =7.

Cau 52: Phuong trinh sin2x = —g c6 hai cong thire nghiém dang a +kz, f+krw (keZ) v6i a, f

thudc khoang (—% Ej Khi d6, o+ 3 bang

Az B. -Z. C. . p.-Z.
2 2 3
Loi giai
2x=—£+k27r x=—£+k7z x=—£+k7z
.. 3 . T 6
Ta co: sm2x=—7=sm(—§j = 4 = 5 =
2x = Tﬁ+k27r szﬂ--l-kﬂ' x=—§+k7r

T T T
Vaiyva=——va f=——_.Khidéb a+f=——.
ay 5 B 3 B 5

Cau 53: Tinh téng § cua cac nghiém cua phuong trinh sin x :% trén doan [—% %}
A §=2Z B.S=2. c.s==. D.s-Z%
6 3 2 6

Loi giai
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x=£+2k7r
Ta co: sinx=—< (keZ).
2 Sm
x=—++2krx
6
Vixe _f;ﬁ nén x:£:>S:£.
2°2 6 6

Céu 54: Nghiém cua phuong trinh 2sinx+1=0 duoc biéu dién trén dudng tron lwong giac & hinh bén
1a nhitng diém nao?

A.DPiém D, diém C. B.DPiém E,diém F. C.Piém C, diém F. D.DPiém E, diém D.
Loi giai

x=—Zikorn

Taco 2sinx+1=0 < sinx=—l<:> 6 (keZ)
2 T
X:?+k2ﬂ'

Véi k=0=> x— SO 4"
6 6
L2 3 X 1 7t . I'A 2 X T 4
Piém biéu dién cua x=—g la F, diém biéu dién x=? la E.

Céu 55:  S6 nghiém cta phuong trinh sin£x+%j =1 thudc doan [7;27] la:

A. 3. B.2. C. 0. D. 1
Loi giai
Ta cé sin x+Z :1<:>x+1=£+k27r<:>x:£+k27z, kel.
4 4 2 4
Suy ra s0 nghiém thugc [7;27] cua phuong trinh 1a 1.
Cau 56: Phuong trinh 2sinx—1=0 c6 bao nhiéu nghiém x € (0;27)?
A. 2 nghiém. B. 1 nghiém. C. 4 nghiém. D. V6 sb nghiém.

Loi giai
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Cau 57:

Cau 58:

r
I x=—+k2x
Taco: 2sinx—1=0 & sinx=—<| O (keZ).
2 b4
x=—+k2rx
6
R . T S5t
Do x €(0;27) nén ta co ng;xz?.

Phuong trinh sin5x—sinx =0 c6 bao nhiéu nghiém thudc doan [-20187;20187]?

A. 20179. B. 20181. C. 16144. D. 16145.
Loi giai
Ta co
V4
. . . . Sx=x+k2rx x=k5
sinSx—sinx=0 < sinSx =sinx < = %
Sx=rm—x+k2x Vs z ()
x=—+k—
6 3
x=kZ (keZ)
2
S| x=+mx (mel).
x=—+nr (nel)
20187 < kX <2018
e B —4036 < k < 4036
Vi xe[—20187r;20187r] nén —20187[35?”+ mr <20187 < —12213 <m< 12;03 .
—20187[S%+ nr < 20187 —122093ns121607

Do d6 c6 8073 giatri k, 4036 giatri m, 4036 gia tri n, suy ra s6 nghiém can tim 1a 16145
nghiém.

S6 nghiém thudc doan 0;5% cua phuong trinh 2sinx—1=0 la:

A. 3. B. 1. C. 4. D. 2.
Loi giai
Chon A
i x= z—|—k27r
+ Phuong trinh tuong duong sin x = — <> sin x = sin — < , (kez).
2 6 S5
X = ?+k27r

+V(’yix:%+k27r,(k€Z).
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Vize 0,27 nén0<T k<X keZ ~ k L. kez k {o;1}.
2 6 2 12 6

m 137
Suyra: x€ —;— .
6 6

+Véi x:%—l—kZW, (kez).

Vive 0028 nén 0<X +h2r <" keZ > k 2. keZ=k=0.
2 6 2 12 6
S
Suyra: x =—.
y 6
Do d6 x e Z;S—W;B—W .
6 6 6

Vay s6 nghiém ciia phuong trinh 1a 3.

Cau 59: Cho phuong trinh 2sin x — V3=0. Tdong cac nghiém thudc [O; 7[] cua phuong trinh la:

4 2
AZ B. 7. c.z p. =
3 3 3
Loi giai
Chon B
3 x=Ztkor
2sinx—+/3 =0 < sinx == =sin > < i
2 3 2
X=—+=+k2r
3
: . T2 T 27
Céc nghiém cua phuong trinh trong doan [0;77] la E; Kl nén co tong la §+T=7Z'.

Cau 60: Tinh tong S ciia cac nghiém clia phwong trinh sin x =% trén doan [—%;z} .

2
A s=2 B.s=Z. c.s=%. p.s=%.
6 3 2 6
Loi giai

Chon A

x=£+2k7r
Ta ¢o: sinx=—< (keZ).

2 S
X:?‘i‘Zkﬂ'

Vixe —z;z nén x=£:>S=£.
22 6 6

Cau 61: Sb nghiém thyc cua phuong trinh 2sinx+1=0 trén doan {—%;10%} la:
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A. 12. B. 11. C. 20. D. 21.
Loi giai
Chon A
) x:1+k27r
Phuong trinh tuong duong: sinx =—— < 6 ,(keZ)
2 T
x=?+k2ﬂ'

+V0’1x———+k27r keZ tacd —3—<——+k27r<107r keZ(:)—2<k<ﬂ keZ
6 2 6 3 12

=0<k<5, ke’Z.Do d6 phuong trinh c6 6 nghiém.
JfVO’lx—7?+k27r keZ tacd —37<7?ﬂ +i27 <107 keZ<:>?4<k<§ kel

—-1<k <4, keZ. Do do, phuong trinh c6 6 nghiém.
+ R4 rang cac nghiém nay khac nhau timg doi mét, vi néu

T kr =t ke k—k =
6 6
Vay phuong trinh c¢6 12 nghiém trén doan [—%;107[} .

Cau 62: Phuong trinh: 2sin (2x —gj =0 co mAy nghiém thudc khoang (O 37r)

A. 8. B. 6. C.2. D. 4.
Loi giai
Chon B
T T
2x——=—+k2x
Ta c6 2sin 2x—— \/_ 0 < 2sin 2x—£ =£ 3 3
3 3 2 /4 Vg
2x——=nm——+k2x
3 3
T
x=—+kr
& 3 ,keZ.Vi xe(0;37) nén xe{£,4—ﬂ,7—ﬂ,1,3—”,5—”}
T 33 3 2 2 2
x:5+k7r

Cau 63: Nghiém cua phuong trinh sin2x =sinx Ia

x=k2x x=kr
A. kel. B. kel
=3—7[+k27r c =2—7[+k27z
4 3
(x=rm+k2rx x=k2x
C. T ,kGZ.D. T k27[,kEZ
xX=—+k2rx = —t—
L 3 3 3
Loi giai
) ) 2x=x+k2x x=k2m
Ta ¢6 sin2x =sin x < Rt T k2n.kel.
2x=m—x+k2r X=—+——o

3
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DANG 2. PHUONG TRINH COSX =m
Cau 64: Nghiém cta phuong trinh cos x :% la
A x=tZ+kor. B.x=t2+k2z. C.x=t2+k2z. D.x=+2+k2r.
2 - 3 4 6
Loi giai
X :£+k27r

Ta ¢ cos x = cos - <> 3 (keZ).
3 T
X:—E‘szﬂ'

Cau 65: Nghiém clia phuong trinh 2cos(x—15°)-1=0 la

x=75°+k360° x =60°+k360°

,kel. B. ,kel.
x=135°+£k360° x =—60°+£k360°
x =45°+£k360° x=75°+k360°

,kel. D. ,kel.
x =—-45°+k360° x =—45°+k360°

Loi giai

2cos(x—15°)=1=0 < cos(x—15°) :%Q cos(x—15°) = cos 60°

{x 15°=60°+£360° {x=75°+k360°
e’l.

= , k
x—15°=-60°+k360° x =-45°+£k360°

V3
Cau 66: Giai phuong trinh COSX=——

2
3
A,x:i§+k2ﬂ (kEZ). B.x:i%+k7r (keZ).
g.x:i%+k27z (keZ). D.x:i§+k27r (keZ).

Loi giai
3 T
Ta c: COSX = 7<:>cosx cosg Sx= 6 Zokor (keZ).

Cau 67: Nghiém ctua phuong trinh cosx = cos% la

=" Lror x=2 ko
A. 1112 (k1eZ). B.| 2 (kleZ).
x=—2 4127 x=——+12%
12 12
C.x=2+k2z (keZ). D. x="Z \ k2r (keZ).
12 12
Loi gidi
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. x=£+k27r
Ta co cosx =cos— < 12 (k,leZ).
12 V4
x=-L 1i2n
12

Cau 68: Nghiém cua phuong trinh cos2x =0 la
A. x=krx (keZ). E.x:%+k% (keZ).

C. x:%+k7r (keZ). D. x:k% (keZ).
Loi giai

Ta co: cos2x=0<:>2x:%+k7z ®x=%+k§ (keZ).

Cau 69: Phuong trinh cosx = —73 c6 tap nghiém 1a :

A. {x:i%+kﬂ;keZ}. B. {x:i%+k7[;keZ}.
C. {x:i%+k2ﬂ;keZ}. D. {x:i%+k27z;keZ}.
Loi giai

COSX=—73C>COSX=COS(5?”j<Z>X:i%+k2ﬂ,kEZ

Cau 70: Phuong trinh cosx =— % c6 cac nghiém la

A.x:i%”wcz;z,kez. B. x= 76[+k7z keZ.
T 7Z'
C.x:i§+k27r,keZ. D. x= 6+k27z kel.
Loigiai

cosxz—%@cosxzcos%@ x:izT”+k27r, kelZ.

Cau 71: Tap nghiém cua phuong trinh cos3x + sinzT” =0 la

A [P A B l+2E k27 gl

= 1716 3 9 3

C. {+5—” 27 Z} D.{ 5”+k2—”,kez}.
9 3 12 3

Loi giai
. 2 A r :
Phuong trinh cos3x + smT]Z =0,(1) co tép xac dinh D =R

25 | Th.s Lé Viét (THPT Thing Long, Ha Noi) — Chuyén gia Chién lwgc Gido duc va Sy nghiép



O e
s"—'?::‘,.@;ﬁ: . Trung tim BDVH Unix Thang Long - Web§ite: trungtamunix.edu.vn
ﬁ;’é’é 1ay Lé Viét toan Thang Long “Khai M¢ Tw duy — Kién Tao Van Ménh” (zalo):0835.221183

(1) <& cos3x= —sin%@ cos3x =cos 5?7[

& 3x:i5§+k.2ﬂ,ke 7

St k2«

x=t—+—kelZ.
18 3

Cau 72: Trong cac phuong trinh sau, phuong trinh nao c6 nghiém?
A. cosx=3. B. sin2x=-2.

J7

C. c0s|2x—£|: —1. D.cos(2x-1)=—.
3 2
Loi giai
Phuong trinh lugng gidc co ban dang sinu =, cosu = a c6 nghiém khi va chi khi |a| <1.Nén
ta chon dap an C.

Cau 73: Phuong trinh nao sau day c6 nghi¢m?
A. sin2021x-2=0.  B. cos(2x+2021)=3.

C. sin’ x+1=0. D. cos(2x+2021)=-1.
Loi giai
Phuong trinh sinx =a va cosx=a c6 nghiém khi va chi khi |a| <1.

Déi chiéu cac dap an ta thiy chi co dap an D 1a phwong trinh ¢6 nghiém.

Cau 74: Nghiém cua phuong trinh cos(x +%j = g la:

(x=k27x [x=kr

A. keZ B. keZ
x:—£+k7r( ) x:—£+k7r( )

2 L 2

(x=kr x=k2x

C. keZ D. keZ
x:—£+k27r( ) - x:—£+k27r( )

Loi giai
Chon D

. \/E 7 7 x:k27r
Phuong trinh cos| x+— |=—— <> cos| x+— |=cos| — | & pia (keZ).
4 2 4 X + k2

Cau 75: Nghiém cua phuong trinh cosx = —% la

A. x:i%r+k27r B. x:i%—i—kw C. x:j:§+k27r D. x::i:%+k27r

Loi giai
Chon A
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Ta co: cosxz—%@cosx:cos|2?w|<:>x:iz?7r+k27r (kEZ).

Cau 76: Giai phuwong trinh €Osx =1,

A.x:%,kGZ. B. x=kn, keZ.

C. x:g—i—kZTr, k€Z.D. x=k2n, keZ.
Léi gidi
Chon D

Taco cosx=1<x=k2n, keZ.

A . T Ay o s ‘A \
Cau 77: Phuong trinh cosx = cos 3 cé tat ca cac nghiém la:

A. xzzTﬂ+k27z(k e Z)B. x=i%+k7r(keZ)

g.x:i%+k27r(keZ) D.x:%+k27z(keZ)
Loi gidi

Chon C

Phuong trinh cosx = cos% S x= i%+k27z(k € Z)

Cau 78: Phuong trinhcosx =0 c6 nghiém la:

A. x:%+k7z (keZ).B. x=k2z (keZ).

C.x=%+k27r (keZ). D. x=kr (keZ).
Loi giai

Chon A

Theo cong thirc nghiém dac biét thi cosx=0< x = %+ kr (k € Z) . Do d6 Chon A

N

Cau 79: Nghiém cua phuong trinh cos(x + %) = la

[ x=k2x x=krx

A. kel). B. kel).
x=—£+k7z( c ) x=—£+k77( © )
L 2 L 2
[ x=knx [ x=k27

C. kelZ). D. keZ
x=—£+k2ﬂ( © ) - x=—£+k27r( - )

Loi giai
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NG x=k2rx
Phuong trinh cos(x+£ =—<:>cos(x+£j=cos Z): T ke Z).
1) 2 4 4) 7 | x=—Zikon

A \ A . s A 5 \ X
Cau 80: Tim tat ca cac nghiém cua phuong trinh cosg =0.

A x=kr, kel B.x=%+k7z,keZ.

C. x=%+k67z,keZ. D. x=%+k37z,keZ.

Loi giai
cos£:0<:>£:£+k7z<:>x:3—”+3k7z, kel.
3 3 2 2
Cau 81: Phuong trinh 2cosx—1=0 c6 nghiém la:
A.x:i%+k27z,keZ. ﬁ.x:i§+k2ﬁ,keZ.
C.x:i%+2ﬂ,keZ.D.x=i%+kﬂ,keZ.
Loi giai
1

Phuong trinh 2cosx—1=0 <:>cosx=5 <:>x=ir%+k27r, kelZ.

Cau 82: Phuong trinh 2cos x —2 =0 ¢6 tt ¢4 cdc nghiém la

x=3—ﬂ+k27r x=£+k27r
A. 43 e B.| 2 keZ.
x=——7z+k27r x=—£+k27r
L 4 L 4
x=—+k27 x:7—ﬂ+k27z
C ] kel D. 47 keZ
x=Z ko x:_Tﬂ+k27[
Loi giai
T
x=—+k27
2cosx—\/§=0 @cosx:g = 4 kel.

x=-Zikorn
4

Cau 83: Gidi phuong trinh 2cosx—1=0

x:E+k2n
A x=+EiknkeZ. B.| 3 L keZ.
3 27
x="Frkan
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Cau 84:

Cau 85:

Cau 86:

Cau 87:

x=£+kn
C.x=x—+k2n, keZ.D. , kel.
C T k2m, keZ.D 3 keZ
3 27
x=—++km
3

Loi giai

TXD: D=R.Tacod 2cosx—1=0 @COSX=%©X=i%+k2ﬂ', kel.

Nghiém cua phuong trinh cosx =-1 la:
A.x:§+k7r,keZ. B. x=k2z, keZ.

C.x=rn+k2r,keZ.D. x=kr, keZ.
Loi giai

Phuong trinh cosx=-1 < x=n+k2x, keZ.

Phuong trinh cosx = —72 cé tap nghiém la

A. {x=i%+k2ﬂ;keZ}. B. {x=i%+kﬂ;kel}.

C. {x=i37”+k2ﬂ;keZ}. D. {x=i%+kﬂ;keZ}.
Loi giai

cosx:—T2 @cosx:cosﬁ%j @x:i%+k2ﬂ,keZ.

Vay tap nghiém cua phuong trinh 1a S = {x = i%-ﬁ- k2m;k e Z} .

Khiang dinh nao sau day 1a khang dinh sai?

A.cosx=-1l<x=n+k2r. B. cosx:0<:>x:%+k7r.
C.cosx=l<x=k2rx. D. cosx:0<:>x:%+k27r.
Loi giai

Taco: cosx=—l<x=n+k2z (keZ).
cosx=0<:>x=%+k7z (keZ).

cosx=1<x=k2z (keZ).
Phuong trinh lugng gidc: 2cosx+ V2=0c6 nghiém la

x=%+k27z x=—+k2rx x=%+k27z

A. . B. . C. D.

x=—£+k27r x=—3—7[+k27r x=3—ﬂ+k27r

Loi giai
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Phuong trinh tuong duwong véi cosx = —g =C0s 3z =>x=% %4‘ k2m

Ciu 88: Tim cong thirc nghiém cua phuong trinh 2cos(x+a)=1.

_ i )
x=—a+_+k2x x——a+£+k27z

A. ; (keZ). B. 3 (kem).
x:—a+?ﬂ+k2ﬂ | x=—a+k2r
x:—a+£+k27r x:—a+£+k27r

C. 3 (ken) D. (ke).
x=a—£+k27z x=—a—£+k27z
L 3 L 3

Loi giai

1 Xx=—a+Z+kon
2005(x+a):1<:>cos(x+a):5<:>x+a:i§+k27r<:> (ke Z).
x=—a—%+k27r

Céu 89: Tim tong cac nghiém cta phuong trinh cos (5x —%] =¢os (2x - %j trén [0;7].

Az B 3% c. 7 p. =
18 18 18 18
Loi giai
Ta co:
sx—Z=2x-Z+k2n x=—1£+kz—”
cos 5x—Z =¢Cos 2x—Z Rt 6 3 kel & 8 3 kel.
6 3 V4 V4 T k2x
Sx——=-"2x+—+k2r X=—+—
14 7
Vi xe[0;7] néntaco:
+) Véi x:—l+k2—7[:>0£—£+k2—”£7r<:>L£k£Q,do keZ = k=1 nén x:ﬁ.
3 18 3 12 12 18
+) Voi x:£+k2—ﬂ:>0S£+k2—ﬂS 71'<:>_—1Sk££,d0 keZ:ke{O;1;2;3} nén
14 7 14 7 4 4
o7 .57 97 B
147147147 14 |

A ., 1 m Sz 97 137 4Ix
Tong tat ca cac nghiém la: —+—+—+—+—=——.
18 14 14 14 14 18

Cau 90: Phuong trinh 8sin’ (%j cos’ (%j— 1= 0 twong duong véi phuong trinh nao sau day?

A. sinx:72. B. cos2x=0. C. cosx:72. D. sinx:—g.

Loi giai
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Cau 91:

Cau 92:

Cau 93:

2
Ta c6: 8sin’ (%jcosz (gj—l =0 2.[2sin(§jcos(%)] —1=0< 2sin’ x—-1=0

& 1-2sinx=0<cos2x=0.

: 1
Ho cac nghiém cua phuong trinh cos3x = 5 la

7 k2rx

A x=+Z 457 he7 B x=+Z 1 kon kel
= 9 3 9

C.x=i§ szﬂ-keZD xX= 73Z-+k27rkeZ

Loi giai

Ta co cos3x:%<:>3x=i§+k27z<:>x:+79[+k§—ﬂke 7.

. 2 3
Tong céc nghiém ctua phuong trinh cos (x+ 5 jz—g trong khodng [—% —ﬂ) la

2
L B. Z. c. & p. BZ.
20 2 S 20
Loi giai
Ta c6 phuong trinh
x+£=3—ﬁ+k27r x=M+k27z
) =2 T RY/4 5 4 20
Ccos| x+— |=——&cos| x+— |=cos—<=
5 ) 5 4 T T 197
—+ k27 xX=
0
Véi x=”—”+k2;z,xe(—1;3—”j:»—£ Lp V. E AN 9L, | N
20 3°2 120 40
Voi x=— 2 g e| -3 3T kP o km 1o o = 2E
20 32 120 40
Vay tb j hiém la x, +x 117[+21ﬂ 87[
ay tong cac nghiém la .
dy g ghic 1T T 20 5

Tap nghiém cua phuong trinh (1 ~2cos x) (2022 +sin’ x) =01la

A. {£+k7l';—£+k7l'|k EZ}.
4 4

C. {%+k7r|keZ}. D. {—%+k7{|k€Z}.

Loi giai

1-+/2 =0
(1—\/5cosx)(2022+sin2 x)=0 = \/_COS)ZC &> cosx= 1

2022 +sin? x=0 (VN) V2

B. {£+k2ﬂ;—£+k2ﬂ'|k € Z}.
4 4
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& cosx=cos%<:> x= i%+k27z,k e”l.
Vay tap nghiém cua phuong trinh da cho la {% + k27z;—%+ k27r|k € Z}.

Cau 94: Phuong trinh lugng giac: 2COSX+\/§ =0 c6 nghiém la:

x:£+k27r x:3—ﬂ+k27r x=5—”+k27r x:£+k27r
A. ;‘ . B 43 e 45 N
x=—”+k27r x=i+k27r x=%+k27r x=%+k2ﬂ
Loi giai
> x—3—ﬂ+k27z
Ta co 2cosx+\/§:0<:>cosx:——<:> 4
2 —3r
x=—4 +k2m

Cau 95: Tat ca nghiém ctia phuong trinh 2cosx =—1 la

A. x=i27”+k7z (keZ). B. x=i%+k27r (keZ).
C. x:izTﬁ+k27r (keZ). D. x:i%+k27r (keZ).

Loi giai

2cosx:—l<:>cosx:—% = cosx:cos%r = x:iz?ﬂ+k27r (keZ).

Ciau 96: Tong cac nghiém thudc khoang (—%,%) ctia phuong trinh 4sin?2x—1=0 bang:

A. 7. B. Z. C.o0. D. Z.
3 6
Léi giai

Ta ¢6: 4sin>2x—1=0 < 2(1—cos4x)—1:0c>cos4x:%©x:i%+k% (keZ).

T

xl——

12

_ T

T

Dox:%+kge(_g;gj: 2 S =0,

x3=——

12

(57

12

Cau 97: Phuong trinh \/Ecos[x + %J =1 ¢6 s6 nghiém thudc doan [0;27]1a

A. 1l B. 2 C.0 D. 3
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Loi giai
Phuong trinh:

ﬁcos(;ﬁ%):l@ cos(x+§j:£

2

x+2=Zkon x=2 ko
N (keZ) e . (keZ)
x+£=—£+k27z x=——ﬂ+k27r

3 2 6

Vi xe [O; 272'] nén x e {%,%T} . Vay s6 nghiém phuong trinh 1a 2

v . 1
Cau 98: Biét cac nghiém cua phuong trinh cos2x = ) c6 dang x =2 kava x=—"rkz kel
m n

vo1 m,n 1a cac s6 nguyén duong. Khi d6 m+n bang

A. 4. B.3. C.5. D. 6.
Loi giai
Chon D
1 o 2x:2—ﬂ+k27t x=—+krx
cost:—E c>cos2x:cosTc> 32 = 3 (ke Z)
3 :—?ﬂ+k27z x=-Zikn

=>m+n=3+3=6.

Cau 99: Phuong trinh \/Ecos(x + %J = 1¢6 s6 nghiém thudc doan [0;27]1a

A. 1l B. 2 C.0 D. 3
Loi giai

Chon B

Phuong trinh:

ﬁcos(;ﬁ%):l@ COS()H_%):%

x+£=£+k27r x=£+k27z
o 32 (keZ) < 65 (keZ)
x+£:—£+k2ﬂ x:——”+k27r
3 2 6

Vixe [0;27[] nén x e {%,%} . Vay s6 nghiém phuong trinh 1a 2

Céu 100: Nghiém 16n nhét ciia phuong trinh 2cos2x—1=0 trong doan [0; 7[] la:

:ﬁ. C.x:z—ﬂ.. D.xzs_ﬂ..
12 3 - 6
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Cau 101:

Cau 102:

Cau 103:

Loi giai
1 2x=2+k2x x=Zikn
Phuong trinh 2cos2x—-1=0 < cos2x=— < 3 < 6
2 V4 V2
2x=——+k2nx X=——+krx
3 6
0<Zikn<n el =0 ==
Xét xe[0;7] < 2= 16 76 ma keZ suyra {k [ ® 56 :
0<-Zikr<n |-<k<t = =
6 6 6 6

Vay nghiém 16n nhat cia phuong trinh 2cos2x—1=0 trong doan [O; 7r] la x= i

Cho hai phuong trinh cos3x—1=0; cos2x = —% . Tap céc nghiém cua phuong trinh dong thoi
1a nghiém ctia phuong trinh 1a

A. x=%+k27r,keZ. B. x=k2x, keZ.

C. x:i%+k27r,keZ D. x:izTﬂ+k27z,keZ.
Loi giai
, 27
Tacod cos3x—1=0 <:>cos3x=1<:>x:k7, kelZ.

Cos2x——%©2x +27+k27rc>x 3+k7r kelZ.
Biéu dién cac nghiém trén dudng tron luong giac ta co tap cac nghiém cua phuong trinh dong

thoi 1a nghiém cua phuong trinh 1a x = iZTE +kr,kel.

. 5
SO nghiém cua phuong trinh 2cosx = V3 trén doan {O;Tﬁ} la

A. 2. B. 1. C. 4. D. 3.
Loi giai
2005xz«/§<:>cosx:73 = 6+k27rkeZ
Ma x e O;S—E va keZ nén xe zﬁ,w—ﬂ )
2 6 6 6

: . 1
SO nghiém cua phuong trinh cos x = 5 thudc doan [27;27] 142

A 4. B. 2. C. 3. D. 1.
Loi giai
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) x:£+k27r
Tacécosx:5<:> 3 ,kel.
x=-2ik2n
3

Xét x=%+k27z,do xe[-27;2x] va k eZ nén —27[S§+k27t£27r:>k=—1; k=0.

Xét x:—§+k27r,do xe[-27;2x] va keZ nén —27[S—%+k27zs27z =k=1;k=0.

Vay phuong trinh c6 4 nghiém trén doan [—27r;27r] .

Cau 104: Phuong trinh cos2x+cosx =0 c6 bao nhiéu nghiém thudc khoang (—z;7)?

A 2. B. 3. C. 1. D. 4.
Loi giai
x=r+k2rx
Ta c6 cos2x+cosx =0 <> cos2x =cos (7+x )< r 2z lkeZ)
xX=—"+k=—
3 3
r
x=——
3

Vi —rm<x<nr=

Cau 105: Tong tat ca cac nghiém ctia phuong trinh cos2x—cosx =0 trén khoang (0;27[) bang T . Khi
d6é T co gia tri la:

A.T:%Z. B. T=2rx. C.T:%Z. D.T=x.

Loi giai
Ta co: cos2x—cosx=0 < cos2x=cosx

x=k2rx

2x=x+k2n 2 (k Z)
= = Sx=——keZ).
2x=—x+k2rx x=szﬂ- 3

Vi x€(0;27) nén 0<sz7[<27r S0<k<3.

Do k€Z nén k e{1;2} :>x=2T”; x=4Tﬂ.
Vay 7222437 _op.
3 3
A £ ‘A , . n S| .,
Cau 106: SO nghiém cua phuong trinh 2cosx=+/3 trén doan {0;7} la
A. 2. B. 1. C. 4. D. 3.
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Loi giai
Chon D

V3

ZCOS)C:\/g < Ccosx = 2

@x:i%+k27r,keZ.

5
Ma xe O;—ﬁ va keZ nén x e E;E;B—” )
2 6 6 6

Cau 107: Tim tap nghi¢m S cua phuong trinh cos x.sin (Zx - %j =0.

A. S:{%+kﬁ;%+k7ﬂ,ke Z}. B. § = {k180°75°+k90° k € Z} .
S5z krx
C.S= kn;E+7,keZ ) D. S={100°+k180°;30°+k90°,keZ}.
Loi giai
cosx=0 x=£+k;; x:£+k7l'
Ta co: cos x.sin 2x—£ =0 . T = 2 = 2 kelZ.
3 sin| 2x——|=0 s T krx
2X——:k7l' =g+7

Vay tap nghiém cua phuong trinh da cho la: S = {%Jr kﬂ';%-i— ]%r,k € Z} .

Cau 108: Giai phuong trinh 3cos” x = 5cos x

A.x=%+k7z (keZ). B.x=§+k27z (keZ).
C.x=rn+k2n (keZ). D.x=kr (keZ).
Loi gidi

cosx=0
3cos’ x =5cosx < 5

cosx=—

3

+) cosx:0<:>x:%+k7z (keZ)

+) cosx:é
3

Cau 109: Giai phuong trinh 5sinx —sin2x =0
A. x=k2r (keZ). B.x:%+k7r (keZ).
C.x=kr (keZ). D. Phuong trinh v6 nghiém.

Loi giai
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) ) ) ) sinx=0
5sinx—sin2x =0 <> Ssinx—2sinx.cosx =0 < sinx(5-2cosx) =0 <
5—-2cosx=0
H)sinx=0< x=kx (keZ)
5
+) 5-2cosx=0<cosx= )
Cau 110: Giai phuong trinh sin (7 — x) - cos (%— 2x] =0
A.S={k2z|keZ}. B. S={k27r,§+szﬂ|ke Z}.
C. s=lknZ+* 2% penl, D.s=1Z:827 ey
3 3 3 3
Loi giai
) e ) , ) ) 2x=x+k2x
sin(7 —x)—cos| =—2x |=0 < sinx—sin2x =0 < sin2x =sinx <
2 2x=m—x+k2x
x=k2rx
X=—+—
3 3

Cau 111: Nghiém 4m 16n nhét cia phuong trinh cos(4x —%) +sin’ x =cos’ x
A B ) . c. -z p. -~
36 36 12 12

Loi giai

7[ . 2 2 72- 2 . 2
cos(4x—gj+sm X=CcoS"x <:>cos(4x—g]=cos x—sin” x

= cos(4x —%) =co0s2x

4x—%:2x+k27r x=1+k7r

= o 12 (keZ)
s T Vs
dx——=-2x+k2rx x=—+k—
6 36 3

Ta c6 moi hg nghiém lan lugt c6 cadc nghiém am 16n nhat la:

4 117 K

_r__Hz
3

36

= —_—— —; xZ =
12 12 36

X
A A A1, X s 11
Vay nghiém am 16n nhat ciia phuong trinh 1a x=——ux .

Cau 112: Trén khoang (%, 277] , phuong trinh cos (% - 2xj =sinx c6 bao nhiéu nghiém?
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A. 4. B. 5. C.2. D. 3.
Loi giai
. - - Z—2x:£—x+k27r
Ta co cos(——2xj:sinx @cos(——2xj:cos(——xj = 6 2
6 6 2 T
——2x=——+x+k2x
6 2
x=-Z_kox
o 3 keZ
_2r _kx
9 3

Vay phuong trinh da cho c6 3 nghiém trén khoang (%;27[} .

Céu 113: S6 diém biéu dién nghiém cta phuong trinh sin4x(2 cosx -2 ) =0 trén duong tron lugng

giac la
A. 4. B. 6. C. 8. D. 10.
Loi giai
sindx =0
sindx 2cosx—\/§ =0 &
( ) {2cosx—\/§:0
[ kr
x=T
Adx=kr
=N N x=Z1kon (keZ).
COSXZT 4
x=—£+k27r
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Vay c¢6 8 diém biéu dién nghiém cua phuong trinh trén trén dudng tron luong giac.

Cau 114: Céc ho nghiém ctua phuong trinh sin 2x—~Bsinx=0 la:
x=kr x=krx x=k27
A. . B. X:iz"rkﬂ'. g. T . . T .
x=t—+krx 6 x=*—+k2rx x=*—+k2x
Loi giai
Ta co sin2x—\/§sinx=0<:>sinx(2cosx—\/§)=0
sinx=0 x=krx

= = .
cosx=g x=i£+k27r
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