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| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

BAI: HAI PUONG THANG SONG SONG

@ HE THONG BAI TAP CAU HOI 4 MENH PE TRA LOI PUNG/SAL

PHAN II: Ciu tric nghiém ding sai. Trong méi ¥ a), b), ¢), d) & mdi ciu, thi sinh chon ding hoic

Cau 1:

Cau 2:

sai.

Trong khong gian, cho ba duong thang a,b,¢ phan biét.

a) Néu ¢ va b khong cit nhau thi @ va b song song.

b) Néu a va b cling song song véi ¢ thi a va b song song.

¢)Néu @ va b catnhau, ¢ va b citnhauthi ¢ va ¢ cét nhau.

d) Néu a va b chéo nhau, ¢ va b chéo nhau thi a va ¢ song song.

Loi giai

| a)Sai | b)Ping | ¢)Sai | d)Sai |

a) Sai: Néu « va b khong cat nhau thi @ va b song song hodc chéo nhau.
b) Bing: Néu a va b ciing song song v6i ¢ thi @ va b song song.
¢) Sai: Néu a va b catnhau, ¢ va b catnhauthi a va ¢ cit nhau, song song hodc chéo nhau.

d) Sai: Néu a va b chéo nhau, ¢ va b chéo nhau thi ¢ va ¢ song song, chéo nhau hoac cat
nhau.

Cho ttr dién ABCD. Goi I va J lan luot 1a trong tdm cua cac tam gidc ABD va ABC . Goi
M va N lan luot 1a trung diém ctia BD va BC.
a) 1J song song voi CD.

b) 1J song song véi AB.
¢) 1J song song MN .
d) IJ cit AB.

Loi giai

| a) Dung | b) Sai | ¢) bing | d) Sai |
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Goi M, N lan luot 1a trung diém cua BD, BC.

= MN la duong trung binh cia tam giac BCD = MN //CD (1)

Ta co: 1,J lan luot la trong tam cua cac tam
Al A 2
giac ABD va ABC nén—— = AT = 1J || MN (2)
AM AN 3

Tu (1) va (2) suyra: IJ J/ CD.

a) bung.

b) Sai: 4, B, I, J khong dong phang.
¢) bung.

d) Sai.

Cau 3:  Cho hinh chop S.ABCD c6 day la hinh thang, AD l1a day 16n va AD =2BC . Goi E la giao
diém ctia 4B va CD, F latrung diém AD .
a) Giao tuyén ctia (SAC) va (SAD) la dudng thang SA.

b) Giao tuyén ctia (SAB) va (SCD) la dudng thang SE .
¢) Giao tuyén cua (SAD) va ( SBC ) 1a duong thang d di qua S va song song canh CD
d) Giao tuyén cta (S4B) va (SFC) la duong thing d' di qua S va song song canh CD

Loi giai

| a) Dung | b) Pung | ¢) Sai | d) Sai |
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S d

E
a) bung, vi: (SAC)N\(SAD)=54.
b) bung, vi:
S e(S4B)N(SCD) (1)

Eec AB (SAB)

EeCDe(SCD) = E €(S4B) N(SCD)(2)

Trong (ABCD), ta co {

Tur (1) va (2) = (S4B)N(SCD) = SE .
¢) Sai, vi:
S e(SAD)N(SBC)

Taco: s AD//BC = (S4D )N (SBC )=d , v6i d diqua S va song song AD .
AD < (84D);BC < (SBC)

d) Sai, vi:

BC//AF

Xét to giac ABCF , ta co: AD = ABCF 1a hinh binh hanh.
BC = AF = T

S €(SAB)N(SCF )
Ta c6: { AB//FC = (SAB )N (SCF )=d ', v6i d" di qua S va song song AB .
AB < (S4B);FC < (SCF)
Cho hinh chép S.ABCD c6 ABCD la tir giac khong c6 canh nao song song védi nhau. Goi O
la giao diém cua AC va BD, M 1a diém thudc mién trong cua tam giac SAB, [ 1a giao diém
cua AB va CD.
a) Piém I 1a mot diém chung cta hai mat phang (SAC) va (SBD).

b) Giao tuyén cta hai mit phang (SAC) va (SBD) la duong thing SO .

¢) Giao tuyén cua hai mit phang (S4B) va (SCD) la duong thang SM .
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d) Néu BC// AD thi giao tuyén cta hai mét phang (MBC) va (SAD) la dudng thang d song
song v&i AD va di qua diém M .

Loi giai

| a) Sai | b) DPung | ¢) Sai | d) Sai |

® Xét hai mit phang (SAC) va (SBD).

Se(S4C),Se(SBD)

Ta ¢6: {0 € AC,AC  (SAC) nén giao tuyén clia hai mat phing (SAC) va (SBD) la dudng
O € BD,BD c (SBD)

thfmg SO, ma SO khong di qua diém I nén a) la m¢nh dé sai, b) 1a m¢nh dé dang.

® X¢t hai mét phang (S4B) va (SCD) c6:

S e(SAB , .
{ €(548) nén S 1a mot diém chung ctia hai mat phang (S4B) va (SCD).

S e(SCD)

I € AB,AB c (SAB)

nén / 1a mot diém chung cua hai mit phang (S4B) va
IeCD,CD < (SCD)

Mat khac, {

(SCD). Vay giao tuyén cua hai mat phang (SAB) va (SCD) la duong thang SI. Do d6, ¢) la

ménh deé sai.

® Néu BC// AD, xét hai mit phang (MBC) va (S4D).

Trong mit phang (SAB) goi E la giao diém ctia BM va SA, ta co:
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BC// AD
E € BM,BM = (MBC)
nén E e (MBC)n(SAD) . Mit khac, c6 < BC < (MBC) nén giao
E € S4,54 < (S4D)
AD = (S4D)

tuyén ctia hai mit phing (MBC) va (S4D) la duong thang d song song voi AD va di qua
diém E . Vay d) 1a ménh dé sai.

Cau 5:  Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Piém M thudc canh S4, diém E va F
lan luot 1a trung diém cta 4B va BC.
a) Puong thang EF song song AC .
b) Giao tuyén ctia hai mit phang (SAC) va (SBD) la dudng thang SO véi O la giao diém
AC va BD.
¢) Giao tuyén ctia hai mét phang (MBC) va (SAD) dudng thang qua M va song song voi
AC
d) Goi N la giao diém clia mit phang (MEF ) va duong thang SC . Tir giac MNFE 1a hinh
thang.

Loi giai

| a) Dung | b) Dung | ¢) Sai | d) Dung |
a) Pung. Tacd EF //AC (vi EF la dudng trung binh cua tam giac ABC).

b) biling.

Tacod S 1a diém chung ctia hai mp (SAC ) va (SBD) :

Trong mp (ABCD) ,c6 AC catvéi BD tai O. Suyra
O 1a diém chung th hai cta hai mp (SA C ) va (SBD) :

Vay SO =(SAC)N(SBD).
¢) Sai. Taco: AD//CD (vi ABCD la hinh binh hanh).

ma AD nam trong (SAD) , BC nam trong (MB C ) .

M nim trén SA 1a diém chung ctia (SAD) va (MB C ) .

Vay giao tuyén cta hai mat phang (SAD) va (MBC ) 1a duong thang di qua M va song song
voi AD va BC.

d) Pung. Xét (SAC) chira SC.
Taco: EF//AC.
ma EF nam trong (MEF), AC nam trong (SAC).
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Cau 6:

M nim trén SA la diém chung cua (MEF ) va (SAC).
Suy ra giao tuyén cﬁa(MEF ) va (SAC ) 1a duong thang MN song song voi AC va EF .

Vay Tt giac MNFE 1a hinh thang.

Cho hinh chép S.4BCD c¢6 day 1a hinh binh hanh tim O. Goi M 1a trung diém cta SC . Goi
I 1a giao diém cua duong thang AM va mit phing (SBD) . Goi E la giao diém cua duong

thing SD va mit phang (ABM ).
a) Giao tuyén ctia hai mét phang (SAC) va (SBD) 1a SO.

b) / nim trén duong thang SO .

c) IA=2IM .
d) EM//CD.
Loi giai
| a) DPung | b) Pung | ¢) bing | d) Ping
S
a) Dung.

Vi O =AC N BD nén giao tuyén cta hai mit phang (SAC) va (SBD) la SO.
b) Dung.

I e AM < (SAC)

re(sep) 1 EEACIN(SBD )=S0

Taco [ =AM N (SBD)= {
Vay I nam trén duong thiang SO .
¢) Dung.

Tacd O va M lan luot 13 trung diém cia AC va SC nén I i trong tdm tam gidc SAC suy
ra IA=2IM .
d) Dung.

ST 2

Vi [ la trong tdm tam gidc SAC nén —=—.
SO 3

Mit khac SO 1a trung tuyén tam giac SBD nén [ 1a trong tdm tam giac SBD .
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Cau 7:

Do d6 ADN(ABM)=ADNBI =E nén E 1a trung diém SD.

Suy ra ME la duong trung binh cua tam giac SCD .
Vay ME//CD.

Cho hinh t&r dién A4BCD. Goi 1,J 1a trung diém AD; AC. G 1a trong tAm tam giac BCD.
a) Giao tuyén cua hai mat phang(A4CD)va (BCD) 1a CD.

b) IJ//CD.
¢) Giao tuyén ciia hai mat phang (GIJ ) va (BCD) 1a duong thang qua BC.
d) Cho biét CD=6. Biét (GLJ)cit BC,BD lan lugt tai M; N . Khi d6 31/ +2MN =18.

Loi giai
| a) Dung | b) DPung | ¢) Sai | d) Sai |

A

a) Pung vi (ACD)N(BCD)=CD.

b) Pung vi (ACD):1J //DC ( IJ 1a duong trung binh cua AACD).
c) Sai vi

G e(BCD)N(GLJ)

CD < (BCD)

IJ < (GLJ)
1J//CD

Nén giao tuyén ctia hai mat phéng(GIJ ) va (BCD) la duong thang Gx va song song voi BC .
d) Sai vi:
| M=GxnBC
Ta co
N=GxNBD

aBM BN _MN _2 MN—ECD—%6=4
BC BD CD 3 3 3
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Cau 8:

(3

Vi IJ la dudng trung binh cua AACD = % = % == %CD =

6=3.

N | —

Khi d6 31J +2MN =3.3+24=9+8=17.
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan luot 1a trung diém

ctia S4, SB, O la giao diém ctia AC va BD.
a) Giao diém cta duong thang S4 va (ABCD) 1a diém D.

b) Giao diém ctia duong thang BD va (SAC ) 1a trung diém cua doan thing AC.
¢) Giao diém cuia duong thang SO va (ABNM ) 1a diém D.

d) Goi E giao diém ciia DM va mit phang (SBC). Khi d6 SE = 2BC.

Loi giai
| a) Sai | b) Dung | ¢) Sai | d) Sai |
E ; Y
: 3
A
3
AN
1
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A
) \
1
i\
A
M\
LY \
;.
A}
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|I' ]
N¢ b
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1
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3 W
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~ % - r
\\ ) -
A T
\\ % "."
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-‘ b
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a) Giao diém cua duong thang SA va (ABCD) 1a diém D.
SAN(ABCD)={ 4} . Vay ¥ a) sai.
b) Giao diém cua duong thang BD va (SAC ) 1a trung diém ctia doan thang AC.

OeBD
{ = BDN(SAC)={O}. Vay y b) ding.

O AC c(S4C)

¢) Giao diém cta duong thang SO va (ABNM ) 1a diém D.

S eSO
{ = SON(ABNM ) ={S}. Vay ¥ ¢) sai.

SeAM c(ABNM)
d) Goi E giao diém ciia DM va mit phing (SBC). Khi d6 SE = 2BC.

S €(84D)(SBC)

AD /] BC (ABCD la hbh)
AD = (S4D)

BC < (SBC)

Ta co

= (S4D)(SBC)=Sy (Sy // AD // BC)

Trong mit phang (SAD), g0l E = Sy~ DM

{E =Y =B p— DM ~(SBC)

Ee DM
Vi M 1a trung diém cta S4 va SE//AD nén tt giac SEAD 14 hinh binh hanh.
= SE = AD = BC. Vay y d) sai.

Cau9: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O . Goi M la trung diém cua
SC va N latrung diém cta OB .

a) Giao diém ciia SC va mit phang (AMN) 1a diém N
b) Giao diém 7/ ctia AM va mat phang (SBD) la trong tAm ctia tam giac SAC.

¢) Giao diém ctia M va mit phang (SAD) la diém K thudc duong thang SA.
d) Giao diém ctia duong thang SD va mit phang (AMV)lél trung diém cia SD .

Loi giai

| a)Sai | b)Ping | oSai | d)Sai |
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Cau 10:

a) Sai
D@ thay giao diém cua SC va mit phang (A]\/ﬂ\/) la diém M.
b) Pung

Trong mit phang (SAC) goi [ = AM N SO

heau I =AM ~(SBD
“\1esoc(sep) = =AM N(SED)

Do AM:SO 14 hai dudng trung tuyén trong tam gidc SAC nén I 1a trong tdm cua tam giac
SAC.

¢) Sai

KeNl

K espe(sap) = K =M (D).

Trong mit phing (SBD) g20i K=NINSD 3{

Vay giao diém cta N va mat phiang (SAD) la diém K thudc duong thang SD .
d) Sai

KeSD S
Ta co: =>K=8SDN(AMN).
* K e NI < (4MN) (4MN)
Ap dung dinh 1i Menelaus cho tam gidc SDO va cat tuyén KM ta co:
KS NDIO _, _ KS , 1 KS 2

KD NO'IS k0~ 2 T kD 3
Vay K khong 1a trung diém cia SD .
Cho hinh chép S.ABCD c6 day la hinh binh hanh. DPiém M thudc canh SA4, diém E va F
1an Iuot 14 trung diém ciia 4B va BC.

a) EF //AC

b) Giao tuyén ciia hai mit phang (SAB) va (SCD) 1a duong thang qua S va song song voi
AC.

¢) Giao tuyén ctia hai mit phang (MBC) va (SAD) duong thang qua M va song song véi BC .
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d) Giao tuyén cta hai mit phang (MEF) va (SAC) 1a duong thang qua M va song song véi
AC.

Loi giai

| a) Ping | b) Sai | c) Dung | d) bing |

a) EF //AC vi EF 1a dudng trung binh cta tam gidc ABC.
b) Xéc dinh giao tuyén cuia hai mit phang (SAB) va (SCD):

S e (SAB)N(SCD)
Ta co: < AB c (SAB);CD c (SCD).
AB//CD

Suy ra Sx =(SAB)N(SCD), véi Sx 1a dudng thang qua S va Sx//AB//CD .

¢) Xac dinh giao tuyén cta hai mat phang (MBC) va (SAD):

. | M eSA4,54 c (S4AD)
Ta co: = M e (MBC)N(SAD) .
M € (MBC)
M € (MBC)n(SAD)
Khi d6: < BC < (MBC); AD — (SAD).
BC//AD

Suy ra My =(MBC) N (SAD), My 13 dudng thang qua M va My//BC//AD.

d) Xéc dinh giao tuyén cta hai mit phang (MEF) va (SAC):

Ta co :

{M €SA.SAc(S4C) _ e( MEF) N(SAC) .

M e (MEF)
Xét tam giac ABC ,tacd EF la duong trung binh = EF //AC .

M e (MEF) N (SAC)
Khi d6: { EF = (MEF); AC  (SAC).
EF//AC
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Suy ra Mt =(MEF)(SAC), Mt 1a duong thang qua M va M¢//EF |/ AC .

Céau 11: Cho tr dién ABCD, goi I va J lan luot 14 trung diém cua 4D va AC,G 1a trong tAm cua
tam giac BCD.
a) IJ//CD
b) Giao tuyén ciia hai mat phang (GLJ) va (BCD) la dudng thang qua G va song song voi
BC

¢) Cho biét CD = 6. Biét (GLJ) cat BC,BD lan luot tai M va N .Khid6 21J +3MN =18.
d) Cho biét CD = 6. Biét (GLJ) cat BC,BD lan lugttai M va N.Khido 31J +2MN =17 .

Loi giai

| a) Dung | b) Sai | ¢) bing | d) Pung |

b) Xac dinh giao tuyén cta hai mit phang (GLJ) va (BCD):
Vi IJ la dudng trung binh cua tam gidc ACD nén IJ //CD.

G e (GIJ)N(BCD)
Taco: <1J//CD = Gx =(GIJ) " (BCD), trong 46 Gx 1a duong thang qua G
1J < (GL)),CD < (BCD)

va Gx//1J//CD.
¢) Trong mit phang (BCD), ké Gx song song CD cit BC tai M , cit BD tai N .

-Tinh 21J +3MN

Goi E la trung diém CD, theo dinh li Thalgs, ta co:

M ﬁi(1GM//CE)M=%(VIMN//CD).
BC BE 3 CD ~ BC

Suy ra M=% hay MN=ECD=E-6=4.
CD 3 3 3

1
Vi IJ 1a duong trung binh tam gidc ACD nén LJ = ECD =—-6=3.

N | =
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Cau 12:

Do d6 21J+3MN =2-3+3-4=18.
d) 3lJ+2MN =3-3+2-4=17

Cho hinh chép S.ABCD c6 day la hinh binh hanh, AC va BD cat nhau tai 0. Goi I 1a trung
diém SO . Mit phang (ICD) cit SA,SB lan luot tai M,N .
a) Piém M 1a giao diém ciia duong thang SA voi mat phang (ICD)

b) Ta c6 SNz%SB
¢) Cho 4B =a thi MNz%

d) Trong mat phang (CDMN), goi K 1 giao diém cua CN va DM . Khi d6 SK va BC chéo

nhau

Loi giai

|a)Ping |b)Sai [c)Sai [d)Sai |

- Xac dinh M,N:
Trong mit phing (SAC), ké CI cit SA tai M ;
Trong mit phang (SBD), ké DI cat SB tai N .

M eCI,CI c(ICD)
=M =SAN(ICD).

Vi
M e SA4

N e DI,DI c (ICD)
Tuong tu: = N=SBN(ICD).
N €SB

-Tinh MN theo a:
Goi E la trung diém BN,OE 1a dudng trung binh cta tam gid&c BDN = OE / /DN .

Trong tam gidc SOE , ta cd NI qua trung diém [ ctua SO va NI//OE,N la trung diém cua
SE .

& A
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Cau 13:

-Viy SN = NE = EB hay SN:%SB.

. 1
Hoan toan tuong tu, ta chirng minh duoc SM = ESA .

M 1
Khi d6 hai tam giac SMN,SAB dong dang vi ¢6 goc S chung va M = SN _

SA SB 3

Xét tam gidc SAB , theo dinh 1i Thalgs, ta co:

—MV = Sﬂ l = MN = ﬂ — ﬂ
AB SA 3 3 3
- Ching minh SK //BC//AD:
Dé thay S la diém chung cta hai mit phang (SBC) va (SAD).

. |KeCN,CN c (SBC)
Ta co: = K e(SBC)N(S4D).

K € DM, DM < (SAD)
Vi vay SK = (SBC)N(S4D).

SK =(SBC)~(SAD)
Khi d6: { BC < (SBC), AD  (SAD) = SK / /BC / | AD.
BC//AD

Cho hinh chop S.ABCD c6 day ABCD la hinh binh hanh.
a) Giao tuyén cta (SAB) va (SCD) 1a dudng thang di qua S va song song véi AB

b) Giao tuyén (S4AD)va (SBC) la dudng thang di qua S va song song véi AB

¢) Goi M e SC, giao tuyén ctia (ABM) va (SCD) 1a duong thang di qua M va song song véi
AB

d) Goi N e SB, giao tuyén cta (SAB) va (NCD) la duong thang di qua N va song song voi
AB

Loi giai

| a) biang | b) Sai |c) Dﬁng| d) DPung |

a) T giac ABCD 1a hinh binh hanh nén 4AB//CD; AD//BC .
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AB//CD
| AB = (S4B) (Sx = (SAB) " (SCD)
a) Ta co: =
CD < (SCD) \Sx//AB//CD
S € (SAB) N (SCD)
AD//BC
| AD c (S4D) (Sy = (SAD) N (SCD)
b) Ta co6: =4
BC < (SBC) \Sy//AD//BC
S € (SAD) N (SBC)
AB//CD
| AB < (MAB) (Mt = (MAB) N (SCD)
c¢) Ta co: = .
CD < (SCD) \Mt//AB//CD
M e (MAB) N (SCD)
AB//CD
| AB < (S4B) (Nz =(SAB) n (NCD)
d) Ta co: = .
CD < (NCD) \Nz//AB//CD
N e (SAB) N (NCD)

Céu 14: Cho hinh chép S.ABCD , ¢c6 ddy ABCD 1a mot hinh binh hanh tim O . Goi /,K lan luot 1a
trung diém ciua SB va SD . Khi d6:
a) SO 1a giao tuyén cua (SAC) va (SBD)

b) Giao diém J cta S4 voi (CKB) thuc duong thiang di qua K va song song véi DC
¢) Giao tuyén cua (OIA) va (SCD) la dudong thang di qua C va song song vi SD
d) CD//1J

Loi giai

| a) biang | b) Sai |c) Dﬁng| d) Dung |
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Cau 15:

{0 € AC = (SAC)
a = 0 €(SAB) N (SCD)

O e BD c (SBD)
S e (SAB)N(SCD)
= SO =(SAC)N(SBD).

b) T gidc ABCD 1a hinh binh hanh nén AB//CD;AD//BC.

AD//CB

AD < (SAD) (Kx = (KBC)(SAD)
BC < (SBC) / \Kx//AD //BC '
K € (KBC) N (S4D)

Ta co:

: JeSA
Trong (SAD) goi J = KxnS4,cd = = J=SANn (BKC)
J e Kx c (BKC)

c) C6 OI la duong trung binh cuia ASBD = OI //SD .

Ol//SD
. |0l c(0IA4) Cy =(0IA) N (SCD)
Ta co: = .
SD c (SCD) Cy//SD//0I
C e (0OIA)N(SCD)
d) Ta co:

1J//AB (1J la dudng trung binh ciia ASAB)
AB//CD (tit giAc ABCD 1a hinh binh hanh) = CD//1J .

Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang ( AD 1a day 16n, BC la day nhd). Goi
E,F lan luot 13 trung diém cta S4 va SD. K 1a giao diém cua cac duong thang 4B va CD.
Khi do:

a) Giao diém M cua duong thang SB va mat phang (CDE) 1a diém thudc duong thang KE

b) Puong thing SC cit mat phang (EFM) tai N . TG gidc EFNM 13 hinh binh hanh

¢) Cac duong thang AM,DN,SK cung di qua mot diém
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d) Cho biét 4D =2BC . Ti s6 dién tich ciia hai tam gisc KMN va KEF bang Suony _ 2

AKEF 3

Loi giai

| a) biang | b) Sai | ¢) Pung | d) Sai

a) Co SK = (SAB) N (SCD).

Trong mp (SAB), goi M = KENSB, c6 KE c(CDE). Do d6 SBN(CDE)=M .

b) Trong mp (SCD), goi N = KF nSC, c6 KF c(EFM).
Do @6 SCN(EFM) =

o = | MN = (BFK)n\(SBC)
EF | /BC;EF = (EFK),BC c(SBC)

= MN//EF//BC.
Suy ra tir giAc EFNM 1a hinh thang.

¢) Trong mp (ADNM), goi I = AM n DN .

— [ € (SAB) (SCD),

e AM ,AM c (SAB)
1eCD,CD c (SCD)

Hay I e SK . Két luan 3 dudng thang AM,DN,SK dong quy tai diém I .

d) Khi 4D =2BC dé dang ching minh duoc B,C lan luot 13 trung diém cia K4 va KD . Suy
ra M, N lan luot 13 trong tAm cua hai tam gidc SAK va SDK .

2 ) 5 . . . .
Do d6 MN = EEF , 201 A, h, lan lugt 14 dO dai dudng cao xuat phat tr dinh K xuodng hai day

x .z 2
MN va EF ,de thay h, =§h2.
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S lMN-h1 %EF-%hZ
Vay aKkmy _ 2 _3 3

4
Saxer lEF.hZ EF -h, 9
2
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