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Dang 3: Gia tri lwgng giac cia goc lugng giac
Phwong phap: Str dung nhom cong thirc lién hé giira cac gia tri lugng giac dé tinh toan
Chu y: Néu dé bai c6 gidi han mién ciia goc o thi ta cin xem trén mién d6 céc ti sd lugng giac tuong

ung s€ mang dau nhu thé nao, cu thé nhu sau:

A -
xr
I v
BI
Géc phan tw
Gia tri lwgng giac
I II 111 10Y
sinx + + - -
cosa + - - +
tan o + — + -
cota 4 = + -
BAI TAP TU LUAN
Bai tap 1: Tinh cac gia trj luong giac cla goc o , biét:
1 . 2
a) cosa=— va0<a<’ b) sina=-va Z<a<n
5 2 3 2
\ RY/4 1 3z
c) tana =~/5 va <o <2 C) cota=——= va —<a<2r.
2 22

Loi giai

a) Vi 0<a<5 nén sin a>0.

2
Mit khac, tir sin’a +cos’a =1 suy ra sina =+/1—cos’a = ’1 —(éj = g .
246

Do do tana=sma=i=2 va cota = ! =L=£.
cosae 1 tana 26 12
5

T A
b) Vi E<a<7z nén cosa <0.
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2

Mit khéc tir sin’a +cos’a =1 suy ra cosa = —/1—sin’a = — —(%) =—

2
Do dé tana = 20% = i:—i:—ﬁ.vé cota = 1 :#:—ﬁ.

cosa JE J§ 5 tana 2\/3 2

3 5

c) Ta co: cota = ! :Lz—s . Do 7r<a<3—7z nén cos a <0.
tana J§ 5 2

Miit khic tir 1+ tan’a = 12 suy ra cosa:—\/ ! — =— ! - =—£

cos’a l+tan"a 1+(\/§) 6

Mata cd tang = Siha = sing = tana.cota = ﬁ[—%] = —ﬂ )
cosa

d) Ta c6: tana = ! -—=-\2.
cota 1

.3 n
Vi 7<a<27r nén cosa > 0.

1 1 3

1
Mit khac tir 1+ tan’a =——— suy ra cosa :\/ — = > =—.
cos’a 1+ tan’a 1_,_(_\/5) 3

= sina = tana.cota = —ﬁ(?] = \/g

\ , sina
Ma ta co tana =
cosa

g i

Bai tap 2: Tinh cac gia tri lugng giac cua goc « , biét:

a) sinoz:l va-Z<a<0 b) cosa =-0,7 v:‘;17z<05<3—7Z
3 2 2
c) tana =2 vao<a<Z C) cota=zvz‘;17z<a<3—7r.
2 3 2
Loi gidi
. 2 ) 1 ’ 8 4 A
a)Taco cos"a=1-sin"a=1- 3 :§.V1—5<a<0nencosa>0.
1
2+/2 3
Dodécosaz—suyratana—sma:izﬁvacota— ! =2.2.
3 cosa \/_ tan o

b) Ta ¢ sinzazl—coszazl—(—OJ) :15;)—0.\/1 7z<a<377[ nén sina <0.
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J51

. V51 sine 19 V51 | 1 751
Do d6 sina =——— suyra tana = = = va cota = =—.
10 cosa 0,7 7 tan o 51
, 1 1 1 ) )
c) Tacod cota = =—;——=Il+tan"a=1+2"=5.

—
tana 2 cos" o

1 5
Suy racoszazg.Vi 0<a<% nén cosa >0.Do d6 cosa =—.

25

Suy ra sina =tanacosa = ——.

2
d) Tacod tana = ! :g; '12 =1+cot2a:1+(ZJ :ﬁ.
cotae 7 sin“« 3 9

Suy ra sin2a=%.\/i 7z<a<377z nén sina <0. Do do sinaz—%.

7 [_3\@}:_7@_

Suy ra cosa =cotasing =—-
58 58
Bai tap 3: Hay thuc hién cac yéu cau trong mdi truong hop sau:
U S 297 .. A Wy | % A i T
a) Biéu dién sin BER qua gia tri luong giac ctia goc c6 so6 do tir 0 dén —;

b) Biéu dién tan 973° qua gia tri luong giac ciia goc c6 sé do tir 0° dén 45°.

Loi giai

. 297 . (297 . [ 57 . (27 . 27
a) sin| ——— |=-sin| —— |=-sin| —+87 |=—sin| —+ 7 |=sin—
3 3 3 3 3

b) tan973° = tan(73°+5.180°) = tan 73° = tan (90° —17°) = cot17°.
Bai tap 4: Tinh cic gia tri luong gidc ctia moi goc sau:
a)§+k27r(keD; b)%+k7z(kem;
Loi gidi

a) sin Z ikon :sinzzﬁ;cos Z ikon :coszzl
3 3 2 3 3 2

tan(%+k27rJ:tan§:\/g;cot(%+k27zj:cot§:L

R
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b) tan(% + kﬁj khong xac dinh; cot(% + kﬂj - cot% -0,
V6i k=21(leT :

sin Z+k7r =sin Z+127z =sin£=l;cos Z+k7r =cos E+127r =cosz=0;
2 2 2 2 2 2
Vé’ik=21+1(leD;:

sin| Z+kx |=sin| Z+z+027 :sin3—7r:—1;cos 2 vk |=cos| Zax+i2n :cos3—7[:O
2 2 2 2 2 2

Bai tip 5: Bang cach str dung gia trj luong giac cta cac goc lién quan dic biét, hay tinh:

PHAN 1.

Cau 1:

Cau 2:

Cau 3:

a) cos —157 b) cot(—675°) 9) sinl%
Loi gidi
-157 157 RY/1 kY2 kY1 V/a 2
a) cos = cos =co8| 3T +— |=—cos——=cos| 71— |=cos—=—.
4 4 4 4 4 2

b) cot (—6750) = cot(45° - 7200) =cot45 =1,

c) sin%:sin(3ﬂ+2?7[}:—sin2?ﬂ:—sin(ﬂ—%jz—sinzz—ﬁ.

3 2

BAI TAP TRAC NGHIEM

Cau trac nghiém nhiéu phwong an lwa chon. Méi cau héi thi sinh chi chon mét phwong

Trong céc h¢ thuc sau day, h¢ thirc nao ding?

A. sinx’ +cosx” =1 B. sinx+cosx =1
C. sin2x+cos2x=1. D. sin®x+cosx’ =1.
Loi gidi

Theo cong thirc: sin x” +cosx” =1.

Tim khéng dinh sai? (voi diéu kién cac hé thuc da xéac dinh)

A. tan(7+a)=tana . B. cos(%+aj:sina.
C. cot(—a)=—cota . D. sin(7—«a)=sina.
Loi gidi

Khang dinh cos(% + aj =sina 1a sai.

5 . . .
Cho goc a thdaman 27 < a < ?ﬂ . Khang dinh nao sau day sai?

A. tana <0. B. cota >0. C. sina >0. D. cosa >0.
Loi gidi
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Cau 4:

Cau 5:

Caiu 6:

Cau 7:

Cau 8:
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. hY/4 ..
Véi 27r<a<7 taco sina >0, cosa >0, tana >0, cota >0.

Cho §< a < . Két qua ding 1a

A. sina >0, cosa>0. B. sina <0, cosa<0.
C. sina >0, cosa<0. D. sina <0, cosa>0.
Loi gidi

. T A N . X , At
Vi 5< a < 7nén a nam trong goéc phan tu thtr 2 nén sina > 0,cosa <0.

Cho 27 <a < 57” Khing dinh nao sau day dung?

A. tana >0; cota > 0. B. tana < 0; cota <O0.
C. tana > 0; cota <0. D. tana <0; cota > 0.
Loi gidi

, Y4 .2 £ o, N ; tana >0
Ta cod 27 < @ <— = diém cuoi cung o —x thudc goc phan tu thtr I = .
2 cota >0

Cho 0<a < % Khang dinh nao sau day ding?
A. sin(a—7)=0. B. sin(a —7)<0. C. sin(a—7)<0. D. sin(a —7)<0.
Loi gidi
Taco O<a<im-rm<a-m<-2
2 2
Diém cubi cung o — 7z thude géc phan tu thir 7/ = sin(a — ) < 0.

Cho 0<a< % Khang dinh nao sau ddy dung?

A. cot(a+%j>0. B. cot(a+%)20. C. tan(a +7)<0. D. tan(a +7)> 0.
Loi gidi

T T T T
O<ao<———<o+—<rm=cotla+— |<0
, 2 2 2 2
Ta co

O<a<§—>7z<a+7r<%r:>tan(a+7r)>0

Cho % < a < . Gia tri lugng gidc nao sau day luoén duong?
A. sin(7z +a). B. cot(%—aj. C. cos(—a). D. tan(7 + ).
Loi gidi

sin(7 +a) =—sina; cot(% - aj =sina; cos(—a)=cosa; tan(z+a)=tana.
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sina >0

s
Do 5<a<7r:> cosa <0
tana <0

Cau9: Chor<a< 37” Khing dinh nao sau day dung?

A. tan(%—aj<0. B. tan(%[—aj>0. C. tan(%z—aJSO. D. tan(%[—ajzo.

Loi giai

; (37[ j
sinl ——a |>0
, Iz 3z T 2 3z
Taco r<a<——>0<——a<—= =tan| ——a |>0.
2 2 2 2

005(3—7[—05) >0
2

Cau10: Cho 0<a< % Ménh dé nao sau day sai?

A. sin(a+7)<0. B. cos(a+7)>0. C. tan(z—-a)>0. D.cot(zr—a)<0.
Loi gii

Ta co: tan(7 —a)=—tana <0Va € [O;%j

Cau 11: Cho %z <@ <2mr . Xét cau nao sau day ding?

A. cosa>0. B. sina > 0. C. tana > 0. D. cota >0.
Loi gidi

7 3 ]
Ta co: Tﬂ<a <2ﬂ®7ﬂ+%< a <2m nén o thudc cung phan tu thu IV.

Cau12: Cho O<a< % Khang dinh nao sau diy ding?

A. tana > 0,cota > 0. B. tana > 0,cota < 0.
C. tana <0,cota < 0. D. tana < 0,cota > 0.
Loi gidi

Diém biéu dién cung luong giic o nam goc phan tu thir nhat nén tana > 0,cota > 0.

Cau 13: Cho biét tana :% . Tinh cota

1 1
A. cota=2. B. cota:Z. C. cota:; D. cota =+/2.
Loi gidi
. 1
Ta cod: tana.cota =1 = cota = =—=2.
tana |
2

Céu 14: Tim khing dinh sai trong cac khang dinh sau day?
A. tan45° < tan 60°. B. cos45° <sin45°.
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C. sin60° <sin80°. D. cos35°>cosl0°.
Loi giai

Khi o €(0°;90°) ham cos 1a ham giam nén cos35° < cos10°suy ra D sai.

Cau 15: Trong cac ddng thirc sau, dang thic nao dung?

B

A. cos150° == B. cot150°=+/3.  C. tan150° = —

L. D. sin150° = —ﬁ,

3 2
Loi giai

Khang dinh dung 1a: tan150° = 1

V3
A e T,
Cau 16: Giatri cua tang la

A ﬁ B.—?. C. 3. D. 3.

—. 3
Loi gidi
1
) . 1 9
Trén nura dudng tron don vi sao cho xOM -z khi d6 M ﬁ;— nén tanz:L:—3.
6 272 6 3 3
2
A . 3( 7 2z 1.0 o S
Cau 17: Cho sina =g E< o <7 |.gldtrl cla cosa bang
A. cosaz—ﬂ. B. cosa:ﬂ. C. cosazg. D. cosa:—g.
5 5 5 5
Loi gidi
fe 2 2 2 . 5 9 16
Taco: sin“a+cos"a=1=cos"a=1-sin"ag=1-—=—.
25 25
4
Ma z<0¢<7z:cos0¢=——.
2 5
Céu 18: Hay chon két qua sai trong cac két qua sau day:
A. cos(-a)=cosa . B. sin(7+a)=sina.
C. tan(7—a)=—tana. D. cot(%—a]ztana.
Loi giai
Taco sin(7+a)=—sina.
Cau 19: DPon gian biéu thuc 4= cos(a - %j , ta dugc:
A. cosa. B. sinc. C. —cosc. D. —sine.
Loi gidi

Taco: A= cos(a —%J = cos(%—a] =sina .
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

8| Ths.

Gia trj ctia biéu thire S =3 —sin® 90° + 2cos” 60° —3tan”45° bang

A.l. B.—l. C.1. D. 3

2 - 2
Loi giai
r <2 o 2 o) 2 o) 2 1 ’ 2 l
Taco S=3-sin"90°+2cos” 60°—-3tan"45° =3-1" + 2. 5 -3.1 :—5.

Cho a 1a sb thuc bit ky. Chon khing dinh ding trong cac khiang dinh sau:

A. sina+cosa=1. B.sin’a+cos’a=1.
C.sin*a+cos*a=1. D. sin’a+cos’a=1.
Loi giai

Ta cé: sina+cos’a=1;Vaell nénD ding.

3 \
Cho 7<a< 7” Ménh d& nao sau ddy dang?

A. sin(7+a)<0. B.sin(7—-a)<0. C.cos(z—a)<0. D.cos(z+a)<0.
Loi gidi

3 5 )
Tacod 7r<a<7”:>27r<a+7r<7”351n(7r+05)>0;cos(7z+a)>0

7r<a<%:—%<ﬂ—a<O:>sin(7z—a)<O;cos(ﬂ—a)>0.

Cho sina :%, (900 <a<1800). Tinh cose .
A. cosaz—? B. cosaz—g. C. cosazg. D. cosa=—.

Loi giai

Ta co: sin2a+cosza=1<:>cosza:1—sin2a=% :cosa:i%.
. A0 0 A 3
Vi 90" < <180" nén cosaz—g.

. 4 . ,
Cho s1na:§ VOl 5<a<7z.T1nh cosc ?

A B.2.
5

| —
[@
|
|
=4
(VNN

Loi giai
i 3
Ta co: cosa = —g

Céc dang thirc nao sau day dong thoi xay ra?

. 2 J5 2 J5
A. sina =—;cosa=—. B. sina =—;cosa=—.
3 3 5 5
. -3 ) 3
C. sina =—;cosa=—. D. sina =— ;cosa=—.
5 5 4 4
Loi giai:
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Cau 26:

PHAN II.
sai.

Cau 1:

Cau 2:

Ap dung cong thic sin® a + cos’a =1.

Cho géc a thda cota :% va 0° < @ <90°. Khing dinh nao sau day ding?

A. cosa:i. B. sina :ﬂ. C. sina :—ﬂ. D. cosa :—i.
5 5 5 5
Loi gidi
A A ’ 2 9 1 ) 16
Ap dung cong thirc: 1+cot"a=——— < l+—=—7— Ssin"a=—
sin” o 16 sin"« 25

Do O°<a<90°:sina>0:>sina:§.

Cau trac nghiém dung sai. Trong méi y a), b), c), d) & méi cau, thi sinh chon ding hodc

Tinh dugc cac gia tri lugng gidc clia goc a = % + k2 (k el . Xét tinh dung sai cta cac khang

dinh sau:
1 3
\/g cosa =—— \/7 cotoc:—£
a) sing=-==b) 2 ¢) tana =~3 d) 3
Loi gidi
.. (7 . T 3 . T T 1
a) Sai: sin| —+ k27 |=sin—=— b) Sai: cos| —+ k27 |=cos—=—
3 3 2 3 3 2
c¢) bung: tan(% + k27zj = tan% =3 d) Sai: cot (% + kZﬂj A cot% = ?3

Tinh dugc cac gia tri lugng giac ctia goc o = —% +(2k +1) 7 (biét k 01 ). Xét tinh dung sai cla
cac khang dinh sau:

2
b cosa = —
a) sina :7 b) 2 c) tana =—1 d) cota =—1

Loi giai

a) bung: sin{—% + 2k + 1)72} = sin(—% +2km + 7[)

=sm|—+x7 |=—SIn|{ —— |=SsIN—=—-
4 4 4 2

b) bung:

cos{—% + 2k + 1)72':| = cos(—% + 2k + 72') = cos(—% + 72'] = —cos(—%) = —cosZ = —Q

4 2
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Cau 3:

Cau 5:

c¢) Sai: tan —£+(2k+1)7r —tan| -2~ |=—tanZ =1
4 ] 4 4

d) Sai: cot —£+(2k+1)7r —cot| - Z|=—cotZ =1
4 i 4 4

Cho 0° < & <90°. Xét dugc dau cta cac biéu thirc sau. Xét tinh dung sai cua cac khang dinh sau

a) A=sin(a+90°)>0 b) B =cos(a—45°)>0
¢) C=tan(270°-a)<0 d) D =cos(2a +90°)>0
Loi giai

a)Pung: Tacod: 0 <a <90 =90 <a+90 <180 = sin(a +90°) >0

b) Diing: Ta cé: 0 <z < 90" = —45 < —45 <45 = cos(a—45') >0

¢) Sai: Taco: 0" <@ <90" =-90" <—a <0 =270 +(-90") < 270" + (-) < 270" +0’
=180°<270°—a <270° = tan(270° - a) >0

d) Sai: Ta ¢6: 0° <& <90° = 90° < 2 +90° < 270° = cos(2a +270°) <0

Tinh dugc cac gia tri lugng giac con lai cia goc x, biét: sinx = —% VOl T <x< 377[ Xét tinh

dung sai cua cac khang dinh sau:

4
CoOSXx =—— tan x =

= cotx =—
a) cosx >0 b) 5 9) d)
Loi gidi
: r.
a) Sai: Do 7r<x<7 nén cosx <0
, i 2 2 . o 9 _16 4
b) Bung: Ta co: sin"x+cos"x=1=cos"x=1-sin"x=1-—=— =cosx=——
25 25 5
i 4
c) bung: tanx = S :E d) bing: cotx = 09sx =—
cosx 4 sinx 3

, T cr : . , -4 I . T e o ,
Tinh dugc cac gia tri lugng gidc con lai ciia goc x, biét: cosx = 2 vol 0 < x < 7 Xét tinh ding
sai cua cac khang dinh sau:

V15
sinx = ——— cotx = ———
a) sinx<0 b) 4 0) tanx =+/15 d) G

Loi giai

a) Sai: Do 0<x<§ nén sinx >0
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1 15 J15

b) Sai: Ta c6: sin*x+cos’x=1=>sin’x=1-cos’x=1—-—=— =>sinx =——
16 16 4

c) bung: tanx = SIY J15
coSX
cosx 1

sin x \/E

d) Sai: cotx =

A T . £ R , .
Ciau6: ChoO<ac< 5 Xét duoc dau cua cac biéu thire sau. Khi do:

a) A=cos(a+7)<0 b) B=tan(a —7) >0
c)C=sin(a+2?ﬂJ<O d)D=cos(a—3§j<O
Loi giai

a) Dung: Vi 0<a<§:>7z<a+7z<3?”:cos(a+7z)<0
, . 7 z
b) Pung: Vi 0<a<E:>—7r<a—7z<—zz>tan(a—7z)>0
2 2 . 2
¢) Sai: Vi 0<a<£:>—ﬁ<a+—ﬁ<9—ﬂ:>sm a+Z >0
2 5 10 5

d)Sai:ViO<a<£:>—3—ﬂ<a—3—ﬂ<£:>cos a—3—ﬂ >0
2 8 8 8 8

L . . , £ 50 . .
Cau7: Tinh dugc cac gia tri lugng giac con lai cua goc x biét: cosx = T vol 180° < x <270°. Xét
tinh dung sai ctia cac khang dinh sau:

12 5 . 12
tanx = — cotx =— s1nx—c0sx:—1—

a) sinx <0 b) 5 c) 12 d)
Loi giai

a) Pung: Do 180 < x <270 =>sinx <0

. . 25 144
b) Plng: Ta cé: sin’x+cos’x=1=sin’x=1-cos’x=1—— = —
169 169
. 12 sinx 12
=sinx =——;tanx = =—
13 cosx 5
c) bung: cotx = C?Sx = £l d) Sai: sinx—cosx = _L
sinx 12 13

PHAN IIl. Cau tric nghiém tra I&i ngan

Caul: Cho goc luong giac o =%+k2ﬂ'. Tim k dé 107 <a <11x.
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Loi giai

Ta co 107r<a<117r——)1977r<k27z<%——>k:5.

Cau 2: Tinh gia tri cia cos{% + (2k + 1)72}.
Loi giai

1
Ta c6 cos Z+(2k+1)7z —cos| Zvr+hor|=cos| 7 |=—cosE=—=,
3 3 3 3 2
A 1 Cas 37, .
Cau3: Cho cosazg.Khldo sin a—; bang
Loi gidi

.. RY/4 . T ) T 1
Tacosinfa—— |=sin|a+——-2x7 |=sin| & +— |=cosa = —.
2 2 2 3

s . . 13 . o
Cau4: Bictrang sm(x—g}rsmTﬂ =si (x+%j thi gia tri ding cua cosx la

Loi giai
Taco sin| x—— |=—sin| ——Xx |=—cosx va sin| x+ — |=cCoOSx.
( 2) (2 j ( 2)
X e n . . B3m (7w . T
Két hop v61 gia tr1 sin— =sin| —+6x |=sin—=1.
2 2 2
. T . 137 . V4 1
Suyra sin| x —— [+sin——=sin| x+ — |< —cosx +1=cosx < cosx = —.
2 2 2 2
" , \ N =g 12 .« ;
Cau5: Cho goc o théa man sma=§ va 5<a<7z. Tinh cosa.

Loi giai

N 5
cosa =t4l-sin“ag =+—

Ta co 13—)(:osoz:——z—0,38
Vd 13
—<a<rnm
2
" , . 5 . 3r .,
Cau 6: Cho goc o théa man cosa = Y var<a <? . Tinh tana.
Loi gidi
. 2
sing =+\/1—-cos’a =+= ,
. 3 . sina 2
Ta co ——sina =————tana = =—=~0,89
3z 3 cosa \B
T<a<—
2
Cau7: Chogbéc o théaman tana = —; va 20127ﬂ <a< 20157 . Tinh sina.

12 | Ths. Lé Viét — THPT Thang Long, Ha N6i — Phone (zalo): 0835.221183 - On thi cam két diém sé



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Cau 8:

Cau 9:

Cau 10:

Loi giai
2
l+tan’ o = 12 1+(—ﬂj = 12
Ta c6 cos"a 3 cos’ a
20177 20197 P 3z
<a< —+5042r<a<—+50421
2 2 2 2
3 . sina 4 sina . 4
——>cosa=——.Ma tana = & ——= —sina =—.
5 cosa 3 3 5
5

12
Cho géc a thdéa man cosa :_E va §< a <. Tinh tanc.

Loi giai
) 5
sinag =+yl—-cos’a =+— 5 . 5
Ta co 13—>sin05=——>tan05= e =——~=-0,42.
T 13 cosa 12
5<a<7l'.

Do dai ciia ngay tir lac Mat Troi moc dén lac Mat Troi 13n & mot thanh phd X trong ngay thir ¢
ciia ndm dugc tinh xap xi béi cong thirc d (¢) = 4sin [%(1 —80)} +12(reZ va1<1<365).
Thanh phé X vao ngay 31 thang 1 ¢6 bao nhiéu gid c6 Mat Troi chiéu sang? Lam tron két qua
dén hang
phan mudi.

Loi giai
Ta c6: d(31)=9,01 gio.
Thanh OM quay nguoc chiéu kim dong hd quanh goc O ciia né trén mot mit phang thang ding
va in bong vudng goc xudng mit dat nhu hinh bén. Vi tri ban dau cta thanh 1a O4. Hoi do dai

bong O'M cia OM khi thanh quay dugc % vong 13 bao nhiéu, biét d6 dai thanh OM 13 10 cm

? Két qua 1am tron dén hang phan muoi.

Loi gidi
Ta co a:@-br:%. Suy ra
13 13
O'M' =|OMcosal|= ‘10005 1207 7,5 cm
HET.
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