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CAC PHEP BIEN POI LUQONG GIAC

BAI @

Cong thirc cong

@ sin(a+b)=sinacosh+cosasinb

@ cos(a+h)=cosacosh—sinasinb

tana+tanb

© tan(a+ b) B 1-tanatanb

Cong thirc nhan doi
@® sin2a=2sinacosa

@ cos2a=2cos’a—1=1-2sin*a

Cong thirc ha bac

. 1-cos2a

@ sinfa="—"1""T"+
@ tan’a 1-cos?2a
1+ cos?2a

Cong thirc bién doi tich thanh tdong

@ cosacosh = %[cos(a—b)+cos(a+ b)]
@ sinacosh = %[sin(a—b)+sin(a+ b)]

H Cong thirc bién doi tong thanh tich

@ sina+sinb= ZSInaT_‘_bCOSaTb

® cosa+cosh= 2COSa—2bCOSaTb
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LY THUYET CAN NHO

S

S

sin(a—b)=sinacosb —cosasinb
cos(a—b)=cosacosb +sinasinb

tana—tanb

t -b)=————
an(a ) 1+tanatanb

cos2a =cos*a—sin’a

2tana

tan2a = >
l1-tan“a

, l+cos2a
cos‘a=——

L 1
b== —-b)- b
sinasin 2[cos(a )—cos(a+b)]

) 1-. )
b== b)- -b
cosasin 2[sm(a+ )-sin(a )]

sina—sinb = 2COS%bSIna—b

2

cosa —cosh =-2sin a—bsma—b
2 2
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BN rHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Tinh gia tri biéu thic chla cac gia tri ludng giac
Phwong phap: Str dung cac cong thirc lugng gidc dd néu & phan ly thuyét dé giai quyét bai toan

BAI TAP TU LUAN

Bai tap 1: Tinh:

T, .z . 1 .z
a) cos(a+gj biet sina=— va E<a<n

J3
bytan| a— 2~ | biét cosa=—+ va 7z<a<3—7z
4 3 2
Loi gidi

T A
a) Vi E<a<ﬂ nén cosa<0.

2
Mt khéc, tir sin“a + cos’a =1 suy ra cosa = —/1-sin’a = — /1—(%} = —@.

Ta cé: cos(a+£j:cosacosz—sinasing: —ﬁ _@_i&:—\/g—lz_\@ﬁ%ﬁ_
6 6 6 3) 2 BB2 2 6
b) Vi 7 <a< % nén sina<0, do dé tana=-"2 50,
2 cosa
s 2 1 1 1
Mat khéc: 1+tan"a=——— suyra tana = -1= ~1=22.
cos’a

cos’a ( 1)2
3

T
tana—tanz B 22 -1 _9_4\/5
1+tanatan% 1+242.1 !

Ta co: tan(a — Zj =

Bai tap 2: Tinh sin sin2a; cos2a; tan2a, biét:

. 1 . 1 3
a) Slna=§VaE<a<ﬂ' b)sma+cosa=§ va —<a<—

Loi giai

T A
a) Vi E<a<7z nén cosa<0.

2
Mit khéc: sina+cos’a=1 suy ra cosa = —/1—sin’a =— fl—(%j =—¥
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2
sin2a:23inacosa:2-l- —& :—M; cosZazl—Zsinzazl—Z.(lj :Z.
3 3 9 3 9
42
Suy ra tan2a = sinZa =9 =—4\/§.
cos2a 7 7
9

2
b) Ta co: (sina + cosa)’ =(%) c>sin2a+cosza+23inacosa:%
<:>1+sin2a:1<:>sin2a:—§.
4 4

Vi %<a<37ﬂ nén 7r<2a<377[.Dodé cos2a<0.

4

. : 3) V7
Mit khéc: sin®(2 ?(2a)=1 2a=—,/1-sin’(2a)=—,[1-| -= | =——.
at khac: sin®(2a)+cos’(2a)=1 suy ra cos2a = —,/1-sin’(2a) ( 4)

3
Do d6:tan2a = Snga _ _4 _ i = Bﬁ

cos2a 7 7 7

4

Bai tap 3: Tinh gia tri cia cac biéu thirc sau:

. 1 =z . 1 =z 3T
a)sina=—va —<a<nzw b) sina+cosa=— va —<a<-—
3 2 2 4
Loi giai
Sin—C0S-— +SiN-—C0S-—  SiN-—C0S-— 4 COS-—SiN-—
a) Ta co: A= 15 10 10 15 __ 15 10 15 10
2r w . 2w . T« 2w . 2m . T
COS——COS— —Sin——sin--  C€0S——C0S— —Sin——sin"—
15 5 15 5 15 5 15 5
sin| —+-— o=
B (15 le_Sma_g_l
B 27 7\ & 1
cos| ——+=| Cos— =
(15 5] 3 2
b) Ta co: B = Sin—=c0S —- 08 - C0S - = E-Zsinicosi cos = cos
32 32 16 8 \2 32 32 16 8
1. V4 V4 T 1. & V4 V4
==sin| 2-— |C0S—C0S— = =SiN—C0S—C0S —
2 32 16 8 2 16 16 8
2 2

1 . T T r 1.« ~ 1 .. 7« 1. 7 1
=—.25IN—C0S—C0S— = —SIN—C0S— = — - 25IN —C0S— = —SIN — = —
4 16 16 8 4 8 8 8 8 8 8 4 8 2 16

3| Ths. Lé Viét — THPT Thiang Long, Ha Noi — Phone (zalo): 0835.221183 - On thi cam két diém sé



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tuw vin huwéng nghiép cho hoc sinh bing phén tich nhin twéng hoc — xem chi tay — tir vi

Bai tap 4: Rut gon cac biéu thirc sau:
a) A=sin(x+14°)sin(x + 74°) +sin(x —76°)sin (x —16°)

_sin(a-b) .\ sin(b—c) . sin(c—a)

b) B=
cosa.cosb cosb.cosc cosc.cosa

Loi gii
a) Ta cd A=sin(14°+ x)cos(16° — x) +sin(76°— x)sin (16° — x)
=sin(14° + x)cos(16° — x) + cos(14° + x)sin(16° — x) =sin(14°+16°+ x — x) =sin30° = %

_sin(a-b) . sin(b—c) .\ sin(c—a)

b) A=
cosa.cosb cosb.cosc cosc.cosa

sina.cosb —sinb.cosa N sinb.cosc —sinc.cosb N sinc.cosa —sina.cosc
cosa.cosh cosh.cosc cosc.cosa

Taco: A=

_sina.cosb sinb.cosa+sinb.cosc sinc.cosb+sinc.cosa sina.cosc
cosa.cosb cosa.cosb cosh.cosc cosb.cosc cosc.cosa cosc.cosa

=tana—tanb+tanb—-tanc+tanc—tana=0.

Bai tap 5: Khong dung may tinh cam tay. Hay tinh cac gia tri lwong gidc sau:

a) €0s795° b) tan7—7T
12

Loi giai
a) Tinh cos 795°
Vi 795° = 75° + 2.360° = 30° + 45° + 2.360° nén

c0s795° = cos 75° = cos30° cos45° —sin30°sin 45° = ?% -

b) Tinh tan -~
12

tan~ +tan =
tan7—”:tan(£+£j: 8 4 :\/§+1=—2—\/§
12 3 1—tan%tan% 1_*@

Bai tip 6: Tinh A=cos* - —sin* %

Loi giai

3

Tacd: A= (cos2 2 _sin? zl(cosz Z 4 sin? lj —cos? Z —sin? Z = cosZ
12 12 12 12 12 12 6 2
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4 . :
Bai tap 7: Cho c0s2x = 5 voi %< X < % Tinh sin x,cosx,sm(x +£j,cos(2x—£j .

Loi giai

Vi %<x<§ nén sinx >0, cosx>0.

Ap dung cong thirc ha bac, ta co :

sin?x= 170052 _ 9 ginyo 3 cogtx = 1HOOSHX_ L ppeno L
2 10 N 2 10 J10

Theo cong thirc cong, ta cod

sin(x+%):sinxcos£+cosxsinz:i %+i v3_ 3143 _V30+3V10

10 102 210 20
cos(Zx—z)zcostsin£+cos£sin2x=—i£+£.2.i.i:—Q
4 4 4 5 2 2 410 10 10
Bai tap 8: Rut gon céc biéu thirc sau:
.. T . 27
sin= —sin=— . 5, 7
a) A= S 15 b) B=sin—-sin—+sin—
T 27 9 9
COS—= — COS—
5 15
Loi giai

1(n 2r)\. 1l(7n 2n
sinﬁ—sinz—ﬁ ZCOS(+ jsm(—j cos ™~
a) C = ) 15 _ 2\5 15 2\5 15) 6

= = =— =—cot—=—/3
cosg—cosh —25in;(75[+2”jsinl(”—2”j sinz 6

2\5 15

b) D= sin£+sin7—ﬂ —sin5—ﬂ:Zsin4—ﬂ.cos£—sin5—”:sin4—ﬂ—sin5—ﬂ:0.
9 9 9 9 3

Bai tap 9: Pon gian biéu thirc sau:

cosa+2c0s2a+ cos3a Cos(a+§j+cos(a—gj
a) A= b) B =

- . - a
sina+sin2a+sin3a cota—cotS

¢) C=cosa+cos(a+b)+cos(a+2b)+...+cos(a+nb) (neN)
Loi gidi
A (cosa+cos3a)+2cos2a 2cos2acosa+2cos2a 2cos2a(cosa+1)
a = = =
(sina+sin3a)+2sin2a  2sin2acosa+2sin2a  2sin2a(cosa+1)

=cot2a
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b) Ta co COS(&+%)+ COS(&—%) = 2COS&COS% =cosa va

a .. a a . [ a . a
a cosa CO0S, sin_cosa—cos_sina sin 2—a —sin— 1
cota—coto ==~ a2: 2 a2 - 2= 2a:__
sina 4ip < sinasin— sinasin—  sinasin— sina
2 2
cosa ] sin2a
Suyra B = =-sinacosa =— >
sina
c) Taco

C.25ing = 23ingcosa+ Zsingcos(a+b) + 25ingcos(a+ 2b)+...+ Zsingcos(a+ nb)

.(b j.(b].(%j.[bj.(% ).(Sbj
=sin| —+a |+sin| =—a |[+sin| —+a |+sin| ———a |+sin| —+a |+sin| ——-a
2 2 2 2 2 2

+...+sm[@+a]+sm(_@_a}

sin(%—a)+sin[@+ a] =2sin(n +1)bcos(n—2b—aj

sin(n +1)bcos[nzb— aj

Suyra C = D
Sin —
2

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Caul: Tinh sin105° ta dugc:

Jo-2 J6-2 52 J6 42
A ——° B. —~° Cc.—=. D. —
4 4 4 4

Loi giai

Co: sin105° = sin(6o° +45°%) =sin60°.cos45° + cos60°.sin45° .

s 5in105° =£.£+1.£ _ M

22 2°2 4
Cau2: Tinh tan105° ta duoc:

A —(2+43). B. 2+4/3. C.2-3. D. —(2-43).

Loi giai
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V6 ++/2
tan105° = Sinlo‘r’(; o4 N6eV2 _2+3).
c0s105 J6-V2  J6-2
SR
Cau 3: Rut gon biéu thie: cos54° cos4® —cos36° cos86°, ta dugc:
A. cos50°. B. cos58°. C. sin50°. D. sin58°.

Loi giai

Ta c6: c0s54° cos4® — cos36° cos86° = cos54° cos4® —sin54°sin4° = cos(54° + 4°) = c0s58°

Cau4: Rutgon biéu thire COS(X + %j - COS[X - %j ta duoc

A. J/2sinx. B. —/2sinx. C. J2cosx. D. —/2cosx.
Loi giai
T T T T
- - X+4X—"= X+ ==X+
Ta cd: COS| X +— |—CcoS| X—— [==2sin _ 4 4 .sin _ 4 4
4 4 2 2

=-2sin x.sin%=—«/§sin X

s 2 Ky AN
Cau 5: Gia tri cua biéu thuc 0051—2” bang

J6+42 J6-12 J6+2 J2-\6
A —. B.—. C.————. D. :
4 4 | 4 4
Loi giai
, KY¥4 T Ir T Iz
Ta c6: COS—— =C0S| —+—+ 27 |=C0S| —+—
12 2 12 2 12
=C0S—C0S— —Sin— |n7—”:— 6++2
1 4
Ciu 6: Rut gon biéu thirc M = cos*15° —sin*15°.
A. M =1 B.M=£. C.M:l. D. M =0.
- 2 4
Loi giai

Tacdé M =cos*15° —sin*15° = (0052 15° )2 —(sin2150 )2
2 0 H 0 2 0 =2 0 2 0 =12 0 o] 0 \/é
:(cos 15° —sin®15 )(cos 15° +sin%15 ):cos 15° —sin?15 :cos(2.15 ):c0330 =
Cau7: Tinh gié tri cua biéu thirc M = cos10° cos 20° cos40° cos80°.

A. M =icoslo°. B. M =1c0510°. C. M :lcosloo. D. M :lcosloo.
16 2 4 8
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Loi giai
Vi sin10° # 0 nén suy ra

165in10° c0s10° cos 20° cos40° cos80°  8sin 20° cos 20° cos40° cos80°

M = . 0 . 0
16sin10 16sin10
M - 4sin40°cos40°cos80°  2sin80°cos80”  sin160°
- 16sin10° ~ 16sin10°  16sin10°
sin20°  2sin10°cos10° 1 0
= — = ———— =—C0s10".
16sin10 16sin10 8
Cong thure nao sau day sai?
A. cos(a—b)=sinasinb+cosacosb. B. cos(a+b)=sinasinb—cosacosh.
C. sin(a—b)=sinacosh—cosasinb. D. sin(a+b)=sinacosb+cosasinb.
Loi giai

Ta c6 cos(a+b)=cosacoshb—sinasinb.

Khang dinh nao sai trong cac khang dinh sau?

A. cosba = cos?3a—sin’3a. B. cos6a =1—2sin’3a.
C. cos6a=1—-6sin’a. D. cos6a=2cos*3a—1.
Léi gidi

Ap dung cong thiic cos2a =cos’ a —sin® a = 2c0s* a —1=1-2sin’ &, ta dugc
cos6a = cos’*3a—sin®3a=2cos*3a—-1=1-2sin’3a.

Khang dinh nao sai trong cac khang dinh sau?

) 1- 2X 1+ 2X
A. sin?x = = 08<X B. cos? x = —c05eX.
. XX ) A
C. smx=23|n5cosz. D. c0s3x =C0s’ X —sin’ X.
Loi giai
Ta ¢6 cos3x =4cos® x —3cos X.
Khang dinh nao dung trong cac khang dinh sau?
A. sina+cosa:\/§sin(a—%j. B. sina+cosa:\/§sin(a+%j.
C. sina+cosa:—\/§sin(a—%j. D. sina+cosa:—\/§sin(a+%j.
Loi gidi
Ta co: sina+cosa:ﬁsin(a+%j.
C6 bao nhiéu dang thic dudi day 1a ddng nhét thirc?
1) cosx—sinx:ﬁsin(x+%j. 2) cosx—sinx:ﬁcos(x+%j.
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Cau 13:

Cau 14:

Cau 15:

Ciu 16:

Cau 17:

3) cosx—sinx:ﬁsin(x—%). 4) cosx—sinx:\/ﬁsin(%—xj.

A. L B. 2. C. 3. D. 4.

Néu cos(a+b)=0 thi khing dinh ndo sau day dung?

A. [sin(a+ 2b)|=[sina]. B. |sin(a+2b)| =]sinb.
C. |sin(a+2b)| =|cosa]. D. [sin(a+2b)| =|cosh].
Loi gidi

Tacod: cos(a+b):O<:>a+b:%+k7r—>a:—b+%+k7r.

= [sin(a+2b)|= sin(—b+ 2b+%+ kﬂj =|cos(b+ k)| = |cosb].

Néu sin(a+b)=0 thi khang dinh nao sau day dtng?

A. |cos(a+2b)| =]sinal. B. |cos(a+ 2b)| =sinb.
C. |cos(a+2b)| = cosal. D. |cos(a+2b)| =|cosh|.
Loi gidi

Taco sin(a+b)=0<a+b=kz >a=-b+kr.
= |cos(a+ 2b)| = |cos(—b +2b+ k;r)| = |cos(b + k;z)| =|cosb|.

Rut gon M =sin(x—y)cosy +cos(x—y)siny.

A. M =cosx. B. M =sinx.
C. M =sinxcos 2y. D. M =cosxcos 2y.
Loi giai

Ap dung céng thtc sin(a+b)=sinacosb +sinbcosa, ta dugc

M =sin(x - y)cosy+cos(x—y)siny =sin[ (x—y)+y]=sinx.

Rut gon M =cos(a+b)cos(a—b)—sin(a+b)sin(a—b).

A. M =1-2cos’a. B. M =1-2sina. C. M =cos4a. D. M =sin4a.
Loi giai

Ap dung cong thitc cosxcosy —sinxsiny = cos(Xx+ ), ta duoc

M =cos(a+b)cos(a—b)-sin(a+b)sin(a—b)=cos(a+b+a—b)=cos2a=1-2sin’a.

Rut gon M =cos(a+b)cos(a—b)+sin(a+b)sin(a-b).

A. M =1-2sin’b. B. M =1+2sin°b.  C. M =cos4b. D. M =sin4b.
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Loi giai
Ap dung cong thitc cOsSXC0sy +sinxsiny =cos(x—y), ta dugc
M =cos(a+b)cos(a—b)+sin(a+b)sin(a—b)
=cos(a+b—(a—b))=cos2b=1-2sin’b.

Cau 18: Gia tri nao sau day cuia X thoa man sin2x.sin3x = c0s2X.cos3x ?
A. 18°. B. 30°. C. 36°. D. 45°,

Loi giai
Ap dung cong thire cosa.cosh —sina.sinb=cos(a+b), ta dugc

SIN2X.SIN3X = COS 2X.COS3X <= COS 2X.C0S3X —Sin 2x.sin3x =0

<:>COSSX:O<:>5X:£+k7t<:>X:£+kZ.
2 10 5

Cau 19: Rutgon M :cos[x+%j—cos(x—%).

A. M =+/2sinx. B. M =—/2sinx. C. M =2cosx. D. M =—/2cosx.
Loi giai

. . a+b . a-b
Ap dung cong thirc cosa —cosh =-2sin %.sm T , ta duoc

T T T T

x B X+ +x—= X4+ ——X+—=

M =cos| Xx+— |—cos| Xx—— |=-2sin 4 4 .sin 4 4
4 4 2 2

=-2sin x.sin% =—/2sinx.

Cau 20: Rut gon biéu thic M =tanx—tany.

sin( X+
A. M =tan(x-y). B. M:M.
COSX.COS Y
c. m = Shxy) p. M = Enx-fany
= COSX.COS Y’ ) 1+tanx.tany
Loi gidi

sinx siny _sinxcosy—cosxsiny sin(x-y)
COSX COsy COSXCOS Y COSXCOSY

TacoOM =tanx—tany =

Céu 21: Rut gon biéu thue M = cos? (% + aj —cos’ [% — aj.

A. M =sin2a. B. M =cos2«a. C. M =—-co0s2c. D. M =-sin2a.
Loi giai

Vi hai goc T alvi|Zl+a phu nhau nén cos Z_al=sin| Z+a|
4 4 4 4
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Suyra M =cos?| Z+a |-cos?| Z—a |=cos?| Z+a |-sin?| Z+a
4 4 4 4

= cos(% + 2aj =—-sin2a.

Chon dang thirc dung.

A. cosz(£+EJ:l_sma. B. cosz(z+EJ:l+sma.

- 4 2 2 4 2 2

C. cos?| Z 4+ 8| 1c0sa D. cos?| Z 4 2| -1Fcosa
4 2 2 4 2 2

Loi giai

T
1+cos| —~+a . .
cosz(£+gj— " (2+ j_l+sm(—a)_1—sma

2 2 2
sin(y—x
Goi M =N =X)
sinx.siny
1 1
A. M =tanx—tany. B. M =cotx—coty C.M=coty—-cotx. D.M=—-—.
sinx siny
Loi giai
Siny.COSX —COSY.SINX  SiNY.COSX COSY.SinX COSX COS
Taco: M = y_ - y :_y_ __y_ =— —_y:cotx—coty.
sinx.siny sinx.siny sinx.siny sinx siny
Goi M =c0osX+cos2X +cos3X thi
1
A. M =2cos2x(cosx +1). B. M =4c052x.(5+cosxj.
C. M =cos2x(2cosx—1). D. M =cos2x(2cosx +1).
Loi giai
Ta c6: M =COSX +COS 2X + C0S3X = (COS X + COS3X ) + COS 2X
= 2C0S2X.COS X + COS 2X = €05 2X(2C0S X +1) .
, S sin3x —sin x
Rut gon biéu thtc M = ————.
2cos“x—1
A. tan2x B. sinx. C. 2tanx. D. 2sinx.
Loi giai
. sin3x—sinx  2c0s2xsin X .
Ta co: > = =2sinX.
2c0s” x—1 COS2X
. 1+ Cc0oS X + C0OS2X + C0S3X
Rut gon biéu thirc A= >
2C0s° X +cosx—1
A. COSX. B. 2cosx—1. C. 2cosx. D. cosx —1.
Loi giai
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(1+c0s2x)+(Cos X +C€0S3X)  2¢0S’ X + 2C0S 2XCOS X

Taco: A= . =
(2cos x—1)+cosx COS X + COS 2X
2c0s X(CoS X + C0S 2X)
= = 2COSX.
COS X + COS 2X
.2 tan o — cot
Cau 27: Rit gon bidu thic A= -2 2% | cos2a.
tan o + cot o
A. 0. B. 2c0s° X. C. 2. D. Cos2x.
Loi giai

sina¢ cosa  sina —cos’a
- . . =2 2
Tac: C0sa_sina _ _sina.cosq SN &—COS
sina | cosa sina+cos’a sina +cos’a

cosa  Sina sina.cosa

=sin‘a —cos’ a = —c0s2c .

Do d6 A=-cos2a +cos2a =0.

1+sinda —cosda

Ciu 28: Rut gon biéu thirc A= —— .
1+sinda + cosda

A. sin2c. B. cos2«x. C. tan2« . D. cot2«.
Loi gidi
Ta co :
_ (1-cos4a)+sinda  2sin’2a +2sin2a:cos2a  2sin2a(sin2a +c0s2a) an 2
(1+cosda)+sinda  2c0s° 2 +2sin2ac0s2a  2¢0S 2(Sin 2a + €OS 2¢x) ’
. 3—-4c0s2a +cos4 z .
Cau29: Bibu thic A= d @ 6 két qué rat gon bing:
3+4cos2a + cosda
A. —tan*a. B. tan’a. C. —cot’a. D. cot’ a.
Loi giai
Ta c6 €02 =1—2sin?a;cosda = 2¢0s% 2 —1= 2(1—25in205)2 -1
3—4(1—25in2a)+2(1—23in2a)2—1 8sina —8sin? a + 8sin® \
Do do: A= — = > > —=tan"«a.
3+4(2cos’ @ —1)+2(2cos’ ¢ —1) —1 8C0s"a—8C0s" & +8c0s &
: sin2a +sin
Cau 30: Rut gon bidu thirc A= ar>le
1+cos2a +cosa
A. tana. B. 2tana. C. tan2a +tana. D. tan2a.

Loi giai
sin2a +sine_ sina(2cosa +1) _sina(2cosa +1)

Taco A= 5
1+cos2a +cosa  2c0s°a +Cosa  Cosa(2cosa +1)

=tano .

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.

4 - 1 . T r ’ , L) ’ A A
Caul: Chobict Sina = 3 va 2 <a < m.Xét tinh ding sai cua cac ménh dé sau:
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. 42 7 72
2\/5 S|n205:—i cos2a =— c0t205:i
a) cosa = 5 b) 9 o 9 d) 8

Loi giai

, 4 .
a) bung: E<a<7[ nén cosa < 0.

22

] 1
Ta co: COSZa=1—Sln2a=l—§=§:>COSa=—

2\/5]:_4\/5

b) Sai: sin2a =2sinacosa = 2~£ —
3 3 9

: . 1 7
c) bung: cos2a =1-2sin“a=1-2| - | =—
3 9
d) Sai: tan2a = sin2a :—4ﬁ300t2a: 1 :—7‘/E
Cos2a 7 tan 2« 8

- £ 1 . 37 £ ot , s N A
Cho biét cos2a =—— va 7 <a <— . Xét tinh ding sai cia cac ménh dé sau:

Cau 2:
sina:@ cosS :ﬁ cotoc:E
a) sina <0,cosa <0 b) c) 4 d) 5
Loi giai

, . ST 4
a) bang: Vi 7r<a<? nén Sina <0,cosa < 0.

S

b) Sai: Ta c6: €0S2c :—l:>1—23in2a :—1:>sin2a == =sinag=- :
4 4 8 4

¢) Sai: cosa = —/1-sin*a =— /1—% :-?;

sina 15 1 E

d) bung: tang =——=——=cCota =—— =
3 tana 5

o 3 3
Cau3: Chobiétsina = g,% < a < m.Xét tinh dung sai ciia cac ménh dé sau:
483

Cosaz_ﬂ tana=§ tan(a+—j=

a) cosa <0 b) c)

Loi giai

a) Dung: Vi %<a<7z:>003a<0.
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Cau 5:

- 4
b) Pung: Ta cé: cosa = —/1-sin“a = T

in
¢) Sai: tana = sha _ —E.
CoSo 4

tan o + tan
¢ 3 tana+43

1—tanatan% 1-y3tana

d) Sai: Ta co: tan[a + E)

3
‘Tﬁ _ —3+443 48-253

1_*@(_2)_ 4433 11

Suy ra: tan (a + %] =

- K - 1 T S 4 [ r A A
Cho biét sina = 32 < a < 2r . Xét tinh dung sai ciia cac ménh d¢ sau:

V4 5—-4/3
cos(z:i tanoz=—E COS[E—(ZJ=2—8/_
a) cosa >0 b) 13 c) 5 d)
Loi giai
a) DBlang: Ta co: cos(%—a] 4 cos%cow +sin%sina
=1COSa+£- G =ECOSG—@. Do 3—7[<a<27z:>COSa>O.
2 2 13) 2 13 2
b) Ping: Ta c6 cosa = v/1-sin’ « :%.
c¢) bung: tarloz:m:—E
cosa 5
d) Sai: Cos(z—a]=l-£— 63 = 5-12y3 .
3 2 13 13 26
Cho biét sin x :% va 0 <X <%. Xét tinh dung sai ctia cac ménh dé sau:
6-3
cosx:@ tanx=£ COS()H%}:\/_T'
a) cosx >0 b) 3 c) 3 d)
Loi giai

a) bung: Vi 0<x<% nén cosx >0.

b) Pung: Ta c6: sinx=%:>cosx=x/1—sin2x = /1—% =§.
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¢) Sai: tanx:mzﬁ
cosax 2

d) Sai: cos[x+—):cosxcos——smxsm—:—-———-—:—.
3 3 3 3 2 3 2 6

Iv4 1 3 37[ L4 oo ; L) ’ A A
Cho biét cosx = 3 va T <X< > Xét tinh dang sai cua cac ménh dé sau:

sin(z— xj = —5_12\/5
d \3

sinx——i cotx—i
B 12 26

a) sinx >0 b) 13 c)
Loi giai

s 3z . .
a)Sa1:V17z<x<7nenS|nx<0.

2
b) Dung: Ta c6: COSX=—%:>sinx=_J1_COSZX=_ 1_( 12) __3

13) 13’
c) Sai: CotX:C(_)ﬁ:E
sinx 5
d) Ping: sin| £ —x —sin® cosx - cosZsiny - Y3[ 12)_1(_5)_5-12V3
3 3 3 2 13) 2\ 13 26

Cho biét tanx =+/2 va 0< x<90°. Xét tinh dung sai cua cdc ménh dé sau:

5 &

COSX = — sinx=— _
a) cosx >0 b) 3 c) 3 d) cos(x-30°)= ﬂ

Loi giai

a) Pung: Vi 0<x<90 nén cosx > 0.

1
b) Piing: Ta co: :1+tan2x:1+2:3:coszx:—:>cosx:—3.

cos® X 3
c¢) bung: Mat khéc: tanx=ﬂ:>sinx=tan XCOSX=—6.
COS X 3
d) Sai: cos(x—30") =cosxcos30" +sin xsin3o°§-§+§é=3+6\/g

Biét sina = 17 tanb = % va a, b 1a cac goc nhon. Xét tinh ding sai cia cac ménh dé sau:
8 sin(a—b):ﬁ cos(a+b):E tan(a+b)=£.
a) tana=— b) 221 c) 224 14
15
Loi giai

a) bung: Vi a,b 1a cac goc nhon nén cosa > 0,cosb >0.
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Ta co: cosa=\/lsTa—§:>t _sina _ 8

~ cosa 15

b) Bang: cosb = /#:E:smb cosbtanb=— >
1+tan’b 13 13

Khi dé: sin(a—b):sinacosb—cosasinb—E-E—E-E 2l
17 13 17 13 221

c) Sai: cos(a+b)=cosacosh—sinasinb = 11z 8 5 140

17 13 17 13 221

8 5
tana+tanb 15 12 _1n

1—-tanatanb 1- 8 5 140

15 12

d) Sai: tan(a+b)=

Cau9: BiétO0<a,b < > ,a+b= Z va tanatanb =3—24/2. Xét tinh dung sai cua cac ménh dé sau:

a) tana+tanb =—2+2/2. b) tana=—1++/2
¢) tanb=-1-+2 d) tana—tanb =-2-22.
Loi giai
tana +tanb

a) bung: tan(a+b)= = tana+tanb =tan(a+b)(1-tanatanb) ma a+b=%

1-tanatanb
va tanatanb:3—2\/§:>tana+tanb:tan%[l—(B—Z\/?)]:—2+2\/§.
b) bung: bat S =tana+tanb;P =tanatanb.

Khi d6 tana,tanb la nghiém ctia phuong trinh
X?-SX +P=0< xz—(zﬁ—z)x +3-2J2=0< X =-1++/2.

Suy ra tana=tanb=-1++2.

¢) Sai: tanb = ~1++/2

d) Sai: tana—tanb=0

Céu 10: Cho sina =§ % <a <. Xét tinh dang sai ciia cic ménh dé sau:
J5 tana = —&
a) CoSq = —— b) 5
3
cos( aj ¥5-243 2\/5 COS(z_aj:—\/E—Z\/E
Loi giai

16 | Ths. Lé Viét - THPT Thang Long, Ha Noi — Phone (zalo): 0835.221183 - On thi cam két diém sé



Trung tam BDVH Unix Thing Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw van huwéng nghiép cho hoc sinh bing phin tich nhan twéng hoc — xem chi tay — tir vi

NG

. 2 _ ?
a)Pang: sina ==, % <a <. Taco: coszazl—smza:l—(—j “2 o cosg =22
32 3 9 3

5
Vi %<a<7r nén C0305=—£
in 2
b) PBung: tanozz—S @ :——\/g.
COSa 5

. V4 V4 LT . 1
¢) Sai: cOS| —+ a |=C0S—COSa —SIn—SINa = —
3 3 3 2

(5] V32 —5-23
3

: T /4 LT
d) Sai: cOS| ——a |=C0S—COS +SIin—Sina = —
4 4 4 2 6

2‘(— 5} 2 2_10+22
3 .

A . , ~ T \ e or , s Y
Cau 11: Cho goc a théa man > <a <0 va cota =-3. Xét tinh ding sai ctua cac phat bi€u sau:

J10

a) sina >0 b) sina=———
10

cosa —sina 10
cos’a +3sina + 2cosa 21

2 2
d) {tanﬂT”Han(%[—aﬂ +{cotBTﬂ+cot(77r—a)} =20

Loi giai

a) Sai: Do %<a<0 nén sina <0.

. Y10 - .
b) bung: sina =———.Do — < a <0 nén sina <0
10 2
. 1 V10
Tur hé thirc 1+ cot’ @ = — >—,suyra Sing =— T =— )
Sin“a l+cota 10
. Ccosa —Sina 10
c¢) bung: 3 — =—
cos’a +3sin“a + 2cosa 21
2 cosa —Sina
Xét bieu thuec P =— —
cos’a +3sin° a + 2coSsa
coSsa 1 ( , ) ( , )
N . wind o w2 cota(l+cot“a)—(1+cot”
Chia ca tir vi mau cho sin’a ta dugcP =31« S & _ - -
cos’a cosa  cot a+3+200ta(1+cot a)
— +3+2— 3
sin« sin“«
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Cau 12:

Ciu 13:

Thay cota =—3 vao P ta dugc P = g_ .

2 2
d) bung : [tanﬂTﬂ+tan(77ﬂ—aﬂ +{COtBTﬂ+COt(77r—a)} =20

Ta co tanﬂ—ﬂ:tan z+47r :tanzzl va tan 7—”—0{ =cota.
4 4 4 2

Va cotBTﬂ_cot(4+37rj cotgzl; cot(7z —a)=—cota

2 2
Suy ra {tanﬂTﬁ +tan (77” — aﬂ + [cotlgT” +cot(7x —a)}

=(1+ cotx)2 +(l—cotx)2 =2+2cot’x=2+2.(-3)*=20.
3 . . 3 y , S, R
Cho Cosazz; sina>0; SInb:g; cosb < 0. Xét tinh dung — sai cua cac phat biéu sau:
J7

2
a) Gia tri ciia tana = 3 b) Gia tri ciia cotb = 3

1
¢) Gia tri cia cos2a+ cos2b thudc khoang (E ;1) .

1 1
d) Gia tri cua cos(a+b) thudc khoang (_E —gj .
Loi gidi

a)Pung : Taco tan’a+1=

= fana = \/ ! 1= \/——1—\/_

cos’a cos’a

7

3
! :>cotb_—\/ ! -1= \/——1_—ﬁ
sin’b sina 3

¢) Sai :Ta c6 cosZa+cost:ZCosza—1+1—23in2b=2.2—2 S_8 ——=0,405¢ 1 |
16 25 200 2’

b) Sai: Ta cé cot’b+1=

3 . 3
sinb=— .
d) Sai : cosa= 4 = sina = +/1—cos? a—\/_ e 5 = cosb =—/1-sin’b =——

sina>0 4 cosb<0

Suy ra cos(a+b)=cosacosb - sinasinb=> [ -4y 3__3[, VT gl—=i—=
4 5 4 5 5) 4 2 3

Xét tinh ding sai cia cac ménh de sau:

., 1+sin2x
a) Sin“X=———

b) Néu cosa =% thi cos2a = —g
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W7

¢) Néu sinx:§ véi X € 0;Z thi sin2x =——
4 2 8

d) Cho COSazg véi ae(—%;O] biét tan[m%j:amﬁ. (a,b,ceZ, ¢>0) Khido
a+b+c=0.

Loi giai
1-cos2x

a) Sai: sin®x =
2

2
b) Pling: cos2a =2c0s’a —1= 2(%} !

, o - 3y 7
c) bung : Taco cos” x=1-sin“x=1- 2 =—.

=4
~lw

w
oo
N

7 . :
Vi XG[O;gj nén cosx>0:>cosx:§ suy ra Sin2X = 2siN X.COSX = 2-

EE SIS S
COS™

d) Pung: Ta c6 tan’a =

Vi ae(—%;Oj nén tana < 0= tana = ——

. tana + tan > £+1
tan(a+—j: 401 A 2 —_9+45

1—tana'tan% 1_(_*6}1

Vay a=-9, b=4, ¢ =5 nén ménh dé dung.

Ciu 14: Xét tinh ding sai cta cac phat biéu sau:
a) sin(a+b)=sinacosb+cosasinb.

b) sin31°.cos12° + c0s12°%sin31° =sin19°.

¢) Cho cosx=f, Xe —Z;O . Gid tri cua sin2x la —ﬁ.
5 2 25

d) Cho Sina=% va %<a<7z.Biét gia tri cua Cos(a—%le_Z\/g voi a,beN thi

a+b=4.
Loi giai
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a) Pung: Theo cong thic cong sin(a+b)=sinacosb+cosasinb

b) Sai: Ap dung cong thirc cong: sin31°.cos12° +cos12°sin31° =sin(31° +12°) = sin 43°

¢)Pung : Ta ¢6 sinzx:l—coszx:l—E=i :>sinx=—§.
25 25 5

Mat khac, vi XE(—%;Oj:sinx<O.

Vay sin2x=25inx.cosx=2.ﬂ. 3 :—ﬁ.
505 25
d) Vi sina:% %<0{<7rnen cosw——i
Do do cos| o — = =c0305.cos£+sinoc.sin£:—i.£ }3:1_2\/6.
6 6 6 3 2 32 6
voi a=2,b=6.Tinh a+b=8.Nén a+b=41asai.
Cau 15: Xét tinh dung sai ciia cac ding thirc sau:
a) sin(x—zjzﬁsinx+1cosx.
6 2 2
b) 4sin x.sin2x.sin3x =sin4x +sin2x —sin6x .
¢) 1+5in2x +cos2x = 24/2sin x.cos(x—%}.
d) sin®x + 2sin(a—x).sinx.cosa +sin’(a—x)=cos’a.
Loi giai
V3

. A A . V4 . V4 . T . 1
a) Sai: Theo cong thirc cdng ta c6 sin X_E :SInX.COSE—COSX.SIng:7S|nX—ECOSX.

b) Bng: Ap dung quy tic tir tich sang téng, ta duogc:
4sin x.sin 2x.sin3x = 2(cos x —€0s3x)sin3x =sin4x +sin 2x —sin6x..

Do d@6 4sin x.sin2X.sin3X =sin4x +Sin2x —sin6x

¢) Sai: Ta c6 1+5Sin2X + C0S2X = 2SiN XCOS X 4 2€0S” X = 2C0S X(Sin X + COS X) .
. 1
Ma SinX +COS X = /2| cosXx——= +sinx fcos(x——j
( 2 fj 4

d) Ta c6: sin® x + 2sin(a— x).sin x.cosa +sin’(a - x)
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=sin’x+sin(a- x).[sin(x+ a)+sin(x— a)] +sin’(a - x)
=sin*x+sin(a - x).[sin(x +a)+sin(x—a)+sin(a- x):|
=sin’x +sin(a - x).[sin(x+ a)+sin(x—a)—sin(x - a)]
1-cos2x cos2a—cos2x _1l-cos2a _ . ,

:sin2x+sin(a—x).sin(x+a)= 5 5 > =sin‘a.

PHAN Ill. Cau tric nghiém tra 1&i ngan
Caul: Tinh gia tri cta biéu thirx M =cos*15° —sin®15° + cos®15° —sin®15°.
Loi gidi
Ap dung cong thirc nhan d6i cos”a—sin®a=cos2a.
Taco M = (cos415° —sin415°)+ (cos2 15° —sin215°) .
- (0052150 —sin?15° )(c03215° + sin215°)+ (c05215° < sin215°) .
- (c05215° —sin215°)+ (cos2 15° — sin215°) — c0s30° +c0s30° = /3.
Cau2: Tinh gié tri cua biéu thirc M =cos®15° —sin®15°.
Loi giai

Tacod: cos® o —sin®a = (cos2 a —sin? ()c)(cos4 a +cos? a.sin’ o +sin® a)

— COS 205.[(cos2 a +sin? a)2 —cos? a..sin’ a:| — COS 20{.(1— %sin2 205].

Vay M = cos30°. 1-Lsin?30° :ﬁ. -1l =%z0,81
4 2 4 4 32
Cau3: Gia tri cita biéu thirc cos—-cos +sin——sin~ 1a
30 5 30 5
Loi giai
Ta cod cosﬁcos£+sin£sin£:cos r_z = C0S Z :£z0,87
30 5 30 5 30 5 6 2
. 5r T . T 57
Sin - c0S~— —Sin -~ oS ——
Cau4: Gi4 tri cia biéu thirc P = 9 9 18 3
T T /A
COS = COS—— —Sin—sin—
4 12 4 12
Loi giai

) sina.cosb —cosa.sinb =sin(a—b)
Ap dung cong thic ) ) .
cosa.cosh—sina.sinb = cos(a+b)
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S5z Y4 Sz & .1
Khi d6 sm—cos——sm cos—_sm ——— |=SIN—=—.
18 9 9 18 18 9 6 2

=1

. T T . T . T T T r 1 11
Va cos—Ccos— —SIn—sSin— =Cc0S| —+— |=C0S— = —. Vay P=—:—
4 12 4 12 4 12 3 2 2 2

tan 225° — cot81°.cot 69°
cot 261° + tan 201°

Loi giai

Cau 5:  Gia tri dung cua biéu thirc

tan225° — cot81%.cot69°  tan (1800 +45° ) — tan9°.cot 69°
cot261° + tan201°  cot (1800 + 81°)+ tan (1800 + 21°) '

Taco:

_1-tan9".tan21’ 1 1
tan9” +tan21’  tan(9°+21°) tan30°

Ciau 6:  Gia tri cia biéu thirc M —Sln—S|n5—SIn7—S|n1£ bang
24 24 24 24

Loi giai

1 Y/ 11z
Ta cd SiIn— =C0S— va Sin— = COS—
24 24 24 24

Do do M _sm—sm5—7[0055—7[cos—:l. 2.sin£.cos£ : 2.sin5—7[.cos5—”
24 24 24 24 4 24 24 24 24

1 . ~ . 5x 1 l or T 1 1 1
=—.S5INn—.SIn— = coOS— +Cc0s— |=—.| 0+—= |=—~ 0,06
4 12 12 4 2 3 2) 16

Cau7: Giatricua biéu thirc A= sm— COS— COS— COS— COS— la
48 48 24 12 6

Loi giai
Ap dung cong thuc sin2a = 2.sina.cosa, ta cé

. T s b b r 1 . « T s s
A = sin—.c0S—.C0S—.C0S—.CO0S— = —.SIn —.C0S—.C0S —.COS —
48 24 12 6 2 24 24 12 6

:l.sinl.cosl.cosz=1.sin£.cos£=i smzz£ 0,05
4 12 12 6 8 6 6 16 3 32
Cau 8: Tinh gié tri cua biéu thirc M = COSZT + COS477[ + 005677[
Loi giai
a+b a-b

Ap dung cong thuc sina—sinb = 2. cosT smT
Ta co 23in£.M :2.cos2—7z.s,in£+2.cos4—7z.sin£+2.c056—”.sinz
7 7 7 7 7 7

3z Y4 3z 1 Y/ LT . . T
—sm——sm—+S|n——S|n—+5|n——S|n— =-=SIN—+SIN7z =-—SIn—.
7 7 7 7 7 7 7
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. 1
Vay gia tri biéu thic M = —3

Cau9: Cho goc o thoa man %<a<7r va sina:g. Tinh P =sin2(a + 7).

Loi giai

Taco P=sin2(a+7z)=sin(2a +27)=sin2a = 2sinacosa.

. : 3

Tir hé thie sin® o +cos?a =1, suy ra Cosa = +y/1-sin’a :ig'
V4 R 3
Do E<a<7r nén ta chon COSa=—g.

Thay Sinac=ﬂ va COSO{=—§ vao P, ta duoc P:Z.E. 3 =—ﬁz—0,96.
5 5 50U 5 25

1+sin2a +cos2a

Cau 10: Cho goc a théa man 0<0{<% va sinazg. Tinh P =

Sina +Ccosa
Loi giai
. 2sinacosa +2cos’ . 2cosa(sina +cosa)
Taco P= - = - =2C0Sx .
sina + cosa sina + cosa

. ; 5

Tir hé thirc sin® @ +c0s’ @ =1, suy ra Cosa = +y/1-sin’a = i%.
T 5 24/5

Do 0<0{<E nén ta chon COSa=£——>P=T\/_z1,49

. 3 3 )
Cau 11: Biét Sln(ﬂ—a)z—g va 7r<a<?7[.Tinh P:SIn(a+%j.
Loi giai
, 3 . )
Ta co —g=sm(7r—a):sma.
. : 4
Tir hé thie sin® o +cos”a =1, suy ra cosa = +y/1-sin’« =ig.

3t . 4
Do 7r<a<? nén ta chon COSa:—g.

~-0,92

5

2

5

Suy ra P=Sin(a+£j=£5ina+lc03a=£( 3) l( 4j=ﬂ
6 2 2 2 10

Céau 12: Cho géc a théa man Ssina :g. Tinh P :Sin((x +%jsin(0[ —%j
Loi gidi

Ap dung cong thie sina.sinb = %[cos(a ~b)-cos(a+b)], ta duge
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Cau 13:

Cau 14:

] T . T 1 T
P=sin|la+— |sin| ¢ —— |=—| COS— —COS2¢ |.
6 6 2 3

2
Tacod cos2a =1-2sina =1— 2[§j = l
5 25

Thay vao P, ta dugc le l—l :£z0,11
212 25) 100

. 4
Cho géc a théa man Sina = 3 Tinh P =cos4a.

Loi giai
2
Ta c6 cos2a =1-2sin’«a =1—2.(ﬂj L
5 25
Suy ra P =cos4a =205 2a —1= 2.£—1= 27 -0,8
625 625

. 4 3 .
Cho goc a théa man S|n2a:—g va Tﬂ<a<7r.Tinh P=sina—cos« .

Loi giai
3 sina >0 )
Vi —<a <7 suyra nén Sin —cosa >0.
4 cosa <0
. 2 . 4 9 . 3
Taco (sina—cosa) =1-sin2a =1+—==.Suyra sina —COSa =+—.
5 5 J5
. N 3 . 3
Do sina—cosa >0 nén Sina —coSax =—=. Vay P=—~=134
J5 J5

HET
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