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Dang 2: Giai cac phuong trinh lugng gidc mad réng
Phuwong phap: Can cha y mot sb diéu dic biét sau day
e Bién d6i vé mét trong cac cong thirc sau:

e SinU =sinv e COSU =COSV « tanu =tanv « cotu =cotv

e Chu ¥y cac cong thirc bién ddi luong giac:
« —sin x =sin(—x)

. T . T
. sinx=cos| = —x . COSX =sin| =—x
(2 j [2 j

* —COSX = COS(7 — X)

BAI TAP TU LUAN

Bai tap 1: Giai cac phuong trinh lugng giac sau:

a) 2c0s3x+1=0 b) 2sin®x+sinx—3=0 ¢) C0s2x+5sinx—-3=0
d) 4sin® x +€0s2x —5sinx+1=0 e) COS2x—sin2x =1 f) Sin4x+cos5x =0
Loi giai
1 3x—2—”+k27r =2—7T+k2—7Z
a) Giai phuong trinh: 2c0s3X+1=0< c0s3X=—= & = J 3 ,keZ
2 2r 2r  k2x
X=——+k27 X=——+—
9 3
sinx=1
b) Tacod 2sin®x+sinx—3=0<| . 3.
sinx=——
2
, e - T
Vi 5|nx:1<:>x:5+k7r,keZ.
.. 3 . . i n
Vo1 sinx = > = phuong trinh v6 nghiém.
sinx—1
¢) COS2X+5siNXx—3=0<>1-2sin*x+5sinx-3=0< -2sin°x+5sinx—2=0 < 2
sinx =2

Véi sinx =2, phuong trinh vo nghiém.

T
1 X=—+k27z
Véi sinx == < sinx =sin— < (keZ).
2 6 57
X=—+k27
x=2 +k2z
Vay phuong trinh da cho c6 nghiém 56 (keZz).
x="2 1 k2x
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d) Ta c6 4sin® X +cos2x —5sinx+1=0 < 4sin® x+1—2sin* X —-5sinx+1=0

1 =2 k2
., _ sinx==(TM) o 1 X=otKenm
& 2sin° Xx-5sinx+2=0< 2 Véi sinx == < (keZ).
. 2 Y4
sinx=2(L) x=?+k27z
e) Tacod cos2x—sin2x=1< ﬁcos(2x+%J:1
1 X=krx
T
& C0S| 2X+— |=—F—= & keZ
[ 4) J2 X=—%+k7r
f) sin4x+ cos5Xx =0 <> cosb5x = —Sin4X <> cos5x = cos(%+4xj
5x =2 4 4x+k2x x=2+k2r
= 2 2= 2 o
5x =2 —4x+k2rx X=—t ot
2 18 9
Bai tap 2: Giai cac phuong trinh lugng giac sau:
a) cosx.sin[Zx—%):O b) sin(n—x)—cos(%—ZX}:O
9) cos[4x—%}+sin2x:coszx d) cotx+sin x(1+tan x.tan gj:4
Loi giai
cosx=0 x=Zikr | x=Z+kz
a) Ta co: cos x.sin ox—-Z =0 . T = 2 = 2 keZ.
3 sin| 2x——|=0 Vs 7 kx
2X——:k7l' X:€+7

Viy tap nghiém cua phuong trinh da cho la: S = {% +kr; % + I%, ke Z}.

2Xx=x+k2rx

b) sin(z—x)—cos Z _2x |=0 < sinx—sin2x=0 <> sin2x=sinX <
2 2X=mw—X+k2x

X=Kk2rx
X=—+—"
3 3

T . T .
¢) cos(4x—€ +sin®x=cos* X < cos(4x—€j =c0s® X —sin’ x
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4x—£:2x+k27r x:£+k7z
<:>cos(4x—%j=c052xc> 6 = 12 (keZ)
4x—£:—2x+k27z x=£+kZ
6 36 3
sinx=0 )
« sin2x#0
d)Pidukién: 1c0s- 20 =4 x oxz—, (keZ)
2 cos—=0 2
cosx=0 2

Ta c6: cot x+sin x(1+tan X.tan gj =4

. X X . . X
. sin — COS X.COS — +Sin X.sin —
COSX . sin X COSX .
< ——+SsIinX| 1+ ——. i =4 & ——+5sInX 2 X 2 =4
sin X COSX oo X sin X cos x.cos X
2
COS| X—— )
COSX . 2 COSX SInXx .
< ——+8InX — =4 —+——=4 = 4sinxcosx =1
sin x oS X.COS > sinX C€oSX
2
T
1 X_E+kﬂ
o sin2x== < . (keZ) (thoa man diéu kién)
2 57
X=—+kr
12

Vay nghiém cua phuong trinh la X = %+ kz;x= :SL—Z+ kz (keZ)

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Cau 1: Ho nghiém cua phuong trinh sinx = Sin% la

X=£+k7r X=£+k27r X=Z+k27r X=£+k7r
Al P klezB.| ° klez.c.| ° Klezp.| ° KleZ

A - 47 s T

X=—+Irx X=—+I127 X=——+I127 X=——+Irx
5 5
Loi giai
; , ) , . ] . X=a+k2rx
Ap dung cong thirc nghi€ém cua phuong trinh SinX =sina < kleZ.
X=r—-a+|2x
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X=£+k27r

Tacod sinx:sin£<:> 5 kleZ.
5 47
X=—+I27
5

Téap nghiém ctia phuong trinh sin x =sin ?7[ la

A. S :{5?”+k27r;_2Tﬂ+ k27z;keZ} B. S :{5?7[+k27r;%[+k27r;k EZ}-

C.S:{S?ﬂ+k2ﬂ;_5Tﬂ+k2ﬂ;keZ}. D. S {%HUT;_ZT?TH(?EKEZ}-

Loi gidi
5 X=%T+k27z X=5—7[+k27r
Ap dung cong thite nghiém: sinx = sin = < & (keZ).
3 T
X:ﬁ—?+k27z X=——+Kk2r

Phuong trinh 2sinx — J3=0c6 tap nghié¢m la:

A. {i%+k2ﬂ',k€Z}. B. {i%+k2ﬂ',k€Z}.

C 7 ko 2% skonk ezl D Z k2w 2E ko kel
6 6 =13 3

Loi giai

X:£+k27z

25inx—\/§:0<:>sinx:£<:> 3 (keZ).
2 27
X:?‘i‘kZﬂ'

Vay tap nghiém cua phuong trinh 1a: S = {% + k27r,2?ﬂ +k27,k € Z}

Téng céc nghiém ciia phuong trinh 2sin (x +40°) = v/3 trén khoang (~180°;180°) 1a
A. 20°. B. 100°. C. 80°. D. 120°.
Loi gidi

B3

Ta c6: 2sin(x+40°) =3 < sin(x+40°) =

eZ)

X +40° = 60° + k360° X = 20°+ k360°
o (keZ) = (
X +40° =120° + k360° X =80° + k360°

Theo dé bai:

—180°<20°+k360°<180°<:>—g<k<g:>k:0:>x:20°.
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Cau 5:

Cau 6:

Cau 7:

—180°<80°+k360°<180°<:>—£<k<%:k:0:>X:80°.

Vay téng cac nghiém ciia phuong trinh 13 20°+80° =100° .

Tim téng cac nghiém ciia phuong trinh cos (SX —~ %j = COS(ZX —~ %) trén [0;7].

A A7 B2 c. Bz p. %
- 18 18 18 18
Loi giai
Ta co:
5x— L =2x-Z +k2z x:—£+k2—7r
cos 5x—z =CO0S 2x—z = 6 3 keZ & 18 3 keZ
6 3 T T T k2rx
SX——=-2Xx+—+Kk2x X=—+—
6 3 14 7
Vi Xe[O;;z] nén ta co :
voi x=-Z K27 g K270l k< dokeZok=1nen x= .
3 18 3 12 12 18
vei x=Z 4 K27 o Ko Bt kezZ = ke {0:12:3) nén
7 14 4 4
|7 57,97 13
14'14°14" 14 |

XA ., A w1z 7 Sz 97 137 4Aix
Tong tat ca cac nghiém la: —+ —+ —+ —+—=——-.
18 14 14 14 14 18

. in
S6 nghiém phuong trinh sin 3 =0 thudc doan [27r;47r] la
cosx+1
A. 7. B. 6. C. 4. D. 5.

Loi giai
Piéu kién: cosx+1=0< x = 7+k2r7.

sin3x
cosX+1

Ta co

=0=sin3x=0< x:k?ﬂ(k eZ).

So v6i diéu kién nghiém cua phuong trinh 13 X = k?” voi kKeZ, k # 3(2| +1)

Vi 2n<x<4nr < 2r < k?ﬁ <4r < 6<k<12 néntachon k € {6,7,8,10,11,12} .
S6 nghiém thudc khoang (0;27) clia phuong trinh sin [X + %] +sin2x=0 1a

Al B.2. C. 3. D. 4.
Loi giai
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Cau 8:

Cau 9:

sin x+%)+sin2x:0<:>sin[x+%j :—sin2x<:>sin(x+%J =sin(—2x)

X+ 2 =-2x+k2zx x:—£+k2—7Z
= S g 3
X+ 2=z +2x+k2r x=-2_k2r
L 3 3
Céac nghiém thudc khoang (O;27r) cua phuong trinh la: —%4—%;—%4—2.%;—%4—2%;
2r St 11z 1in 4rx
——+27 hay —; —; —; —.
3 9 9 9 3

Vay ¢6 4 nghiém thoa yéu cau bai toan.
Téap nghiém cta phuong trinh sin (7rX) = COS(% + 7Z'X) la:
T 1 T 1
A.—+kr,keZ;. B.<—+kkeZ;. C.{i—+krkeZ;. D.i=+kr,keZ;.
12 12 2 2
Loi giai
Ta co:sin(zx) = cos(% + 7Z'Xj & sin(zx) = sin(% — % - zxj < sin(zx) = sin(% — ;zxj
TX = z_ X+ k2r

= <:>X=i+k,keZ.
7[X=7Z—%+7zx+k27r (VL)

Cho phuong trinh sin (ZX = %) =sin (x + 377[) Tinh tong cac nghiém thudc khoang(0;7) clia

phuong trinh trén.

AT B. 7. c. pD. =~
2 - 2 4
Loi giai
T 3z
3 2X——=X+—+k27 X=r+k2x
Ta cé: sin| 2x—2= | =sin| x+ = | < 4 4 = r 2r (keZ).
4 4 V4 3 X==—+k—
2X—Z:7Z'—X—7+k2ﬂ' 6 3

Xét x=r+k2r (keZ).

Do 0<X<7z<:>0<7r+k27r<7r<:>—%<k<0.Vi k € Z nén khong co gia tri k.

Xét x=Z+k2Z (keZ).
6 3
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Do 0<X<7Z'<:>O<%+k2?ﬂ-<ﬂ'<:>—%<k<%.\/i K eZ néncohai gia tri k la: k=0;k =1

Véi k=0= x=". Véi k=1= x="Z.
6 6
A . . ~ 1 o T o

Do @6 trén khoang (0; 7r) phuong trinh da cho c6 hai nghiém X = 5 va X = e

Al LA , A . . \ . T 5«
Vay tong cac nghiém cua phuong trinh da cho trong khoang (0; 7r) la: 5 + ry =7.

Cau 10: Tim sé nghiém ciia phuong trinh sin (COS 2X) =0 trén [O; 272].

A. 2. B. 1. C. 4. D. 3.

Loi giai

Ta c6 sin(cos2x) =0« cos2x =kz (k e Z)
Vi cos2x e[-L1]= kzO:COSZXzO@ZX:%+k1ﬁc> x:%+kl% (k e7Z).
Xe [0;27:] =k, € {0;1; 2;3}. Vay phuong trinh c6 4 nghiém trén [O;27z].

Cau 11: Phuong trinh sin(ZX - %j 3 sin(x + STEJ c6 tong cac nghiém thudc khoang (O; 7[) bang

A Z B. 7. ¢ D. =,
2 - 2 4
Loi giai
Vs 3
2X——=X+—+Kk2r7 X=m+K2r
L p/s . 3z 4 4
Tacé sin| 2x—= |=sin| x+— | & = r 2z (kleZ).
4 4 T X==—+1—
2X—Z=Z—X+|27r 6 3

Ho nghiém X =7+ k27 khong c6 nghiém nao thudc khoang (0; 7[)

x:£+I2—7[e(O;7z):>O<£+I2—7Z<7z<:>Ie{O;l}.
6 3 6 3

Vay phuong trinh c6 hai nghiém thudc khoang (0; 7[) la x= % va X = 5{ Tir d6 suy ra tong

cac nghiém thudc khoang (0; 7z) ctia phuong trinh nay bang 7.

Cau 12: Phuong trinh sin5x —sinx =0 ¢6 bao nhiéu nghiém thudc doan [-20187;20187]?
A. 20179. B. 20181. C. 16144. D. 16145.

Loi giai
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x=kZ
. . i ) 5x=x+k2r
Ta c6: sin5x—sinx=0 < sin5x=sinx < PN ¢
5x=m—Xx+k2r A x
X=—+k—
6 3
x=kZ (kez)
2
Y4
= kbg+mﬂ (meZ).
X= z +nr (n € Z)
L 6
T
—QMBHSKESZMBH 4036 < k < 4036
Vi x €[-20187;20187] nén < —20187 < ‘%ﬁ +mr <20187 < —12213 <m< 12203 .
20187 < % +nz <20187 —12209 <n< 12é07

Do d6 c6 8073 gia tri k, 4036 gia tri m, 4036 gia tri N, suy ra s6 nghiém can tim la 16145.
nghiém.

Céu 13: Tim tong cac nghiém cta phuong trinh cos (SX — %j = COS(ZX — %) trén [0;7].

AT B. 2% c. 1 D. Z.
- 18 18 18 18
Loi giai
Ta co:
5x— L =2x-Z yk2z x:—1+k2—7Z
cos 5x—£ = C0S 2x—z = 6 3 keZ 18 3 keZ
6 3 V4 T T k2rx
5x - = =-2x+—+k2x X=—+—
6 3 14 7
Vi xe[0;7] néntaco :
Véi x=-Z 4 X7 o 2 KT 01 k<l o keZmk=1nen x=1E.
18 3 18 3 12 12 18
Véi x= 2+ X o m Ko k<t o keZ = ke {0::23) nén
14 7 14 7 4 4
7 57 97 137 STy o 1l w7 Sm 97 137 A4irx
Xeqy—;—,—;—— . Tongtat ca cac nghiém la: — + —+ —+ —+ —=——.
14 14 14 14 18 14 14 14 14 18
Cau 14: Phuong trinh 8sin’ [gj cos® (gj —1=0 tuwong duong vé&i phuong trinh nao sau day?
A,ﬁnx:%?. B. cos2x=0. C.amx=%?. D.ﬁnx=—7§.

Loi giai
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2
Ta co: 8sin? (gjcosz [gj -1=0 2.(25in[§)cos[§j} —1=0<2sin’x-1=0

<1-2sin’x=0<c0s2x =0.

Cau 15: Tap nghiém ctua phuong trinh (1— J2cos X>(2022 +sin’ X) =0 Ia

A. {£+k7z;—£+k7z|keZ}. B. {£+k27z;—£+k27z|keZ}.
4 4 4 4
C. {£+k7z|keZ}. D. {—£+k7z|keZ}.
4 4
Loi giai
1-+2cosx=0
Ta co: (1—\/§cosx)(2022+sin2x):0 o V2 % o cosX =~
2022 +sinx =0 (VN) V2

<:>cosx:cos%<:>x:i%+k27r,kez.

NG

Vay tap nghiém ctia phuong trinh da cho la { +k2r; —% + k27r|k € Z} .

Cau 16: Giai phuong trinh sin (7r — X) - cos(% — ZXJ =0

A.s={k2n|kez}.§.s={k2n,f+k2—”|kez}.c.s={kn,f+kﬁ|kez}ns={f+k2—”|kez}
3 3 3 3 3 3
Loi giai

) T ] ) ) ] 2X=X+k2x
sm(;r—x)—cos —=2X =0 &sinxXx—-sin2x=0 < sin2x=sinX <
2 2X=m—X+k2rx

x=k2x
X=—=+—
3 3

Cau 17: Nghiém 4m 16n nhét ctia phuong trinh COS[4X - %j +sin® x = cos® x

Loi giai

T . T .
cos(4x —gj +sin®x =cos* x < cos(4x _Ej =c0s% X —sin’ X

4x—£:2x+k27r X=£+k7r

<:>cos(4x—%j:c052xc> 6 = 12 (keZz)
4x—£:—2x+k27z x:£+kZ
6 36 3

9 | Ths. Lé Viét — THPT Thing Long, Ha N6i — Phone (zalo): 0835.221183 - On thi cam két diém s6



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw vin hwéng nghiép cho hoc sinh bing phén tich nhian twéng hoc — xem chi tay — tir vi
Ta c6 mdi ho nghiém 1an luot co cac nghi¢m am lon nhét 1a:

V4 11z T T 11~
Xiz__ﬂ.:__!XZZ___:__
12 12 6 3 36
N A A . £, . . . 11
Vay nghi¢m am 16n nhat ciia phuong trinh 1a x = “3%6 .

Cau 18: S nghiém ciia phuong trinh tan3x —tanx =0 trén nira khoang [0; 27z) bang:

A. 1. B. 2. C.3. D. 4.
Loi giai
T krx
. cos3x=0 |*75 3
Diéu kién: { = (keZ) (%)
cosx =0
X#—+kr

Ta co: tan3x—tanx=0<:>tan3x:tanx<:>3x:x+k7r<:>x:%,mez.

Vi O£x<27r<:>0£k7ﬂ<27r<:>0£m<4.Mé meZ nén m={0;12;3}.

Khi d6 nghiém X nhén gi tri twong Gng trén nira khoang [0;7) la: x = {O;%; V& 3?7[}

Vay sb nghiém can tim 14 4.
A \ X . X
Cau 19: Gidi phuong trinh (ZCOSE —1)(5|n5 + 2) =0

A.Xzi%rJrkZ/z,(keZ)B. X=i%+k2ﬁ,(keZ)C. X=i%+k47r,(k eZ)Q. X=i2§+k47r,(keZ)

Loi giai
Vi—lssingsl,VXeR:sin§+2>0
Vay phuong trinh twrong duong 2003%—1:0<:>cos§:1©§:i5+k27z
@Xziz?ﬂ+k47r,(keZ)
Cau 20: Phuong trinh 8.c0S2X.5IN2X.C0S4X =—+/2 c6 nghiém la
x="C k2 x="+kZ x="1kZ x=" k=
Al 32 Ywezym| 1 8 kemye| & 8 (kez)yp| ¥ 4 (kep)
S5z T 37 Vid 3r V4 37 Ve
X=—+k— X=—+k—= X=—+k—= X=—+k—
32 4 16 8 8 8 32 4
Loi giai
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Ta co: 8.C08 2X.SiN2X.COS4X = —/2 <> 4.5iN4X.C084X = —/2 <> 2.5in8x = —/2

x=—2 +kZ
<:>sin8x:—£ o sin8x=sin| -2 | o 32 4(keZ).
2 4 _5% (%
32 4
x=—241kZ
Vay phuong trinh c¢6 nghiém 82 4 (keZ).
51 T
X=—+k=
32 4

Cau 21: Phuong trinh Sin[x+%j+cosx =0co tap nghiém dugc biéu dién boi bao nhiéu diém trén
duong tron lugng giac?
A. 1. B. 2. C. 4. D. 3.
Loi giai

Tacd: sin| X+ = |+cosx=0 < sin| Xx+—= |=sin| x—= | & X+—=7r—-X+—+k2rx
4 4 2 4 2

<:>2x:5—7r+k27z <:>x:5—7[+k7z.
4 8
Cung X = % + k7 biéu dién dugc hai diém trén dudng tron luong giac.

Cau 22: Giai phuong trinh sin(z - X) - cos(%— ZXJ =0
A.S={k2rlkeZ) B.S = k2r, 2+ X%k ezt C.s = fkr 2+ Xk ezlps = {2 K2k o g
3 3 3 3 3 3
Loi giai
Ta co: sin(n—x)—cos(%—ZXj:O < sinx—sin2x =0 < sin2x =sinx

Xx=k2x
_x, kex (keZ).

3

2X=X+Kk2rx
=
2X=7—-X+Kk2rx X

Cau 23: Nghiém 4m 16n nhét ctia phuong trinh COS(4X - %j +sin® x = cos® x

Loi giai

, T ) T .
Ta c6: cos(4x —E) +sin’Xx=c0s*X < cos(4x —gj =0s? X —sin’ X
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4x—£:2x+k27r x:£+k7z
<:>cos(4x—£j:0052x<:> 6 = 12 (keZ)
6 T T

4x—£:—2x+k27z X=—+k=
6 36

Ta c6 moi ho nghiém lan lugt c6 cac nghi¢m am 16n nhat la:

Vd 11z 7 7_ 1z

= — — :——,X R —
YT T T T3 3 3

. . 11
Vay nghiém am 16n nhat cua phuong trinh 1a X = "3 .

PHAN II. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.

Caul: Cho hai dothj hamsd y = sin(x + %) va y =sinx. Xét tinh dang sai ctia cac khang dinh sau:

a) Phuong trinh hoanh d6 giao diém cua hai d6 thi ham s: sin (X + %j =sinx

b) Hoanh d¢ giao diém cta hai d6 thi 1a x = %” +kz(k € Z)
¢) Khi x €[0;27] thi hai d6 thi ham s6 cat nhau tai ba diém

d) Khi x €[0;27] thi toa d6 giao diém cua hai d6 thi ham s6 la: (%;sin %”j,(%”;sin %’Tj :
Loi giai
a) Pung: Phuong trinh hoanh d¢ giao diém cta hai do thi ham so:
X+ 2 =x+k2x

b) Diing; sin(x+zj:sinx<:> 4 (keZ) e x=LF 1 kn(k )
4 P s 8
X+Z=7r—x+k27z

¢) Sai: Vi x€[0;27] = x e{%%}

Vi x:%:y:sin%zo,gz V6i x:%:y:sin%z-o,gz.

3 &.-&)
8 8 )

d) Pung: Vay toa do giao diém cua hai db thi ham s6 la: (?;sin %”M sin

Cau 2: Cho phuong trinh lugng giac 2sin (X - %j ++/3=0. Xét tinh dung sai ciia cac khing dinh sau:

a) Phuong trinh trong duong sin (X - %) =sin (%)
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Cau 3:

Tw van huwéng nghiép cho hoc sinh bing phin tich nhan twéng hoc — xem chi tay — tir vi

b) Phuong trinh c¢6 nghiém la: x = % +k27;x = Z—Z +k2z(k €Z).

¢) Phuong trinh c6 nghiém am 16n nhét bang —%

d) Sé nghiém cua phwong trinh trong khoang (—72'; 71') la hai nghiém

Léi giai
a) Sai: Ta c6: 2sin x— 2L ++/3=0<sin x— 2= :—ﬁasin x— 2 | =sin| =%
12 12 2 12 3
x— 2 =_Z xon x=-2 4+ k2x
o 123 keZ) o 174 (keZ)
x—Z =z (-Ey+k2n x="" k2r
12 3 12

b) Sai: Vay phuong trinh ¢6 nghiém la: x = —% +k27m;x = 117—27[ +k2z(k e Z).

¢) Blng: Phuong trinh ¢6 nghiém 4m 16n nhat bang —%

d) Pung: S6 nghiém cua phuong trinh trong khoang (—7[; 7r) 1a hai nghiém

Cho phuong trinh lugng giac J2 - 23in(45° - 2X) =0. Xét tinh dung sai cua cac khang dinh
sau:
a) Phuong trinh tuong duong véi sin(45° - 2x) =sin45°
b) D6 thi ham s6 y =+/2 — 2sin(45° ~ 2x) cit truc hoanh tai diém géc toa do
c¢) Phuong trinh c6 nghiém la: x =—k180° x = —-45°—-k180°(k € Z) .
d) Trén khoang (—%,%j phuong trinh da cho c6 mét nghi¢m
Loi giai

N

a), b) Ding: Ta c6: /2 —2sin(45 — 2x) =0 <> sin(45 - 2x) = - © sin(45" - 2x) =sin45

=1 . . = . .(keZ).
45 —2x=180"— 45 +k360 X = —45" — k180

{45 —2X =45 +k360 kez) [x — k180
c) Pling: Vay phuong trinh ¢6 nghiém la: x =-k180";x=-45 —k180 (k € Z).

d) Sai: Trén khoang (—%%j phuong trinh da cho c6 hai nghiém

PHAN IIl. Cau tric nghiém tra I&i ngan
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Cau l:

Cau 3:

Tw van huwéng nghiép cho hoc sinh bing phin tich nhan twéng hoc — xem chi tay — tir vi

Goi S 1a tap hop tat ca cac gia tri nguyén ciia tham s6 m dé phuong trinh COS(ZX — %j -m=2

c6 nghiém. Tinh tong T cua cac phan tir trong S.
Loi gidi

Phuong trinh cos(Zx —%) -m=2<& cos(Zx —%] =m+ 2.

Phuong trinh ¢6 nghiém < -1<m+2<1<-3<m<-1
—02 58 ={-3-2,-1}—>T =(-3)+(-2)+(-1)=-6.

C6 bao nhiéu s6 nguyén m dé phuong trinh 3COS(X + %j —m+5=0 c6 nghiém?
Loi giai

Ta coé: 3003(x+%j—m+5:0<:>cos(x+%):mT_S

. . 2 . m
biéu kién dé phuong trinh ¢6 nghi¢m: —-1< <1<2<m<38

Do m nguyénnén m ={2;3;4;5;6;7;8}. Vay c6 7 so nguyén m.
) nghiém cua phuong trinh cos2x+3cosx +1=0 trong khoang (0; 2021) 14 bao nhiéu?
Loi giai
Ta c6 cos2x+3cosx+1=0<«>2cos’ x+3cosx =0
cosx=0
—1<cos x<1

T
& 3———————>c0sx=0= x=—+kx
COSX=—— 2

XE(O;2021)2>0<%+k7Z’<2021@—%<k< 2021 1

K2 sk e {0:1;2;...642
- e )

Vay c6 643nghiém trong khoang (O; 2021) .

Tim sb gia tri nguyén duong ctia tham sé6 m dé phuong trinh cos2x —4sinXx+m=0 c6 nghiém

trén [O;E} .
2

bit sinx =t. Khi d6 voi X€|:0;%j|:>t e[0:1].

Loi giai

Yéu cau dé bai twong dwong v6i tim s6 nguyén duong m sao cho 1—2t> —4t+m=0 c6 nghiém
te [0;1].
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S6 nghiém cua phuong trinh 1—2t? —4t+m=0 chinh 1a s6 ¢ 1o 1

giao diém ctia y=m,y =2t% +4t -1
y'(t) +

Ta c6 bang bién thién cta y(t) voi te [O;l].

Tir d6 suy ra —1<m<6 thoda min yéu cau dé bai ma m y(t) /

nguyén duong nén m = {1;2;3;4;5}. 1

6

Cau5: Tinh tong S cac nghiém cia phuong trinh (ZCOS 2X+5)(Sin4 X —cos’ X):O trong khoang
(0;272').
Loi gidi

Xét phuong trinh: (2c0s2x +5)(sin’ x— cos* x) = 0 <> (2¢0s 2x +5).0s2x = 0

<:>c052x=0<:>2x:%+k7r<:>x=%+k7ﬂ, keZ.

Vi 0<x<2ﬂ<:>0<%+k7ﬁ<2ﬂ<:>—%<k<gﬂ>k={0;1;2;3}

, R N 2 T 3r Sm Irn
Suy ra cac nghiém can timla Xx=4—;—;—;— néntong S=—+—+—+—=4r
4 4 4 4 4

Cau 6: Cho phuong trinh cos2X—sinX+m—1=0 v&i m 1a tham sd. Tim diéu kién cia tham s6 m dé
phuong trinh cd 5 nghiém trén khoang (—%57”) .
Loi giai
Ta co cos2x—sinx+m—1=0<m=2sin’x+sinx (1).
bit t =sinx thi phuong trinh (1) tré thanh m=2t* +t (2).

Ta c6 bang bién thién ham s t =sinx

‘
. |-

TUr bang bién thién ta c6 phuong trinh (1) ¢6 5

nghi¢m trén khoang (—%,5?”] khi (2) c6 1 nghiém ;.. % - \ /

thudc (—%;1} va 1 nghiém thudc [—1;—%]

o
LR
(%]

Xéthamsd f(t)=2t>+t. ¢ | -1 f% % 1
Bang bién thién . ’
| T, /
\ 7l
Tir bang bién thién ta c6 0<m<1. 8
HET
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