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Dang 2: Xac dinh giao diém clGa dudng thang va mat phang

Phuong phap: D¢ tim giao diém cua duong thang d va mat phang (P) ta can luu ¥ mét s6 truong hop

Sau:

/o)

Trudng hgp 1: Néu trong (P) c6 sén mot duong thang d’ cit d tai M , khi dé:

M ed M ed
{M ed’c(P):{M cp)= M =dn(P)

N

Truong hop 2: Néu trong (P) chua ¢ sén d’ cat d thi ta thyc hién theo cac budc sau:
=  Buwdc 1: Chon mot mit phang (Q) chua d
= Buéc 2: Tim giao tuyén A=(P)n(Q)
= Buéc3: Trong (Q) goi M =d NA thi M chinh 14 giao diém ctiia d N (P).

BAI TAP TU LUAN

Bai tap 1: Cho t&r giac ABCD (khong c6 cip canh ddi ndo song song) nam trong mit phang (a). S la
diém khong nam trén (a) .
a) Tim giao tuyén cua céc cip mit phang: (SAC) va (SBD), (SAB) va (SCD).
b) Goi M va N lan luot 1a trung diém cta cac canh SC va SD. Tim giao diém P cua duong
thang BN v&i mat phang (SAC).
¢) Goi Q va R lan luot 1a trung diém ctia SA va SB. Ching minh rang bén diém M,N,Q,R
ddng phang.
Loi giai
a) Giao tuyén clia mit phang (SAC) va (SBD): Goi O la giao diém ctia hai duong chéo AC
va BD.
S e(SAC
Ta co: ):Se(SAC)m(SBD) (1)
S €(SBD)

Tir (1) suyra S 1a diém chung tht nhat cia (SAC) va (SBD)
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OeAC
AC = (SAC)

0eBD
BD — (SBD)

S

}:o e(SAC)
= 0 ¢(SAC)N(SBD) (2)

}:oe(sso)

T (2) suy ra O 1a diém chung th hai ciia (SAC) va (SBD).

Vay SO =(SAC)~ (SBD).

Giao tuyén ciia (SAB) va (SCD): Goi E la giao diém cia AB
va CD.Ta co:
S €(SAB)

. (SCD)}: S <(SAB)(SCD) (3)

Tir (3) suyra S 1a diém chung thir nhat cua (SAB) va (SCD).

E e AB
AB — (SAB)
EeCD
CD c(SCD)

}:s E <(SAB)
= E €(SAB)n(SCD) (4)

}:» E <(SCD)

Tur (4) suy ra E 1a diém chung th{r hai cta (SAB) va (SCD).
Vay SE =(SAB)(SCD).

b) Trong (SBD), hai duong thing SO,BN cét nhau tai P, ta co:

P e BN e
= P la giao diém cua BN va (SAC).

P eSO c(SAC)= P (SAC)
Vay P la giao diém can tim.
¢) Chimg minh bén diém M,N,Q,R ddong phing:
Trong (SCD), goi T la giao diém cia MN va SE . Taco MN 1a dudng trung binh ctia tam giac
SCD nén MN //CD. Xét tam giac SDE , ta co:

M //CD

) = T la trung diém cua SE.
N la trung diem cua SD
Tuong tu, QR la duong trung binh cia tam giac SAB nén QR//AB . Xét tam giac SAE, ta co:

QR//AB

= QR diqua trung diém T cuia SE.
Q la trung diem cua SA} Q 1 s
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Nhu vy, bon diém M,N,Q,R nam trong mit phing tao boi hai dudong thang cat nhau TN va
TQ nén chung dong phang.

Bai tap 2: Trong mit phang ((x) , cho tir giac ABCD. Goi S 1a diém khong thudc (a) , M 1a diém nim
trong tam giac SCD.

a) Xac dinh giao tuyén cta hai mat phang (SAM ) va (SBD).
b) X4c dinh giao diém cia AM va mit phang (SBD).

Loi giai

a) X4c dinh giao tuyén cua hai mit phang (SAM ) va (SBD):

Goi N 1a giao diém ciia SM va CD, goi E 1a giao diém cta AN
va BD.

R0 rang (SAM )=(SAN). Ta co: A

Ec AN = E (SAM)
E e BD = E (SBD)

}:> Ee(SAM)n(SBD) (1)

Mit khac: S < (SAM )~ (SBD) (2)

Tu (1) va (2) suyra: SE=(SAM )N (SBD).

b) X4c dinh giao diém cia AM va mit phang (SBD). Ta c6:

(SAM ) > AM
(SAM)~\(SBD)=SE |=F = AM N (SBD)
F € AM N SE  (SAM)

Bai tip 3: Cho ttr dién SABC . Trén canh SA ldy diém M , trén canh SC 14y diém N, sao cho MN khéng
song song voi AC . Cho diém O nam trong tam gidc ABC . Tim giao diém ctia mit phang (OMN ) véi cac
duong thang AC,BC va AB.

Loi giai

Trong mit phang (SAC): MN mAC={K} ma
MN < (OMN) nén {K} = ACN(OMN).

Trong mat phing (ABC):OKNBC={H}, 4
ma OK = (OMN) nén {H} =BC n(OMN).

Ta ¢6: OKNAB={G}, ma OKc(OMN) nén {G} = ABN(OMN).
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Bai tip 4: Cho hinh chép S.ABCD c6 day la hinh thang ABCD. Goi E va F 14 hai diém lan luot nim
trén hai canh SB va CD.

a) Tim giao diém cua EF voi mat phang (SAC).
b) Tim giao diém ciia mit phang (AEF ) véi cac dudng thing BC va SC.
Loi giai
a) Taco6 EF  (SBF).
Trong mit phang (ABCD): BF N AC ={O} suy ra (SAC)(SBF)=SO.
Trong mit phang (SBF) EF NSO ={K} ma SO c (SAC) suyra {K} =EF n(SAC).

b) Trong mit phang (ABCD): AF N BC ={G} ma AF c(AEF) suyra {G}=BC n(AEF).

S

Khi d6: (AEF)=(AEG).

Trong mit phing (SBC): EGNSC ={H} ma EG c(AEF) suyra {H}=SC n(AEF).

Bai tap 5: Cho hinh chop S.ABCD, day ABCD c¢6 AD va BC khéng song song v&i nhau. Lay | thudc
SA sao cho SA=3IA, J thuoc SC va M 1a trung diém cua SB.

a) Tim giao tuyén cua (SAD) va (SBC)
b) Tim giao diém E cia AB va (IJM)
¢) Tim giao diém F ctia BC va (1IM)
d) Tim giao diém N ctia SD va (1JM)
e) Goi H 1a giao diém cia MN va BD. Chung minh rang H,E,F thang hang.

Loi giai
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a) O la giao diém ctia va BC nén SO I giao tuyén ciia " S (SAD)
va ( SBC ) :

b) Trong (SAB) ké IM giao v6i AB tai E nén E la giao diem

cua AB va (1IM).
B = N

¢) Trong (SBC): MJ giao véi BC tai F nén F 13
giao diém cua BC va (1IM).

d) Trong (ABCD): EF giao véi AD tai P. D
Trong (SAD): IP giao véi SD tai N nén N la giao diém cua SD va (1IM).

e) H la giao diém cua MN va BD. D& thay 3 diém H,E,F ddng thoi ndm trén hai mat phang
(ABCD) va (1JM ) nén 3 diém nay thudc giao tuyén ctia 2 mit phang trén hay 3 diém d6
thang hang. S.ABCD
Bai tap 6: Cho hinh chop , c6 day 1a hinh thang, canh day 16n AB. Goi |,J,K 1a ba diém lan luot trén
SA, AB,BC .
a) Tim giao diém cua 1K va (SBD).
b) Tim giao diém ctia mit phang (1JK) véi SD va SC.
Loi giai

a) Trong (ABCD) c¢6 BD giao AK tai M.

Trong (SAK) ¢6 SM giao IK tai T =T la giao diém cua IK va (SBD).

b) Lay R la trung diém ctia SC .

Dé dang chiig minh dugc RK va |1J song song v&i nhau (song
song va bang ?) nén Re(IKJ) = R 14 giao diém cua

SC véimp(NK).

Trong (ABCD) ¢6 KJ cit AD tai P.

Trong (SAD) c¢6 IP cit SD tai Q = Q la giao diém ciia SD véi
mp(IJK).

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.
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Cho hinh chép S.ABCD c¢6 day ABCD I hinh binh hanh, giao diém ctia BD va AC 1a O. Goi
M 1a trung diém ctua SC. Goi | 1a giao diém ctia AM v&i mit phang (SBD). Ménh dé nao

dudi day sai?
A. 1 €S0O. B. 1 €SC. C. Ie(SBD). D. Ie(SAC).

Loi giai

" -
4/’ -7
P

Trong (SAC), goi | =AM NSO, ma SO < (SBD) = | = AM n(SBD).
Vay | 1a giao diém cia AM véi mit phang (SBD) => 1 € SO.

Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Mit phang (a) qua BD va song
song v6i SA, mit phang (a) cdt SC tai K.Khang dinh nao sau déy la khang dinh dting?

A. SK =3KC. B. SK=KC. C. SK:%KC. D. SK =2KC.

Loi giai

.
A4
.D -

Goi O la tdm ctia hinh binh hanh ABCD, khi d6 O 1a mot diém chung clia mit phing (a) va
mit phang (SAC )

Mit khac SA song song v6i mat phang (a) nén giao tuyén clia mit phang (a) va mit phang
(SAC) 1a dudng thang d di qua O va song song véi SA.

Trong mit phing (SAC) - d song song v6i SA vacit SC tai K, suy ra OK 1a dudng trung binh
ctia tam giac SAC nén K 1a trung diém cta SC . Vay SK =KC.
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Cau 3: Cho hinh chép S.ABCD c6 day ABCD la hinh thang c6 ddy 1én AB. Goi M la trung diém cua

SC. Giao diém cta BC v6i mit phang( ADM ) la:

A. Giao diém cua BC va AD. B. Giao diém cua BCva SD.
C. Giao diém cua BC va AM. D. Giao diém ciia BC va DM

Loi giai

o)

A B
C
I
. o . | € AD
Goi | 1a giao diém cua AD va BC. Khi do: = 1 €(ADM)
AD c (ADM)

Viy | =BC ~(ADM)

Cau4: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi G 1a trong tam cua tam giac

SBC. M la diém thudc canh AD sao cho %:% Goi E 1a trung diém cua canh SA, F 1a

giao diém cia MN va BD. Tim giao diém cia duong thang MG va (BDE).

A. Giao diém cia MG va HF B. Giao diém cua BC va SD.
C. Giao diém cta BG va AM. D. Giao diém ctia BC va DM
Loi giai

Goi N 1a trung diém cua BC.

Trong mit phang (SAD) goi H =SM M ED va trong mit phang
(ABCD) goi F =MN ABD.

Ta cé: {H =SM(SMN) L (sMN ) (BDE) (1).

H e ED  (BDE)

{F EMN(SMN) L (N}~ (BDE) (2).

F  BD  (BDE)

A/’ \B

Tir (1) va (2) ta c6 HF =(SMN ) (BDE).
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Trong mit phiang (SI\/IN) goi K=MGNHF.

KeMG

= K = MG n(BDE).
K e HF c (BDE)

Khi do {

Vay K la giao diém ctia dudng thing MG va (BDE).

Cau5: Cho hinh chop S.ABCD c¢6 day la hinh binh hanh. Goi M,N,P lan luot 1a cac diém trén cac
doan SA,SB,SC sao cho SA=5SM,SB =3SN,2SC =3SP . Mit phing (MNP) cit doan SD tai
diém Q. Khi d6 ti s6 :—g bang

ALl B2 c.t p. 2.
- 2 2

AE /[ MP

Goi O la trung diém cia AC va SONMPtai | . Také
CH //MP 5

Hai tam giac AOEA = AOHC(g.C.g) — OE=0H

Theo dinh li Talet ta co: % = ﬂ = L .

SA SE SO+OE’

S s

SC SH SO-OH
SA SC SO OE SO OH SO

Suyra — +-—=—+—+"——-——=2" (1)
SM SP SI SI SI Sl Sl
Ching minh tuong tu ta co: S—B+S—D:2£ (2)
SN sQ sl

Tu (1) va (2) taduqc:iJrg:EJrg
SM SP SN  SQ

Tir gia thiét ta co: ﬂ=5;§:3;£ :§.
SM 2

4 diém M, N, P, Q cung thudc mot mit phang, nén ta c6 dang

., SA SC SB SD
thtic: —+ —=—+—
SM SP SN SQ

SD SA SC SB 3 7 B
& —=—-+—-——=5+--3=—.
SQ SM SP SN 2 2
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Cau 6: Cho hinh chép S.ABCD c6 day ABCD Ia hinh binh hanh. Goi M 14 diém thudc doan SD,N

, . . g2 IN 2
la trong tdim ASAB. Puong thang MN cat mat phang (ABCD) tai diém | sao cho ™ = 3

Tinh ti sb %.
MD

A. % B. C. 1. D.

Alw
Wl

Loi giai

Goi K la trung diém ctia AB . Theo tinh chat trong tim tam gidc SAB s taco:
N_2,
SK 3%

Trong mit phing (SDK ), kéo dai DK cit BC tai diém E.

Xét tam gidc ASDE ta c6: EH va SK 1a hai duong trung

tuyén clia tam gidc (2).

Tu (1) va (2) tasuyra N 1a trong tim tam gidc B 2

ASDE = H, N, E thing hang.

Mic khac: N 2  M=HvilzE= M 1a trung diém sD=>M _q.
IM 3 MD

Cau7: Cho tir dién ABCD. Goi M,N lan luot 1a trung diém AB va CD;P 1a diém trén canh AD sao

1 : : : . IB .
cho AP :ZAD. Bi¢t mdt phang (MNP) cat BD tai |. Ti s0 D bang:

Al B> c.2. D.2.

- 3 10 8 5

TheodinhlyMenelaustacé:ﬂ.E.@=1:>£E.1'=1:>E=3:>E=£
PD IB MA 3IB1 IB ID 3
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Cau 8:

Cho hinh chép S.ABCD c6 déy 1a hinh binh hanh. Goi M 14 trung diém SB. P 1a diém thudc
canh SD sao cho SP =2DP . Mit phang (AMP) cit SC tai N. Ti s6 (S:—":: bang

A.§. B.E. C. D.
- 2 3

[$20 o)
o

Loi giai

Goi O=ACNBD; | =SONMP; N =AISC suyra N=(AMP)mSC.

Goi K=BD MP. Xét tam giac SBK c6

MS KB PD KB 1 KB
= el —isle—=
MB KD PS KD 2 KD
Va

IS KO MB IS 1S 4

31
=2 il 2 itsle —=2
10" KB MS 1041

Xét tam giac SAC co

NC IS AO_, _NC41 , _NC_3

— =ls — AR
NS 10 AC NS 3 2 NS 2

Cho hinh chép S.ABC. Goi M, N lan luot 13 trung diém ciia SA, BC va G la trung diém cua
doan MN. Goi O la giao diém ciia SG va (ABC). Khing dinh nao sau day dung?

A. O la tdm duong tron tam giac ABC.
B. O 1a tam dudng tron ndi tiép tam giac ABC.
C. O Ia tryc tam tam giac ABC.
D. O Ia trong tam tam giac ABC.
Loi giai

Mit phang (SAN) cit mit phing (ABC) theo giao tuyén AN.
Ma SG < (SAN) suy ra SG cat AN tai diém O.

Qua M dung MI// SO véi M € AN.

C6 M la trung diém cia SA suy ra | la trung diém
AO= Al =10 (1).

Tam giac MNI ¢6 MI// GO va G 1a trung diém ctua MN.
Suy ra, O 1a trung diém cua IN = 10 =NO (2. a

Tur (1),(2) suyra Al =10, =ON :i‘—ﬁz% ma N 1a trung

diém cua BC.

Do do, O la trong tdm cua tam giac ABC.

Céu 10: Cho hinh chép S.ABCD c6 day ABCD 14 hinh binh hanh tdim O. Goi M 14 trung diém cua SB
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Cau 11:

. Puong thang DM cit mit phing (SAC) tai N . Mit phang (CDM) cit SA tai K. Khing

dinh nao sau day sai?

A.Badiém S, N, O thang hang. B.Badiém C, N, K thiang hang.
C. KM //CD. D. N 1a trung diém cua doan thing CK .
Loi giai

Trong mit phang (SBD), DM NSO=N ma SO c(SAC)
DM N(SAC)=N.

Vay ba diém S, N, O thang hang.

Trong mp (SAC), CNNSA=K. Ma CNc(CDM) nén
SA(CDM ) =K .

Viy ba diém C, N, K thang hang.

SN 2

Tacd N 1a trong tim ASBD nén — ==. Ma ASAC c6 dudng trung tuyén SO va SN = 2
SO 3 SO 3

nén N 1a trong tam ASAC.
Vay K 14 trung diém cta SA do d6 KM || AB||CD.

Vi N latrong tim ASAC nén g—’: = g .Dodé N khong phai la trung diém ciia doan thang CK
Ngoai ra, ta c6 thé 1ap luén giao tuyén ciia (CDM ) va (SAB) la duong thang di qua M va song
song v6i AB, CD, duong thang nay cat SA tai K.

Do d6 suy ra KM || AB||CD va K 1a trung diém cua SA.

Cho tir dién ABCD, G 12 trong tdm tam gidc BCD, M 1a trung diém CD, | la diém trén doan
thang AG, Bl cét mit phang (ACD) tai J. Khing dinh ndo sau day sai?

A. J la trung diém AM . B. Al =(ABG)n(ACD).

C. DJ =(BDJ)n(ACD). D. A J,M thang hang.

Loi giai

Vi | di chuyén trén AG nén J ciing di chuyén trén AM
Ta c6: A la diém chung thtr nhét cua hai mét phang (ACD) va (GAB).

M € BG c (ABG)= M & (ABG)

Do BGNCD={M}=
M eCD c (ACD)= M €(ACD)
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= M la diém chung thir hai cua hai mit phdng (ACD) va (GAB).

= AM =(ACD) (GAB) hay AJ =(ABG)(ACD).

{DJ c(ACD):> DJ =(BDJ)(ACD).

DJ (BDJ)

Bl  (ABG)
AM c(ABM) = AM,BI ddng phang = J =Bl nAM = A, J,M thing hang.
(ABM )= (ABG)

Cau 12: Cho bon diém A, B,C,D khong dong phang. Goi M, N 1an luot 1a trung diém cia AC va BC.
Trén doan BD lay diém P sao cho BP =2PD. Giao diém cua duong thang CD va mat phang
(MNP) 14 giao diém cua

A. CD va NP. B. CD va MN. C.CD va MP. D. CD va AP.
Loi giai
A
=7 E
B D
N
C

N eBC 5 .
Ta co P <BD = NP c (BCD) suy ra NP,CD dong phang
€

Goi E 1a giao diém cia NP va CD ma NP = (MNP)=CD n(MNP)=E.

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.
Caul: Cho tir gidic ABCD c6 AC va BD giao nhau tai O va mot diém S khong thudc mat phang
(ABCD). Trén doan SC ldy mot diém M khong tring véi S va C,K = AM NSO . Khi d6:
a) SO la giao tuyén ciia hai mt phang (SAC) va (ABC)
b) SO 14 giao tuyén clia hai mat phang (SAC) va (SBD)
¢) Giao diém clia dudng thdng SO véi mit phang (ABM ) la diem K
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d) Giao diém cua duong thing SD v6i mat phang (ABM ) 1a diém N thude dudng thang AK

Loi giai

a) Sai: SO la giao tuyén ciia hai mit phang (SAC)
va ( ABC )

b) Pung: SO 14 giao tuyén cia hai mit phing
(SAC) va (SBD)

¢) Pung: Tim giao diém ctia SO va (ABM ). Trong
mit phing (SAC) goi K=AM nSO.

Vi {KEAM’AM C(ABM):K=SOm(ABM).

K eSO
d) Sai: Tim giao diém cta SD va (ABM ). Xét mit phang phu (SBD) chira SD.
D@ thiy B la diém chung clia hai mit phang (SBD) va (ABM ).

K  AM,AM c (ABM
Tacé:{ < AMgaM < ( ):KG(SBD)m(ABM)dodé BK =(SBD)~ (ABM).

K 50,50 = (SBD)

Trong mit phing (SBD) goi N=BKNSD.

Do 1 <P N = SD (ABM
© 1N e BK,BK  (ABM) = = S (ABM).

Cau2: Cho hinh chép S.ABCD véi M 1a mot diém trén canh SC,N 1a mot diém trén canh BC . Goi

O=ACNnBD va K=AN NCD. Khi dé:
a) SO la giao tuyén ciia hai mét phang (SAC) va (SBD).

b) Giao diém cua duong thang AM va mit phing (SBD) la diém nim trén canh SO.
¢) KM la giao tuyén ciia hai mit phang (AMN) va (SCD).
d) Giao diém cua duong thing SD va mit phang (AMN ) 1a diém ndm trén canh KM

Loi giai

a) Pung: Tim giao tuyén clia hai mét phang (SAC) va (SBD):
Dé thiy S 1a diém chung clia hai mit phang (SAC) va (SBD).

Trong mit phing (ABCD), goi O=ACNBD.
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Cau 3:

Vil0 cBD.BD (58D) = 0 (SAC)(SBD). Viy

SO =(SAC)(SBD).

‘ {o e AC,AC c(SAC)

b) Diing: Tim giao diém cia AM va mit phang (SBD):

Trong mit phing (SAC), goi P=AM nSO.

Tace: - MM P =AM ~(SBD
29 \p 50,50 < (sBD) " - AM N(SBD).

¢) bung: Xét mat phang phu (SCD) chira SD. Ta tim
giao tuyén cua hai mit phang (AMN) va (SCD).

Trong mit phiang (ABCD), goi K=ANNCD.

e KeAN,ANc(AMN)
Khi do: :Ke(AMN)m(SCD).

K eCD,CDC(SCD)
Mait khac: M e SC,SC c(SCD):> M e(SCD):> M e(SCD)m(AMN).
Vay KM =(SCD)m(AMN).

d) Ping: Trong mit phang (SCD) goi H=KM NnSD.

Taco: {1 C o0 H = SD A (AMN
30 11 kM, KM < (AMN) = TSP (AMN).

Cho hinh binh hanh ABCD va mét diém S khong thudc mét phang (ABCD), céc diém M, N
lan luot 14 trung diém cta doan thang AB, SC . Goi O = AC NBD

a) SO giao tuyén clia hai mit phang (SAC) va (SBD).

b) Giao diém ctia | cta duong thing AN va mit phiang (SBD) 1a diém nam trén dudng thang
SO

¢) Giao diém ctia J cua duong thaing MN va mit phang (SBD) 1a diém nam trén dudng thang
SD

d) Badiém 1,J,B thing hang.

Loi giai
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Cau 4:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

a) Pung: SO giao tuyén cua hai mat phang (SAC)
va (SBD).

b) Pung: Tim giao diém | cia AN va mat phang
(SBD):

Trong mit phang (ABCD) goi O=ACNBD;

Trong mit phing (SAC) goi | =SONAN.

Tacs:{ <o | = AN ~(SBD
3¢9 1| cs0,50 < (s8D) ~ | = AN (SED).

¢) Sai: Tim giao diém J ciia MN va mit phang (SBD):
Trong mit phing (ABCD) goi P=CM NBD;

Trong mit phing (SCM ) goi J =MN NSP;

Taco: 12 SN 3 =MN ~(SBD
3691} csp,spc (sgp) 0 = MN (SBD).

d) Pang: Chig minh 1,J,B thang hang:

D@ thay B e (ABN)N(SBD) (1)

Ta co: {' €AN.AN < (ABN)_ | < (ABN)(SBD) (2)

| €50,50 = (SBD)

J e MN,MN < (ABN)

JeSP,SPc(SBD) e(ABN)N(SBD) (3)

Tuong tu: {

Tur (1); (2);(3) suyra B,1,J cung thudc giao tuyén cta hai mat phang (ABN) va (SBD) nén
ba diém nay thang hang.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M 14 trung diém cua SC. Goi | giao
diém clia dudng thing AM va mit phang (SBD). Khi d¢:

a) AM ASO=1.

b) IA=3IM .

¢) Giao diém E clia dudng thang SD va mit phang (ABM ) la diém thu¢e dudng thing Bl

d) Goi N 1a mot diém tuy y trén canh AB . Khi d6 giao diém cta dudng thing MN va mit
phang (SBD) la diém thugc giao tuyén cta hai mat phang (SBD), (SNC)
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Cau 5:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Loi giai

A=

a) Pung: Trong (SAC): AM NSO = |

| e AM

<50 (s8D) =AM N (SBD).

b) Sai: Ta c6 {

Tam giac SAC c6 hai dudng trung tuyén AM va SO cat nhau tai | suyra | 13 trong tAm cta
tam giac SAC. Turdotaco IA=2IM .

E eSD

£ Bl o (ABM) ! e SD N (ABM).

¢) Bung: Trong (SBD): Bl nSD =E . Ta c6 {
d) Trong (ABCD):CN nBD = F . Trong (SNC):SF "MN =J .

Taco ) J  MN ~(SBD
39013 e sk < (s8D) = 2 S MN N(SBD).

Cho tir dién SABC. Goi M va N lan luot 14 hai diém trén hai canh AB va BC sao cho MN
khong song song véi AC . Khi do:

a) Puong thing MN cit duong thang AC

b) Giao diém cua duong thang MN va mit phang (SAC) 1a giao diém cia MN va AC.

¢) Giao tuyén ctia hai mit phang (SMN) va (SAC) la duong thing di qua giao diém cia MN
va AC.

d) Giao tuyén cta hai mat phang (SAN)va (SCM ) la duong thang di qua giao diém ciia MN
va AC.

Loi giai
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Cau 6:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

a) Ping: Puong thing MN cit dudng thang
AC

b) Dung: Trong mit phiang (ABC) v& giao
diém E cua MN va AC.

Taco E e AC suyra E €(SAC).

Vay E 1a giao diém cua duong thang MN va
mit phing (SAC).

B
c) Pung: Tac6 S va E la hai diém chung ciia hai mt phang (SMN) va (SAC).

Suy ra (SMN ) (SAC)=SE .
d) Sai: Trong mit phang (ABC), v& giao diém F ciia AN va MC.
Taco S va F 1a hai diém chung cua (SAN) va (SCM ) = (SAN)N(SCM )=SF .

Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi O 14 giao diém ciia AC va BD;M,N
1an lugt 14 trung diém ciia SB,SD;P thudc doan SC va khong 14 trung diém ciia SC . Khi dé:
a) Giao diém E clia duong thing SO va mat phang (MNP) 1a giao diém ciia MN va SO.

b) Giao diém Q duong thang SA va mit phang (MNP) 1a giao diém ciia PE va SO.
¢) Goi 1,J,K 1an luot la giao diém cua QM va AB,QP va AC,QN va AD.Vay I,J,K
thang hang.

d) Goi I,J,K lan luot 1a giao diém cua QM va AB,QP va AC,ON va AD. Vay I,J,K
khong thang hang.

Loi giai

E SO
E e MN < (MNP)

a) Bung: Trong (SBD):SONMN =E. Tacé { = E € SON(MNP).
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QeSA

QePEC (MNP)

b) Sai: Trong (SAC):PENSA=Q. Taco { = Q e SAN(MNP).

| eQM C(I\/INP)
c) Pung: Tir gia thiét ta c6 < J e QP = (MNP) =1,J,K (MNP)(1)
K eQN C(MNP)

| € AB — (ABCD)
Mit khic {J € AC = (ABCD) = 1,J,K € (ABCD) (2)
K e AD c (ABCD)

Tur (1) va (2) suyra 1,J,K €(MNP)~(ABCD). Suyra I,J,K thing hang.

d) Sai: Goi 1,J,K lan luot 1a giao diém cia QM va AB,QP va AC,QN va AD. Vay I,J,K
khong thang hang.

PHAN Ill. Cau tric nghiém tra 1&i ngan

Caul: Cho tir dien ABCD. Goi M,N lan luot 1a trung diém cia AC va BC. Trén canh BD lay diém
P sao cho BP=2DP. Goi F la giao diém ciia AD voi mit phang (MNP) . Tinh %.
Loi giai
Trong (BCD) ta co % :% ; % zg suy ra NP khong song
song voi CD.
Goi | =NPNCD va F=MI nAD.
Dé thiy F 1a giao diém ciia AD voi mit phiang (MNP).

Ap dung dinh 1i Menelaus trong tam giac BCD c6

DN _ 2Pl D

IC CB PD IC 2 IC

Ap dung dinh 1i Menelaus trong tam giac ACD ¢6 E.E.M—Czlz ﬂ.l.lzlcﬂ:Z
FD IC MA FD 2 FD

Cau 2: Cho hinh chop tr gidc S.ABCD, M 1a mot diém trén canh SC, N la trén canh BC. Tim giao
diém ctia dudng thang SD vé6i mit phang (AMN ).

Loi giai
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Cau 3:

Cau 4:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Trong mit phing (ABCD) goi O=AC NBD,J = AN NBD. S
Trong (SAC) goi | =SONAM va K=1JnSD.
Taco | e AM C(AMN),JEAN C(AMN):>IJ C(AMN). A

Dod6 K e 13 < (AMN)= K €(AMN). Vay K =SD n(AMN)
D
Cc

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, P lan luot 1a trung diém

.z N 2 ) ) .z
cua cac canh SA va SC. DBiém N thudc canh SB sao cho S— = 3 Goi Q la giao diém cua

canh SD v mit phang (MNP) . Tinh ty s 2—8

Goi O la giao diém cia AC va BD, | 1a giao diém cia MP va SO thi Q la giao diém cua
NI v6i SD. | la trung diém cua SO.

Pat 22 — x. Do 250 =SB+ SD nén 451 = SSN + x50 = x = 4— > =2,
SQ 2 2 2
vy 22,
SD 5

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. M 1a trung diém cua SC. Goi | 1a giao

diém clia dudng thang AM v6i mit phang (SBD). Tinh ty sb %

Loi giai
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Goi ACABD=0 thi (SAC) (SBD)=S0.
Trong mit phing (SAC), ldy AM nSO=1 = | =AM N (SBD).

Do trong ASAC, AM va SO 1a hai duong trung tuyén, nén | 1a trong tim ASAC.

1A
Vay IA=2IM hay —=2.
dy y IM

Cau 5: Cho tir dién ABCD c¢6 M, N theo thir ty 1a trung diém ciia AB,BC. Goi P 1a diém thudc canh
CD sao cho CP =2PD va Q la diém thudc canh AD sao cho bon diém M, N, P,Q dong phang.

Tinh ty s6 AQ
DQ

Loi giai

Theo giai thiét, M,N theo thir ty 1a trung diém cia AB, BC nén
MN //AC.
Hai mit phang (MNP) va (ACD) c¢6 MN//AC va P la diém

chung thtr nhat ciia hai mit phang nén giao tuyén ctia hai mit phang
1a duong thang PQ di qua P va song song v6i AC; cit AD tai

Q.
. CP=2PD
Mat khac, trong tam giac ACD c¢6 nén AQ =2DQ
PQ//AC
hay AQ =2.
DQ
HET
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