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BAI @ HAI PUONG THANG SONG SONG
——

IY.Y Y LY THUYET CAN NHO

Vi tri twong d6i ctia hai dwong thang

Cho hai duong thing a va b trong khong gian.

Néu a va b cing ndm trong mot mit phing thi tanéi a va b dong phang. Khi do, a va b c6 thé cét
nhau, song song voi nhau hodc trung nhau.

Néu a va b khong cing nam trong bat ki mat phiang nao thi tanéi a va b chéo nhau. Khi do, ta ciing
noi a chéo voi b, hodac b chéo voi a.

27 (= T 5

anb=M a//b

Nhan xét:
e Hai duong thang song song 1a hai dudng thang dong phang va khong c6 diém chung.
e (6 dung mot miat phang chira hai duong thang song song.

e Hai duong thang khong c6 diém chung thi c6 thé song song hodc chéo nhau.

Tinh chit cia hai dwdng thang song song

Tinh chit 1: Trong khong gian, qua mot diém nam ngoai mot dudng thang c6 mot va chi mot duong thang
song song voi dudng thang do.

L=/
AN — @

Tinh chit 2: Hai duong thiang phan biét ciing song song véi mot duong thing thir ba thi song song voi

nhau.

Tinh chét 3: Néu ba mit phang d6i mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén iy hoic
ddng quy hoic doi mot song song.

1| Ths. Lé Viét —- THPT Thang Long, Ha Noi — Phone (zalo): 0835.221183 - On thi cam két diém s6



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Nhan xét: Néu hai mit phang 1an luot di qua hai dudng thing song song thi giao tuyén cia ching (néu
c6) song song véi hai dudng thing d6 (hodc tring véi mot trong hai dudng thang do).

{1!1 Lil
da a2

IR :Y S PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Nhan biét va chidng minh hai dudng thang song song
Phwong phap: Ta s€ sir dung mot trong cac cach sau:

e Chung minh hai duong thang d6 dong phang roi ap dung phuong phap chirng minh song song
trong hinh hoc phang (Pudng trung binh, Pinh li Ta-1ét dao,.)

e Chimg minh hai duong thiang d6 cung song song véi mot duong thang thir ba.

allb
allc=bllc
b=c

e Ap dung dinh li vé giao tuyén song song.

e Ap dung hé qua: Néu hai mit phang phan biét lan lugt chta hai dudng thiang song song thi giao
tuyén cua chiing (néu c6) cling song song véi hai dudng thang d6 hodc trung véi mét trong hai
duong thang do.

d'c(a)

d =d//d".d//d’

d'//d"

BAI TAP TU LUAN
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Bai tap 1: Cho t dién ABCD c¢6 M,N lan luot 13 trung diém ciia AB, AC . X¢ét vi tri twong dbi cua cac
cdp dudng thang sau day:
a) MN va BC b) AN va CD ¢) MN va CD.

Loi giai

a) Trong mit phang (ABC) ta c6 MN la duong
trung binh ctia tam gidc ABC = MN //BC

b) Trong mit phang (ACD) ta c6 AN cit CD tai
diém C.

¢) Gia st MN va CD clng nam trong mot mat
phiang (P) nén dudng thing NC nim trong (P)
suyra (P) chiradiém A.Tuong tu ta ciing c6 AM
nam trong (P) suy ra (P) chita diém B. Suy ra
(P) chtra cd bon dinh ctia tr dién ABCD (v6 1Y)

(,T

Vay hai duong thaing MN va CD khong ndm trong cling bat ky mét phang nio suy ra MN chéo
voi CD.

Bai tip 2: Cho hai hinh binh hanh ABCD va ABEF khéng cliing nim trong mot mit phang.
a) Quan sat bon duong thfmg AB, BC,CD, DA. Chi

E
ra cac cip duong thiang cit nhau, cac cip dudng
thang song song.
b) Trong ba dudng thang AB, AF, BE c6 hai duong F B C
thang nao chéo nhau hay khong?

4 D

Loi giai
a) Cac cap duong thang cit nhau 1a AB va BC,AB va DA BC va CD,CD va DA. Céc cip
duong thang song song 1a AB va CD, DA va BC.
b) Céc duong thang AB, AF,BE cuing nim trong mit phang (ABEF ) nén trong ba dudng thang

d6 khong c6 hai duong thang nao chéo nhau.

Bai tap 3: Khi hai canh ctra s6 hinh chit nhat dugc md, du ¢ vi tri ndo, thi hai mép ngoai cua chung luén
song song vo1 nhau. Hay giai thich tai sao.
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A

D

F N

c F

B

\C

Néu hai canh ctra s6 c6 dang hinh thang thi c¢6 vi tri nao cta hai canh ctra dé hai mép ngoai ciia ching song
song v&i nhau hay khong?

A B
E
N E M B M
D&c-—---- ----AC
N
D » i
F N ¢ F
Loi gidi
A - B
A E M B ' M
Des--—-—----4+—+-————— ('
D \' /
M L
F N ¢ E N

Ta c6 hai mép ngoai ctia canh cura s6 1a EF va MN, hai canh ban I€ cua canh ctrala AD va BC

EF/

/AD

Vi 4 duong théng phan biét AD,EF,MN,BC ta luén c6 { MN //BC = EF //MN
AD//BC

biéu nay chirng t6 hai mép ngoai ctia hai canh cura s6 hinh chir nhat luén song song véi nhau.

E M

A

B

E A

B

M
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Néu hai canh cira s6 c6 dang hinh thang thi co mot vi tri ctia hai canh cira dé hai mép ngoai cua
ching song song v6i nhau, d6 la khi mat phang chira moi canh ctra trung véi mat phang khung
cua so.

Bai tap 4: Cho hinh chép S.ABC. Goi M,N lan luot 14 trung diém cta cac doan thang SA,SC . Liy cac
BP BQ 1

diém P,Q lan luot thudc cac doan thang AB,BC sao cho BA BC 3 Chimg minh rang MN song

song voi PQ.
Loi giai

Tacd MN la duong trung binh ctia tam gidc SAC nén

MN //AC.

Xét tam gidc ABC c6 BP_ BQ _1 . Theo dinh li Ta-1ét dao
BA BC 3

taco PQ//AC.
Tir (1) va (2) suyra MN//PQ.

Bai tap 5: (;ho hinh chép S - ABCD c6 day ABCD 1a hinh binh hélr}h.
Goi M, N lan luot 1a trung diém cta cac canh SA,SD va P 1a mdt diém
nam trén canh AB ( P khac A va B).Duong thang CD cat mit phang
(MNP) tai diém Q. Chtmg minh ring dudng thing MN song song véi
duong thang PQ.

Loi giai
Ba mit phing (SAD),(ABCD),(MNP) doi mot cét nhau theo cac giao tuyén AD,MN, PQ.
Trong tam gidc SAD ta c6 MN la duong trung binh nén MN //AD do d6 theo dinh li ta suy ra
ba dudng thang AD,MN, PQ d6i mét song song.
Vay duong thang MN song song v6i duong thang PQ.
Bai tp 6: Mot bé kinh chtra nude co day 1a hinh chit nhat duoc dit nghiéng
nhu hinh bén. Giai thich tai sao duong mép nuéc AB song song vdi canh
CD cua bé nudc.

Loi giai
Ta c6 ba mit phing lan lugt 12 (ABEO),(CDOE),(ABCD) cit
nhau theo ba giao tuyén phan biét AB,OE,CD.
Mat khac: OE//CD nén AB//CD.
Bai tip 7: Cho hinh chép S.ABCD c6 day ABCD lahinh thang (AB//CD). Goi M, N lan luot 14 trung

diém ciia cac canh SA,SB. Chirng minh rang tr giac MNCD 14 hinh thang.
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Loi giai

B

MN //AB ,
Ta co = MN //CD . Vay tit giac MNCD 1a hinh thang.
AB//CD

Bai tap 8: Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh. Goi M,N,P,Q lan luot 1a trung
diém ciia cac canh bén SA,SB,SC,SD. Chimg minh rang tir giac MNPQ 14 hinh binh hanh.
Loi giai

Ta co: MN //AB va MN :%AB; PQ//CD va PQ:%CD.
AB//CD va AB=CD = MN//PQ va MN =PQ = MNPQ 1a hinh binh hanh.
Bai tap 9: Cho ttr dién ABCD. Goi M,N lan luot 1a trong tAm cta cac tam giac ABC va DBC . Ching

minh ring MN //AD.
Loi giai
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A

Do d6: —— = e % (tinh chat trong tAm tam gidc)= MN //AD (dinh 1y Ta-1ét dao).

Bai tap 10: Cho tir dién ABCD. Goi M 1a mot diém bat ki trén canh BC, () 1a mat phang qua M va
song song voi AB va CD cit cac canh BD, AD, AC lan lugt tai N, P,Q. Ching minh rang MNPQ 12 hinh
binh hanh.

Loi gidi
AB//(a)
Taco 1(ABC)> AB = MQ // AB. Tuong tu ta c6
(ABC)(a)=MQ
NP //AB = MQ//NP (1).
CD|l(a)
Lai ¢ {(ACD)>CD — MN //CD. Tuong tu ta c6

(ACD)~(a)=PQ
PQ//CD = MN //PQ (2).

Tir (1) va (2) suy ra MNPQ 14 hinh binh hanh.

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.
Cau 1: Trong cac m¢nh dé sau, ménh dé nao sai?

A. Hai duong thang khong c6 diém chung thi chéo nhau.

B. Hai duong thang chéo nhau thi khong cé diém chung.

C. Hai duong thang phan biét khong cit nhau va khong song song thi chéo nhau.
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Cau 2:

Cau 3:

Cau 4:

Cau 5:
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D. Hai duong thang phan biét khong chéo nhau thi hodc cit nhau hodc song song.
Loi giai
Hai duong thing khong c6 diém chung thi chung song song (khi chiing déng phing) hoic chéo
nhau (khi chung khéng ddng phang).
Trong cac ménh dé sau, ménh dé nao dang?
A. Hai duong thang c6 mot diém chung thi ching c6 vo sé diém chung khac.
B. Hai duong thang song song khi va chi khi chung khong diém chung.
C. Hai dudng thang song song khi va chi khi chiing khong déng phang.
D. Hai duong thang chéo nhau khi va chi khi chiing khong dong phang.
Loi giai
A sai. Trong trudng hop 2 dudng thang cat nhau thi chiing chi c6 1 diém chung.
B va C sai. Hai duong thang song song khi va chi khi ching dong phang va khong cé diém chung.
Trong cac ménh dé sau, ménh dé niao diing?
A. Hai duong thing cing song song voi mot duong thing thir ba thi song song véi nhau.
B. Hai dudng thang ciing song song vi mot dudng thang thi ba thi tring nhau.
C. Hai dudng thing cung song song véi mot dudng thang thi ba thi song song véi nhau hodc
trung nhau.
D. Hai duong thiang cung song song vi mot duong thang thi ba thi ching lan luot nam trén hai
mit phang song song.
Loi giai
Hai duong thang cung song song véi mot duong thang thi ba thi song song voi nhau hodc tring
nhau.
Trong cac khang dinh sau, khang dinh nao dang?
A. Hai duong thiang chéo nhau thi ching c6 diém chung.
B. Hai duong thang khong c¢6 diém chung 14 hai duong thang song song hodc chéo nhau.
C. Hai duong thang song song v6i nhau khi chiing & trén ciing mot mit phang.
D. Khi hai dudng thang ¢ trén hai mit phang phan biét thi hai duong thang dé chéo nhau.
Loi giai
A sai. Hai duong thang chéo nhau thi chiing khong c6 diém chung.
C sai. C6 thé xay ra trudng hop hai duong thiang d6 hodc cit nhau hodc tring nhau.
D sai. C6 thé xay ra trudng hop hai dudng thang dé song song.
Cho hai duong théng chéonhau a va b. Léy A, B thuoc a va C, D thudéc b. Khéng dinh nao
sau day dung khi n6i vé hai duong thang AD va BC?

A. C6 thé song song hoic cit nhau. B. Cit nhau.
C. Song song v&i nhau. D. Chéo nhau.
Loi giai
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Cau 7:

Cau 8:

Cau 9:
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Gia sit AD va BC ddng phang.

Theo gia thiét, a va b chéo nhau = a va b khong dong phang. /A/

Néu ADNBC=1=1¢(ABCD)=le(ab). Ma a va b
khong ddng phing, do d6, khong ton tai diém | .
Néu AD//BC = a va b dong phing (Mau thuin voi gia thiét).

Vay diéu gia st 1a sai. Do d6 AD va BC chéo nhau. C

Cho ba mit phing phéan biét (a), (B), (7) co(a)n(B)=d; (B)n(r)=d,; (a)n(r)=d,
. Khi d6 ba dudng thang d,, d,, d,:

A. Poi mot cit nhau. B. B6i mot song song.
C. Dong quy. D. B6i mot song song hoic dong quy.
Loi giai

Néu ba miat phang d6i mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén iy hoic dong
quy hoac d6i mot song song.

Trong khong gian, cho 3 dudng thiang a, b, ¢, biét a//b, a va ¢ chéo nhau. Khi d6 hai dudng

thang b va c:
A. Trung nhau hoac chéo nhau. B. Cit nhau hodc chéo nhau.
C. Chéo nhau hodc song song. D. Song song hodc trung nhau.

Loi giai
Gia st b//c=>c//a (mau thuin véi gia thiét).
Trong khong gian, cho ba duong thang phan biét a, b, ¢ trong 6 a//b. Khang dinh nao sau day
sai?
A.Néu a//c thi b//c. B.Néu ¢ cit a thi c cit b.
C.Néu Aea va Beb thi ba duong thang a, b, AB cing ¢ trén mot mit phang.
D. T6n tai duy nhit mot mit phang qua a va b.
Loi giai
Néu c cat a thi ¢ cit b hodc ¢ chéo b.

Trong khong gian, cho 3 dudng thang a, b, ¢ chéo nhau timg d6i. C6 nhiéu nhat bao nhiéu duong
thang cét ca 3 duong thang ay?
Al B.2. C.0. D. Vo sb.

Loi giai
Goi M 1a diém bat ki ndm trén a.

Gia str d 1a duong thang qua M catca b va ¢. Khi do, d 1a giao tuyén ctia mit phing tao boi
M va b v6i mat phing tao boi M va c.

Véi mbi diém M ta duoc mot duong thang d .

Vay c6 vo s6 dudng thang cit ca 3 duong thang a, b, C.
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Cau 10:

Cau 11:

Cau 12:

Cho tir dién ABCD. Goi |,J lan luot 1a trong tim cac tam gidc ABC va ABD. Chon khing
dinh ding trong cac khang dinh sau?
A. 1J song song vdi CD. B. IJ song song v&i1 AB.
C. 1J chéo CD. D. 1J cat AB.

Loi giai
Goi M, N lan luot 1a trung diém cua BC, BD.
= MN la duong trung binh cta tam giac BCD = MN //CD (1)
1,J lan luot 1a trong tim cac tam giac ABC va ABD

B
Al A 2
=>—=—=—=1J / MN (2
AM AN 3 / 2)

Tir (1) va (2) suyra 1J //CD.
Cho hinh chép S.ABCD c6 AD khong song song voi BC. Goi M, N, P,Q,R,Tlén luot 1a
trung diém AC,BD,BC,CD,SA,SD. Cip duong thang nio sau ddy song song voi nhau?
A. MP va RT. B. MQ va RT. C. MN va RT. D. PQ va RT.

Loi giai
Ta c6: M,Q lan luot 1a trung diém cia AC,CD
=MQ 1la duong trung Dbinh cuia tam
CAD = MQ // AD (1)
Ta co: R,T lan luot 1a trung diém caa SA,SD
=RT la duong trung binh cia tam
SAD = RT // AD (2)
Tir (1),(2) suy ra: MQ // RT.
Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi |,J,E,F lan luot 1a trung diém
SA,SB,SC, SD. Trong cac dudng thing sau, dudng thang nao khong song song véi 1J?
A. EF. B. DC. C. AD. D. AB.

Loi giai
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Cau 13:

Cau 14:

Taco 1J // AB (tinh chit duong trung binh trong tam giac SAB) va EF // CD (tinh chét duong
trung binh trong tam giac SCD).
Ma CD // AB (ddy 13 hinh binh hanh) =CD // AB /J EF // 1J.

Néu ba duong thang khong cing nam trong mot mat phang va doi mot cat nhau thi ba dudng
thang do

A. dong quy. B. tao thanh tam giéc.
C. trung nhau. D. cling song song v6i mot mat phang.
Loi giai

Ta thiy, ba mit phang (e );();(7) cit nhau theo ba gido tuyén phan biét va ba giao tuyén
(a); (b);(c) doi mot cat nhau nén ching dong quy tai M .
Cho tir dién ABCD, goi M va N lan luot 13 trung diém cac canh AB va CD. Goi G 1a trong

tam tam giac BCD. Pudng thing AG cit duong thing nao trong cac dudng thang dudi day?
A.MN. B. CM. C. DN. D. CD.

Loi giai
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A

c
Do AG va MN clng nam trong mit phang (ABN ) nén hai dudng thang cit nhau.

Céu 15: Cho hinh hop ABCD.EFGH . Ménh dé nao sau day sai?

A D
[
|
B : C
[
|
|
- ---—7H
7/
7/
7/
/
F G
A. BG va HD chéo nhau. B. BF va AD chéo nhau.
C. AB song song véi HG. D. CG cat HE.
Loi giai

Do CG va HE khong cing nam trong mot mit phang nén hai dudng thang nay chéo nhau.

Ciu 16: Cho ttr dién ABCD, goi | va J lan luot 1a trong tAm ctia tam giac ABD va ABC . Puong thang
IJ song song v&i dudng nao?
A. AB. B. CD. C. BC. D. AD.

Loi giai

Goi N,M lan lugt 12 trung diém cua BC, BD.

= MN la duong trung binh cta tam gidc BCD = MN // CD (1)
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Al Al 2

—=——=—=1J/ MN (2

AM AN 3 / ( )

J; | 1an luot 13 trong tim céc tam giac ABC va ABD =

Tir (1) va (2) suyra: 1J // CD.

Cau 17: Cho ttt dién ABCD. Goi M, N 13 hai diém phan biét cung thugc duong théng AB; P, Q lahai
diém phan biét cung thudc dudng thang CD. Xac dinh vi tri twong ddi cia MQ va NP.
A. MQ cit NP. B. MQ // NP. C. MQ=NP. D. MQ, NP chéo nhau.

Loi giai

Xét mat phang (ABP). Tacé: M,N thugc AB=>M,N thudc mit phing (ABP).
Mat khac: CD ﬁ(ABP) =P.
Ma Qe CD = Q¢ (ABP)= M,N,P,Q khong dong phang=> MQ va NP chéo nhau.

Céu 18: Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh tdm O. Goi |, J 1an luot 1 trung
diém cia SA va SC . Puong thang 1J song song voi duong thing nao?
A. BC. B. AC. C. SO. D. BD.

Loi giai

D@ dang thay duoc: 1J 1a dudng trung binh cua tam gidc SAC = 1J J/ AC .
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Ciu 19:

Cau 20:

Trong mit phang (P), cho hinh binh hanh ABCD. V& c4c tia Bx,Cy,Dz song song v&i nhau,
ndm cung phia véi mit phang (ABCD), dong thoi khong ndm trong mét phing (ABCD). Mot
mit phang di qua A, cat Bx,Cy,Dz twong ung tai B',C’,D’ sao cho BB'=2, DD’ =4. Tinh
CcC'.

A. 6. B. 8. C. 2. D. 3.

Loi giai

Ta c6: AB'C'D’ 1a hinh binh hanh. AC'BD'=1 va ACNBD=0 = Ol la dudng trung binh

cua tam giac ACC' = CC'=20I.

BB'+ DD’
2

BB'D'D la hinh thang c6 Ol la duong trung binh = Ol = 3.

Vay CC'=6.

Cho tir dién ABCD. Goi G va E lan luot 13 trong tim cua tam giac ABD va ABC. Ménh dé
nao dudi day dung ?

A. GE//CD. B. GE cit AD.
C. GE cit CD. D. GE va CD chéo nhau.
Loi giai
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Cau21: Cho tr dién ABCD. Trén cac canh AB, AD lan luot ldy cic diém M, N sao cho
% = % = % .Goi P, Q lan luot 14 trung diém cac canh CD, CB. Ménh dé nao sau ddy dung

A. Ttr giac MNPQ 1a mot hinh thang.
B. Tt giac MNPQ 1a hinh binh hanh.
C.Bbn diém M,N,P,Q khong dong phang.

D. Tt gisc MNPQ khong c6 cac cip canh dbi nao song song.

Loi giai

. AM AN 1
Xét tam giac ABD ¢c6: —=——=— = MN // BD
AB AD 3
Xét tam giac BCD c6 : PQ la duong trung binh cta tam giac = PQ // BD
Vay PQ // MN = MNPQ 1a hinh thang.
Ciu 22: Cho hai duong thang chéo nhau a va b.Lay A, B thudc a va C, D thudc b . Khang dinh nao
sau day diing khi néi vé hai duong thaing AD va BC?

A. C6 thé song song hodc cit nhau. B. Cit nhau.
C. Song song nhau. D. Chéo nhau.
Loi gidi

Theo gia thiét, a va b chéo nhau = a va b khong dong phang.

Gia sit AD va BC dong phing. /A/

Néu ADNBC=I1=1€e(ABCD)=le(ab). Ma a va b

khong dong phang, do d6, khong ton tai diém | .
Néu AD//BC = a va b dong phing.

Vay diéu gia sir 1a sai. Do d6 AD va BC chéo nhau. C

Céu 23: Cho tir dién ABCD v6i M, N, P,Q lan luot 1a trung diém cia AC, BC, BD, AD. Tim diéu kién
dé MNPQ 14 hinh thoi.
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A. AB=BC. B. BC=AD. C. AC=BD. D. AB=CD.

Loi giai
A

Xét tam gidc ABC c6: MN = % AB

Xét tam gidc ABD co: PQ =%AB = MN =PQ

Chtrng minh tuong tu, ta c6: MQ = NP . Vay MNPQ 1a hinh binh hanh
Pé MNPQ 1a hinh thoi < MN = NP < AB=CD.
Céu 24: Cho hinh chép S.ABCD . Goi A, B, C’, D’ lan luot 1 trung diém ctia cac canh SA, SB, SC, SD

. Trong cac dudng thang sau day, duong thang nao khong song song voi A'B' ?
A. AB. B. CD. C.CD'. D. SC.

Loi giai
S

Do A'B’' va SC khong dong phang nén A'B’ va SC khong song song nhau.

Cau 25: Cho tir dién ABCD Cac diém M, N 1an luot Ia trung diém BD, AD. Cac diémH, G lan luot
1a trong tam cac tam giac BCD ; ACD. Puong thaing HG chéo v6i dudng thiang nao sau day?
A. MN . B. CD. C.CN. D. AB.

Loi giai
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A
N
D B
o}
C
0 %zﬁzl = HG // AB. Xét tam giac ABD c6: MN // AB = HG // MN
OA OB 3

Talai c6: HGNCN =G nén HG va CD chéo nhau.

Cau 26: Cho hinh chép S.ABCD c6 day ABCD la mot hinh thang voi day AD va BC. Biét
AD=a,BC=Db. Goi | va J lan luot la trong tdm cac tam gidc SAD va SBC. Mit phang
(ADJ) cit SB,SC lan lugt tai M,N . Mt phang (BCI) cdt SA,SD tai P,Q. Khang dinh nao

sau day la dung?

A. MN song sonng véi PQ. B. MN chéo voi PQ.
C. MN cit véi PQ. D. MN tring véi PQ.
Loi giai
S
R Q

| ii |
B C
MN =(ADJ ) (SBC)
Ta c6: { AD  (JAD); BC < (SBC)= MN // AD // BC
AD // BC
PQ =(IBC)(SAD)
Tuong ty: { AD < (SAD); BC = (IBC)= PQ // AD // BC. Vay MN // PQ.
AD // BC
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & médi cau, thi sinh chon diing hoic

sai.

Cau 1:

Cau 2:

Cau 3:

Cho biét tinh dung sai ctia mdi phat biéu sau (xét trong khong gian):
a) Hai duong thiang khong c6 diém chung thi ching song song v6i nhau.

b) Hai dudng thang khong c6 diém chung thi chiing chéo nhau.

¢) Hai duong thing c6 diém chung thi chung cit nhau.

d) Hai duong thang khong thé ciing nim trén mot mit phang thi chung chéo nhau.
Loi giai

a), b) Sai: hai dudng thang khong c6 diém chung thi ¢6 thé 1a chung chéo nhau hoic song song
v6i nhau.

¢) Sai: hai duong c6 diém chung thi chung c6 thé cit nhau hodc trung nhau.

d) Pung: Hai dudng thang khong thé ciing nam trén mot méat phang thi ching chéo nhau theo
tinh chét co ban.

Trong khong gian cho ba duong thang a,b va ¢ phan biét. Xét tinh dung sai ciia cac phat biéu
sau:
a) Néu hai duong thang cting song song v6i dudng thiang tha ba thi ching song song véi nhau.

b) Néu hai duong thang cung chéo nhau voi duong thang thir ba thi ching chéo nhau.

¢) Néu duong thang a song song véi duong thang b, duong thang b va duong thang ¢ chéo
nhau thi duong thang a va duong thang ¢ chéo nhau hodc cat nhau.

d) Néu duong thang a cit b, hai duong thang b va ¢ chéo nhau thi a va ¢ chéo nhau hoic
song song voi nhau.

Loi giai

a) Pling: Néu hai duong thang cting song song voi duong thang thi ba thi chiing song song véi
nhau.

b) Sai: Vi néu hai dudng a,c chéo nhau va hai dudng b, c chéo nhau thi duong thing a va dudng

thang b c6 dén ba kha nang: chéo nhau, song song hoic cit nhau.

¢) Bing: Néu duong thing a song song voi duong thang b, duong thing b va dudng thang ¢
chéo nhau thi dudng thang a va dudng thang ¢ chéo nhau hoic cit nhau.

d) Sai: vi duong thang a co6 thé cit ca hai duong chéo nhau la b va c, tirc 1a duong thang a c6
thé cat dudng thang c.

Cho hinh chép S.ABCD c6 day 14 hinh binh hanh. Xét tinh dang sai ctia cac khing dinh sau:
a) AB song song CD

b) SA cit SC
¢) SA song song BC.
d) SC chéo nhau AB.
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Cau 4:

(P)~(ACD)=MN
13 <(P),CD = (ACD)= MN //13 //CD nén MN
13//CD

song song voi CD

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Loi giai

a) Bng: Ta c6 AB va CD cung nam trong mot mit
phang va khong c6 diém chung nén AB song song véi
CD (hai canh d6i ctia hinh binh hanh thi song song véi
nhau).

b) Pung: Hai duong thing SA va SC cit nhau tai S .

¢) Sai: Hai duong thang SA va BC khong dong phang,
vi viy SA va BC 1a hai duong thing chéo nhau.

d) bung: SC chéo nhau AB.

Cho tir dién ABCD ¢6 1,J theo thir ty 13 trung diém cia cac canh BC, BD. Goi (P) 1a mit
phang qua |,J va cat cac canh AC, AD lan luot tai hai diém M, N . Khi d6:

@lJ:ico
2
b) MN cit DC

¢) IUNM 1a mot hinh thang.
d) Dé 1JNM 12 hinh binh hanh thi M 1a trung diém cia doan AC .
Loi giai

a) Bang: Ta c6 1J 1a duong trung binh ctia tam giac BCD nén 1J //CD, 1J = %CD .

b) Sai: Khi do:

¢) bung: Khi do:
(P)n(ACD)=MN
1J =(P),CD < (ACD)= MN//1J//CD vi
1J//CD

vay IJNM 1a mdt hinh thang.

d) Bung: Theo cau a) ta c6: 13 //MN vi vay IINM 1a hinh binh hanh khi va chi khi 1J =MN.

Khi d6 MN :%CD, MN //CD.

Suy ra MN 1a dudng trung binh ciia tam giac ACD hay M la trung diém ctia doan AC .
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Cau 5:

Cho hinh chép S.ABCD c6 déy 1a hinh chit nhat. Goi M, N, E,F 1an luot 1a trong tAm cac tam
giac SAB,SBC,SCD va SDA. Goi M’,N’,E’,F'lan luot 14 trung diém caa AB,BC,CD,DA.
Xét tinh ding sai ctia cac khang dinh sau:

a) Hai duong thang MN va MN’ song song v6i nhau.

b) Hai duong thang MN va EF chéo nhau véi nhau.

¢) Hai duong thing MF va NE chéo nhau véi nhau.
d) T giac MNEF 1a hinh chir nhat.

Loi giai

SM 2 SN

a) bung: Ta co ——,—:E:>—
SM” 3 SN’ 3 SM'

SM_SN N mN (1),
SN

b) Sai: Tuong tu SE _ SF =g:> EF//EF' (2) va
SE' SF' 3

MN'"//AC
= MN'|| EF’ (3)

E'F'//AC
Tir (1),(2) va (3) suyra MN //EF

¢) bling: Chiing minh hoan toan tuong ty nhu trén ta cé

MN //MF’;MF'/INE";NE'/INE nén MF //NE

MN / /EF
nén MNEF

d) Sai: Tt giac MNEF c6
MF / /NE

12 hinh binh hanh.

Cho hinh chép S.ABCD c6 day ABCD 1a mét hinh thang v6i day 1on AD. Goi | va J lan luot
1a trong tim cac tam giac SAD va SBC . Mit phang (ADJ) cat SB,SC lan luot tai M, N . Mat
phang (BCI) cat SA,SD tai P,Q. Xét tinh ding sai ciia cac khang dinh sau:
a) Hai duong thang AD va BC song song v&i nhau
b) Piém | nam trén duong thang PQ
¢) Hai duong thing MN va BC chéo nhau
d) Hai duong thang MN va PQ song song véi nhau
Loi giai
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S

AD c (SAD)

BC — (IBC)
AD||BC
(SAD)(IBC)=PQ

a) bung: Taco | €(SAD)= 1 €(SAD)N(IBC) nén

b) Pung: = PQ||AD||BC (1) va | ePQ

AD c (ADJ)

BC < (SBC)
AD||BC
(SBC)(ADJI)=MN

c) Sai: Tuong tw J € (SBC)=J €(SBC)n(ADJ) nén

d) bung: MN || AD || BC va J € MN suy ra MN || PQ .
PHAN IIl. Cau tric nghiém tra 1&i ngan

Cau 1: Cho hinh chép S- ABCD c6 day la hinh binh hanh, AC va BD cat nhau tai O. Goi | 14 trung
diém cia SO . Mat phang (ICD) cét SA,SB lan lugttai M va N.Cho AB =3 khi d6 hay tinh

d6 dai doan thang MN .
Loi giai
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Cau 2:

Cau 3:
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Trong mit phing (SAC) ta kéo dai CI cit SA tai M ;
trong mét phang (SBD) ta kéo dai DI cat SB tai N .
Tir O ké duong thang song song voi IM , cit SA tai H .

Tam gidc SHO ¢6 | 13 trung diém SO va IM //HO nén
IM 1a duong trung binh cia ASHO

Suy ra M 1a trung diém SH hay SM =MH .

Tuong tu: OH 1a dudng trung binh cta tam gidc ACM
nén H 1a trung diém cua AM

Suy ra MH =HA.
Tu d6 ta dwoc SM = MH = HA nén SM :%SA.

Chirng minh tuong ty ta cling dugc: SN = %SB .

Ap dung dinh ly Talet trong tam gidc SAB ta dugc MN //AB va MN = % AB =1.

Cho tir dién ABCD va ba diém P, Q, R lan lugt liy trén ba canh AB, CD, BC. Cho PR// AC
va CQ =2QD. Goi giao diém ctia AD va (PQR) la S. Khi d6 AD =kDS. Tim gia tri ctia k .

Loi giai

Goi | 1a giao diém cua BD va RQ. Néi P véi I, cat AD tai S.
Ta co ﬂ.ﬁ.gzl ma g:2

IB'RC QD QD
DI BR 1 DI 1RC
——— e o — ==
IBPRC 2 IB 2BR
Vi PR song  song  Voi AC suy

RC_AP_ DI _1AP
BR PB IB 2 PB
Laico o DL BP y  SA L AP R e A5, AD=3DS nén k=3.

SD IB PA SD 2 PB PA SD
Cho hinh chop S.ABCD c¢6 day 1a hinh binh hanh. Goi M, N lan lugt 14 trung diém ctia AB,
AD va G la trong tim tam giac SBD. Mit phang (MNG) cit SC tai diém H . Tinh 2—2

Loi giai
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S

Trong mit phang (ABCD) goi E=MN nAC.

Trong mit phing (SAC) goi H=EGNSC.

= H =SCn(MNG).

. |H eEG;EGc(MNG)
Ta co:
HeSC

Goi |, J lan luot 13 trung diém cua SG va SH .

Xét AACI c¢6 EH /I Al :>C—H=C—E=32>0H —3HJ.
HJ EA
Laicd SH =2HJ nén SC =5HJ . Vay %2520,4.

Cau4: Cho hinh chép S.ABC. Bén trong tam gidc ABC ta ldy mot diém O bat ky. Tir O ta dung céc
dudng thang 1an lugt song song voi SA,SB,SC va cit cac mit phang (SBC),(SCA),(SAB) theo

thir tu tai A,B',C’". Khi d6 tong tisd T = OA OB 0C bang bao nhiéu?
SA SB SC
Loi giai
A
P
B M C
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Goi M,N,P lan luot 14 giao diém cia AO va BC, BO va AC, CO va AB.

Ta co OA = MO = Semo — Semo — Scmo + Sewmo _ Sosc
SA MA" Scun Semn Sown*Sewa  Spec
OB' _NO _ S, _ Sco _ Sao*Scwo _ Souc
SB NB S, Scus SaeTScns Sasc
oC’ - PO — Sapo — Sgpo _ Sapo + Sepo _ Song
SC PC S,c Sec Spc+Ssc  Sasc
Tedds T = OAI+ OB’ + oc _ SOBC + SOAC + SOAB — SABc —

SA SB SC S,
Cau5: Cho hinh chop S.ABCD c¢6 day ABCD la hinh binh hanh tim 0. Goi M , N lan luot 1 trung

S ABC S ABC S ABC

X , . . . - 2 , o« Z a2z Sl a
diém cta sC, OB. Goi | la giao diém cua SD va mat phang ( AMN ). Khi do ti s6 ST

b

A P S CE P , cr 1R ,
Vol o 13 phan s6 t6i gian va a,b € Z . Tinh gié tri biéu thic a +b.

Loi giai

Trong (SAC) goi G=SONAM .

Trong (SBD) goi | =NGNSD =1 =SD~ (AMN).

Trong (SCD) ké cP//MI (1) =Ml 1a duong trung binh cia
ASCP=SI = IP (3).

Trong (SBD) ké PE//NI(2) nén tr (1)
(2)=(PEC)//( ANMI).

Ma (ABCD) (CPE)=CE va (ABCD)~(ANMI)= AN
O _OA_

= CE//AN > —=1.
oC

—OE=NO= %OB = %OD —E la trung diém cia
OD va DN =3DE.

DP DE 1 1 2

Xét ANID c6 PE//NI=> —=——=-=DP=ZDI= IP==DI (4).
DI DN 3 3 3

\ ‘ 2 sl 2, :

Tu(3)va(4):8l=§DI:E=§nena=2,b:3:>T:a-|—b=2-|-3=5.
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Cau 6: Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi A’ 14 diém trén SA sao cho

A’A:1
2

A'S . Qua A’ ké duong thang song song voi AC cit SC tai C’ ~Mat phéng () chua

. A . , e S SB SD
A'C’ cat cac canh SB, SD lan lugt tai B', D’. Tinh gia tri ciia biéu thuc T =

SB' SD'

Loi giai

Goi O la giao cia AC va BD thitacé O la trung diém ciia doan thang AC va BD.
Céc doan thang SO, AC’, B'D' dong quy tai I .

& S .l W .
Ta co: SSA-| +SSCf| :SSA'C'<:> SA'l + SC1 _ “SAC SA'l SCl

SSAC SSAC SSAC 28SAO 25SCO

- SSA’C’

S SAC

= — —=——
2SA SO 2SC SO SA SC 250

s¢’ SA SC _, SO
SA SC

SA Sl sC’" Sl _sAsc’ . Sl (SAT SC') SA sC'
+ = & T St =2,
SA SC sSA sc' sl

SB  SD SO
Tuong ty: —+—=

SB' SD' S

Ta co: A’C'//AC:>%=SC 3:>§+£:SA+£=§+§:3
SA SC' 2 SB" SD' SA’” SC' 2 2
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