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BAI @ PUO'NG THANG VA MAT PHANG SONG SONG
——

IY.Y Y LY THUYET CAN NHO

Pwong thang song song v&i mit phang
Cho duong thang d va miat phang (). Néu d va («) khong c6 diém chung thi ta néi d song song véi
(o) hay (a) songsong véi d vakihi¢ula d / (er) hay () /7 d.
Ngoai ra:
e Néud va (a) c6 mot diém chung duy nhat M thitanéi d va ((x) cit nhau tai diém M va ki
higu d N (a)={M} hay d N (a)=M.
e Néud va (&) c6 nhiéu hon mét diém chung thi ta néi d ndm trong (&) hay (&) chira d va ki

hiéu d = (a) hay (a)>d.

d
d
d| (a) dn (@) = {M}\ dC (a)

Nhén xét:
e Hai duong thang song song 1a hai dudng thang dong phang va khong c6 diém chung.
e (o diing mot mat phiang chira hai duong thang song song.

e Hai duong thang khong c6 diém chung thi ¢6 thé song song hodc chéo nhau.

Piéu kién va tinh chat ctia dwong thang song song véi mit phang

Tinh chit 1: Néu duong thang a khong nam trong mit phang (P) va song song voi mot duong thing nim

2/

trong (P) thi a song song véi (P).

a/ld
Ki hiéu: { =al/l (P)

d C(P)

Tinh chét 2: Cho duong thiang a song song v4i mit phang (P) . Néu mat phang (Q) chira a va cat (P)

theo giao tuyén b thi b song song véi a.
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all (P)
Ki hiéu: aC(Q) =allb
(P)n(Q)=b

Chii y 1: Néu hai mit phang phan biét ciing song song véi mot duong thing thi giao tuyén cua chung ciing

song song voi dudng thing do. p
d d
d// a)
: _../
Ki hiéu: 1d // ﬂ) =d/d et
(@ (p)=a NG

Chii y 2: Cho hai duong thang chéo nhau. Cé duy nhat mot mat phing chira dudong thang nay va song song
v6i dudng thang kia.

b

—
A=/

IR :Y S PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Nhan biét va chidng minh dudng thang song song véi mat phang
Phuwong phap: Dé chimg minh duong thang d song song véi mit phang (P) ta chiing minh d khong

ndm trong (P) va song song véi mt duong thing a nao d6 nim trong (P).

d

BAI TAP TU LUAN

Bai tap 1: Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Chtiing minh rang AB // (SCD)
Loi gidi
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Néu dudng thang AB va mit phang (SCD) ¢6 diém chung 1a M thi diém M S

ndm trén ca hai mit phing (ABCD) va (SCD) suy ra diém M nam trén CD.
Do d6 M 1a diém chung cta hai duong thing AB va CD.

Diéu nay khong xay ravi AB//CD.

Véay AB//(SCD).

D
Bai tip 2: Cho ba dudng thang a,b,c d6i mot song song véi nhau va khong cling nam trong mot mit phang
Chimg minh ring duong thing a song song v6i mit phang (b, c)

Loi gii /
Ba duong thang a,b,c khong cung nam trong mot mat phang nén
duong thang a khong nam trong mp(b,c). Vi duong thang a / /
song song v&i duong thang b va dudng thang b nim trong

mp(b c)nén duong thang asong song voi mat phang b c) ¢

Bai tap 3: Cho hai hinh binh hanh ABCD va ABMN khong dong phang. Xac dinh vi tri twong ddi cua
mit phang (ABCD) lan lugt véi cac duong thang CD,BD va BN

Loi giai

Néu CD c6 diém chung O véi (ABMN) thi O thudc giao

3 A
tuyén AB ctia hai mp (ABCD) va (ABMN) suy ra CD
cit AB (mau thuin véi gia thiét ABCD 14 hinh binh hanh). \ B
BDc6 mét diém chung duy nhat B véi (ABMN) suy ra
BD cit (ABMN )tai B
D C

BN c6 hai diém chung B va N véi (ABMN) suy ra
BN — (ABMN).
Bai tp 4: Cho hai diém A, B cung thudc mit phiang (P) va mét diem C khong thude (P). V& dudng
thing d, di qua A B; d, di qua C va song song AB. Tim s6 diém chung ciia mdi duong thang vira v&
voi (P). Xét vi tri twong dbi cua mit phang (P)lan lugt déi véi cac dudng thang d,,d,,d,.

Loi giai

Dudng thing d, chira hai diém A, Bthudc (P), vay d, = (P).

Duodng thang d, khong nam trong (P), vi ¢ chtra diém \c dy
C khong thude (P). Mit khéc, d, lai co diém A chung

véi (P), suyra d,cat (P)tai A. A \ B
Dudng thang d, khong ndm trong (P) va song song véi r 5

duong thang d, ndm trong (P), suy ra d,//(P). da\

Bai tap 5: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi G,,G, 1an luot 14 trong tim cta
tam gidc ABC va SBC. Chimg minh G,G,//(SAB).
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Loi giai

Goi | 1a trung diém BC.
Xét tam gidc SIA ta co: 16,161 = G,G,//SA
A IS 3

G,G, « (SAB)
Do dé {GG,/ISA = GG,//(SAB).
SAc(SAB)

Bai tap 6: Cho hinh chép S.ABC c¢6 M la trung diém ciia AB. Goi (P)la mit phang chira CB va song
song v6i SA, (Q) 1a mt phiang chira CM va song song véi SA.

a) Tim giao tuyén clia hai mit phang (P)va (Q).

b) V& dudng thing b qua B va b//SA. Chimg minh b < (P).

Loi giai

a) Ta c6 hai mit phang (P)va (Q) cung ¢ diém chung C va cung
song song voi SA, suy ra giao tuyén ctia (P)va (Q) la duong thing |
a diqua C va allSA.

b) Taco: SA//(P) va Be(P), b 1a duong thang di qua B va b//SA

suyra bc(P). B
Bai tap 7: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Trén cic canh SB va AD lan luot
. . SN PD
lay cac diém N,P sao cho — = —. Ching minh NP//(SCD)
SB  AD
Loi gidi

Trong mit phing (SBC) ké NR//BC véi R e SC vaké RQ//SB
voi Q € BC thi ta co:
SN_SR . SR_BQ
SB SC SC BC
PD BQ

Két hop véi gia thiét SN _PD ta duoc BQ_PD suy ra
SB  AD BC AD

BQ=PD do BC=AD.

o . ~ INR//IBQ B ] O
Laico NR=BQ suyra NR=PD.Honnira tacé suy ‘
PD//BQ
ra NR//PD.
NP  (SCD)
Do d6 PDRN la hinh binh hanh nén NP//DR. Ta c6: { NP//DR = NP//(SCD)
DR c (SCD)
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Bai tip 8: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va M,N, E 1an luot 13 trung diém
cua cac doan théng AB,CD, SA (hinh duéi). Chirng minh rﬁng

a) MN song song v6i hai mit phang (SBC) va (SAD).

b) SB va SC song song v6i mit phiang (MNE).

Loi giai

a) Do M,N lan luot 1a trung diém cia AB,CD
suy ra MN//BC,MN//AD.

Tacé MN khéng ndm trong (SBC) va song song
véi BC ndm trong (SBC)

Suy ra MN//(SBC) va chiung minh tuong tu
MN //(SAD).

b) Do M,E lan luot 1a trung diém coa AB,SA

suy ra ME 1a duong trung binh tam gidc SAB
hay MN//SB.

Tacé SB khong nam trong (MNE) va song song
véi ME nam trong (MNE) = SB//(MNE).

Goi O la giao diém cia AC va BD do ABCD la hinh binh hanh nén O 1a trung diém cia AC

ma E la trung diém cua SA nén OE la duong trung binh cta tam gidc SAC = OE // SC

Ta c6 SC khong nam trong (MNE) va song song v6i OE ndm trong (MNE) = SC//(MNE).
Bai tap 9: Cho hai hinh binh hanh ABCD va ABMN khéng dong phang, x4c dinh vi tri twong dbi ciia mat
phang (ABMN) véi cac dudng thing CD,BD va BN .

Loi giai

Néu CD co6 diém chung O véi miat phang
(ABMN) thi O thudc giao tuyén AB cua hai o M

mit phang (ABCD) va (ABMN), suy ra AB N

cit CD (Mau thudn véi gia thiét ABCD 1a hinh A B

binh hanh). Vay CD//( ABMN ) 5 H

Duong thang BD c6 mét diem chung duy nhat

B v6i (ABMN) = BD cit (ABMN) tai B.

Puong thang BN c¢6 hai diém chung véi (ABMN) nén BN < (ABMN).
Bai tap 10: Cho hai hinh binh hanh ABCD va ABMN khéng cung nim trong mot phang. Goi M, N lan
luot 14 trong tAm ctia hai tam giac ABF va ABC . Chitng minh rang duong thang MN song song v4i mat
phang (ACF).

Loi giai
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Goi H,K lan luot 1a trung diém cia AF, AC F E
Ta co %=ﬂ=g:> MN //HK
BH BK 3

Ma HK < (ACF) va MN « (ACF) nén suy
ra MN//( ACF).

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.
Caul: Cho duong thang a va mit phang (P) trong khong gian. C6 bao nhiéu vj tri twong d6i cua a
va (P)?
A. 2. B. 3. C. 1 D. 4.
Loi giai

Cé 3 vi tri tuong d6i: a nam trong (P), a song song v6i (P) va a cat (P).

Cau2: Cho hai duong thdng phan biét a, b va mit phang (a). Giasir a/b, b/ (). Khi dé:
A. all(a). B.ac(a). C.acit(a). D. a/(a) hodc ac(a).
Loi gii
Ta c6: a//(a) hodc ac (a).
Cau3: Cho d//(a), mitphang (B) qua d cét () theo giao tuyén d’. Khing dinh ndo sau day ding?

A. d//d". B.d citd'. C. d va d’ chéonhau.D. d=d".
Loi giai

Tacé: d'=(a)n(B).Do d va d’ cing thude (B) nén d cit d’ hodc dl|d’.
Néu d cit d’. Khido, d cit («). Vay d|ld".
Cau4: C6 bao nhiéu mit phang song song véi ca hai duong thang chéo nhau?

A. 1. B. 2. C. 3. D. Vo sb.
Loi giai

6 | Ths. Lé Viét —- THPT Thing Long, Ha No6i — Phone (zalo): 0835.221183 - On thi cam két diém sé



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211

Cau 6:

Cau 7:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Goi a va b 1a 2 duong thang chéo nhau, ¢ 1a duong thiang song
song voi a vacit b.

Goi (a)=(b,c) do allc=al(a). Gia st (B)l(e) ma c
be(a)=bll(S). h ;

Mit khéc: all(e) = all(8) .

C6 vo s6 mit phang (B)l(«). Vay ¢6 vo sé mit phang song song véi 2 dudng thang chéo nhau.

Cho hai duong thang phan biét a, b va mit phang (a). Gia st all(e), bc (a). Khi do:

A. alb. B. a, b chéo nhau.
C. a||b hoac a, b chéo nhau. D. a,b cit nhau.
Li gidi.
a a

A= b=

Vi all(e) nén ton tai duong thang ¢ < («) théa man allc. Suy ra b, ¢ dong phing va xay ra cc

truong hop sau:

Néu b song song hoic trung véi ¢ thi ajjb.

Néu b cit ¢ thi b cit (8)=(a,c) nén a, b khong dong phang. Do d6 a, b chéo nhau.

Cho dudng thdng a ndm trong mat phang (o). Gia st b ¢ («). Ménh dé nao sau day diing?

A.Néu b||(c) thi blla. B.Néu b cat () thi b cit a. C. Néu bja thi bli(«).

D.Néu b cit («) va (B) chtra b thi giao tuyén ctia () va () la dudng thang cit ca a va b.
Loi gidi

A sai: Néu bl|() thi blja hodc a, b chéo nhau.

B sai: Néu b cit () thib cit a hodc a, b chéo nhau.

D sai: Néu b cit («) va () chira b thi giao tuyén clia () va () la dudng thang ct a hodc

song song voi a.

Cho hai dudng thing phan biét a, b va mit phang («). Gia st al|(r) va bll(a). Ménh dé nao

sau day dung?
A. a va b khong c6 diém chung.
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Cau 8:

Cau 10:

B. a va b hodc song song hoac chéo nhau.
C. a va b hodc song song hodc chéo nhau hodc cit nhau.
D. a va b chéo nhau.

Loi giai

Ta cd: a va b hodc song song hoac chéo nhau hoac cit nhau.
Cho mit phing (P) va hai duong thing song song a va b . Khing dinh nao sau day dung?
A.Néu (P) song song véi a thi (P) ciing song song véi b.
B.Néu (P) cit a thi (P) ciing cit b.
C.Néu (P) chtra a thi (P) ciing chira b.
D. Céc khang dinh A, B, C déu sai.
Loi giai.
Goi (Q)=(a.b).
Asai: Khi b=(P)n(Q)=bc(P).
C sai: Khi (P) = (Q)=b//(P).

Xét khang dinh B, gia sir (P) khong cat b khi d6 b < (P) hodc b//(P). Khi d, vi blla nén
ac(P) hoac a ct (P).
Cho hai dudng thang chéo nhau a va b . Khang dinh nio sau day sai?
A. C6 duy nhat mot mit phang song song véi a va b.
B. C6 duy nhat mét mit phang qua a va song song véi b.
C. C6 duy nhat mot mat phang qua diém M, song song véi a va b .
D. C6 v6 s6 duong thang song song voi a va cit b.
Loi giai.
C6 ¢6 vo sb mat phang song song véi 2 dudng thang chéo nhau.
Cho ba dudng thang d6i mot chéo nhau a, b, c. Goi (P) 1a mat phang qua a, (Q) 1a mt phiang
qua b sao cho giao tuyén ctia (P) va (Q) song song véi ¢. C6 nhiéu nhat bao nhiéu mit phiang
(P) va (Q) thoa man yéu cu trén?
A. Mot mit phang (P), mét mat phang (Q).
B. Mot mit phang (P), v s6 mit phang (Q).
C. Mot mit phang (Q), v6 s6 mit phang (P).
D. V6 sb mit phang (P) va (Q).

Loi giai.

Vi ¢ song song véi giao tuyén ctia (P) va (Q) nén c//(P) va c/l(Q)
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Cau 11:

Cau 12:

Ciu 13:

Khi d6, (P) 1a mit phang chira a va song song véi ¢, ma a va ¢ chéo nhau
nén chi c6 mot mit phang nhu vay.

Tuong tu ciing chi c6 mot mat phang (Q) chira b va song song véi . X

b
Vay c6 nhiéu nhat mot mat phang (P) va mot mat phang (Q) thoa yéu o \\@

cau bai toan.

Cho d//(a), mat phiang (B) qua d cit («) theo giao tuyén d’. Khang dinh nao sau day la

dang?
A.d catd'. B. d//d". C. d va d’' chéonhau.D. d=d'.
Léi gidi

Taco d' =(a)n(B).Do d va d’ cing thude (B) nén d cit d’ hodc d//d’.
Néu d cat d’ thi d cit (o) (mau thudn véi gia thiét).
Vay d//d’.

Trong khong gian, cho hai dudng thang phan biét a, b va mit phang (P) . Nhirng ménh d¢ nao
sau day la dang?
A.Néu a va (P) c6 diém chung thi a khong song song véi (P).

B.Néu a va (P) c6 diém chung thi a va (P) cét nhau.
C.Néu a song song v6i b va b nam trong (P) thi a song song véi (P).
D. Néu a va b song song véi (P) thi a song song véi b.
Loi giai
Ménh d¢ “Néu a va (P) c6 diém chung thi a khong song song véi (P)” ding.

Ménh dé “Néu a va (P) co6 diém chung thi a va (P) cét nhau” sai.

Ménh dé “Néu a song song v6i b va b ndm trong (P) thi a song song véi (P)” sai vi a va

b ¢ thé cung thude (P).
Ménh d¢ “Néu a va b song song v6i (P) thi a song song véi b sai.

Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Puong thing AD song song v&i mit
phing nao trong cac mit phang dudi day?
A. (SBC). B. (ABCD). C. SAC). D. (SAB).

Loi giai

Do AD|| BC,AD « (SBC),BC = (SBC) nén AD ||(SBC).
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Cau 14:

Cau 15:

Ciu 16:

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi A',B’ lan luot Ia trung diém ciia SA, SB.
Puong thang A'B’ song song v&i mit phang nao sau day?
A. (SAB). B. (SBC). C. (scD). D. (SAD).

Loi giai

Vi A'B’ song song v&i AB va AB song song vdi CD nén A'B’ song song vdi CD.
Hon nita, A'B" khong chtra trong (SCD) nén A'B’ song song véi (SCD).

Cho tr dién ABCD. Goi G,,G, lan luot 1a trong tdm tam giadc BCD va ACD. Ménh dé nao sau

day sai?
A. GG, [|(SAB). B. GG, ngB.
C. GG, || (ABC). D. Ba duong BG,, AG,,CD dong quy.

Loi giai

Goi M 1a trung diém ctia CD. A
Do G,,G, lan luot 1 trong tim tam gidc BCD va ACD nén ta c6

MG, =M_62:1:>Gl(32 I AB,GlGZ _1
MB MC 3 AB 3 B« b

Do GG, | AB = GG, || (ABD) vi GG, [|(ABC). M
Dé thdy, ba duong BG,, AG,,CD ddng quy tai M. Vay ménh dé

"GG, = % AB" 1a ménh dé sai.

Cho hai mit phang («),(f) catnhau va ciing song song v6i duong thang d. Khang dinh nao sau
day la dang?

Loi giai
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Do d khong ndm trén mét phang (e ),(3) nén giao tuyén khong thé tring véi d.

Theo tinh chét giao tuyén, ta c6 giao tuyén song song vai d.

Cau 17: Cho ta dién ABCD. Goi G la trong tam tam gidc ABD. M la diém trén canh BC sao cho
MB = 2MC . Khi d6 dudng thing MG song song véi mit phing nao dudi diy?
A. (ACD). B. (BCD). C. (ABD). D. (ABC).

Loi giai

A

&)

. B BM 2
Goi E la trung diém AD . Xét tam gidc BCE c¢6 S _ P nén suy ra MG || (ACD).
BE BC 3
Cau 18: Cho hinh hop ABCD.AB'C'D’. Goi M 1a diém trén canh AC sao cho AM =3MC. Léy N trén
canh C'D sao cho C'N =xC'D. Vi gia tri ndo cia x thi MN || BD'.

Ax=2. B. x=2. c.x=12. D.x=1.
3 3 4 2

Loi giai

Tir gia thiét, ta co M 1a trong tAm tam giac BCD.

; . B i
Goi O,1 lan lugt l1a trung diém cia AC va DD'. Khi do, ta cé i
BD' || (1AC). i .
Trong (CDD'C') goi N'=Cl AC'D khi d6 N’ la trong tam tam s C— S
giac CDD'. A e
B [
CM 2 CN’ 2
Dodé ——=%=""— MN'||Ol ma Ol ||BD' nén MN ||[BD'. Vay N'=N va x=2<.
cCO 3 ClI 3

Cau 19: Cho ba dudng thing doi mot chéo nhau a, b, ¢. Goi (P) la mat phiang qua a, (Q) 1a mét phang
qua b sao cho giao tuyén ctia (P) va (Q) song song véi ¢. C6 nhiéu nhat bao nhiéu mit phiang
(P) va (Q) théa man yéu cau trén?

A. M6t mit phang (P), mot mat phang (Q).  B. Mot mit phiang (P), vo sé mat phang (Q).
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Cau 20:

Cau 21:

Cau 22:

C. Mot mit phing (Q), vo sé mit phang (P). D. V6 sé mat phang (P) va (Q).

Loi giai

Vi ¢ song song véi giao tuyén cta (P) va (Q) nén c//(P) va c//(Q). \‘

Khi d6 (P) 1a mit phang chira a va song song voi ¢, ma a va ¢ chéo a
nhau nén chi c6 mdt mit phiang nhu vay. \

Tuong tu cling chi c6 mot mt phing (Q) chita b va song song véi ¢ b
‘ () \\@

Vay c¢6 nhiéu nhat mot mit phang (P) va mot mit phang (Q) thoa

yéu cau bai toan.

Cho hinh chép tir gidc S.ABCD. Goi M va N lan luot 1a trung diém ciia SA va SC. Khing
dinh nao sau day dung?
A. MN//(ABCD). B. MN// (SAB). C. MN// (SCD). D. MN // (SBC).

Loi giai
Xét tam giac SAC ¢6 M, N lan lugt 14 trung diém cia SA, SC.
Suy ra MN // AC ma AC — (ABCD) = MN //( ABCD).
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh, M va N 14 hai diém trén SA, SB
sao cho — —=%. Vi tri twong ddi gitta MN va (ABCD) la:

A. MN nim trén (ABCD). B. MN cit (ABCD).
C. MN song song (ABCD). D. MN va (ABCD) chéo nhau.

Loi giai
SM SN
Theo dinh li Talet, ta c6 A = B suy ra MN song song véi AB.

Ma AB ndm trong mit phang (ABCD) suy ra MN //( ABCD).

Cho tr dién ABCD. Goi G la trong tam cua tam gidac ABD, Q thudc canh AB sao cho
AQ =2QB, P latrung diém cua AB. Khing dinh nao sau diy dung?

A. MN//(BCD). B. GQ//(BCD).
C. MN cét (BCD). D. Q thuoc mit phang (CDP).
Loi giai
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Cau 23:

Cau 24:

A

C

Goi M 1a trung diém ciia BD. Vi G 1a trong tim tam giac ABD = % = %

Diém Q € AB sao cho AQ=2QB<:>A—Q=E:>£=A—Q:>GQ//BD.
AB 3 AM AB

Mt khac BD nam trong mét phiang (BCD) suy ra GQ//(BCD).

Cho hai hinh binh hanh ABCD va ABEF khong cuing ndm trong mot mit phang. Goi O, O, lan
luot 12 tim cia ABCD, ABEF. M la trung diém caa CD. Khang dinh nao sau day sai?

A. 00, //(BEC). B. 00, //( AFD).
C. 00, //(EFM). D. MO, cit (BEC).
Loi gidi

Xét tam giac ACE c¢6 0,0, lan luot 13 trung diém cua D
AC, AE.

Suy ra OO, la duong trung binh trong tam giac ACE
= 00, //EC.

Tuong tu, OO, la duong trung binh cua tam giac BFD nén
OO0, // FD.

Vay 00, /(BEC), 00, //( AFD) va OO, //(EFC). Cha y ring: (EFC)=(EFM).

Cho to dién ABCD. Goi M, N, P,Q,R,S theo tht tu la trung diém cua céc canh
AC, BD, AB, CD, AD, BC. Bén diém nao sau diy khong dong phing?
A. P,Q,R,S. B. M, P, R, S. C.M,R, S, N. D. M, N, P, Q.

Loi giai
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Cau 25:

PHAN ILI.
sai.

Cau 1:

Theo tinh chit ciia dudng trung binh cua tam giac ta co

PS//AC//QR suyra P,Q, R, S dong phang

Tuong tu, ta c6 dugc PM//BC//NQ suy ra P, M, N, Q
ddng phang.

Va NR//CD//SN suyra M, R, S, N ddng phang.

Cho hinh binh hanh ABCD. V¢ céac tia Ax,By,Cz, Dt song song, cung huéng nhau va khong
nam trong (ABCD). Mit phang (a) song song véi AB, va cit AX,By,Cz,Dt lan lugt tai cdc
diém A,B’,C’,D’. Biét O la tam hinh binh hanh ABCD, O’ 1a giao diém cia A'C’' vaB'D'.
Khang dinh nao sau day sai?
A. AB'C'D’ 1a hinh binh hanh.
C. AA=CC’' va BB'=DD'.

B. (AABB)//C'D'.
D. OO'// AN
Loi gidi

a Il AB
Ta co: = AB'//AB //CD
a n(ABBA) = AB' r ¢
! z
Y :
AB' //CD : ,
= Ny ,=—CD'//AB'= C'D' Il (AAB'B) ! f---aD
a~(DD'C'C)=CD AL e
D& thiy CD//AB/ABICD theo ciu A mi L7 L — ¢’
AA' // BB /| CC' /| DD’ !
= AA'B'B,CC'D'D, ABCD 1la cac hinh binh hanh i
Apo LD
= AB'//C'D,AB' =C'D’ suy ra AB'C'D’ l1a hinh binh hanh K
Mit khac: O,0" lan luot 14 trung diém cua AC, AC’ nén OO’ 1a /'
duodng trung binh trong hinh thang AA'C'C do @6 OO'// AA . C

B

Cau trac nghiém dung sai. Trong méi y a), b), c), d) & méi cau, thi sinh chon ding hoic

Cho mit phang (P) va hai duong thang song song a va b . Xét tinh diing sai ciia cac khang dinh
sau:

a) Co6 vo sO mat phang chira duong thang a ma khong chira duong thang b

b) Néu mit phang (P) song song v6i dudng thing a thi mat phang (P) ciing song song véi
duong thing b .

¢) Néu mit phang (P) cit duong thang a thi mat phiang (P) ciing cit dudng thang b .

d) Néu mit phang (P) chita duong thang a thi mat phang (P) ciing chita duong thang b .
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Cau 3:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Loi giai
a) Blng: C6 v6 sb mit phang chira dudong thang a ma khong chira dudng thing b
b) Sai: Néu mat phang (P) song song véi dudng thang a thi mit phang (P) c6 thé song song
hodc chtra duong thang b .
¢) Pung: Néu mit phang (P) cit duong thing a thi mit phang (P) ciing cdt dudng thang b.
d) Sai: C6 vo s6 mit phang chira dudng thing a ma khong chira duong thang b (a,b 1a hai
duong thang song song).

Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh tam O. Goi M,N lan luot 14 trung

diém cac canh AB va CD, P la trung diém canh SA. Xét tinh dling sai cua cac khang dinh sau:

a) MN / (SBC) b) MN / (SAD)
¢) SBcit voi mat phang (MNP) d) SC cét v6i mit phang (MNP)
Loi gii

a) Pung: Vi MN 14 duong trung binh cta hinh binh hanh
ABCD nén MN 7/ BC

Mit khac: BC = (SBC)= MN 7 (SBC).
b)bung:
Tuongty: MN 7/ AD, AD = (SAD) = MN / (SAD).

c¢) Sai: Ta c6 MP 1a duong trung binh cua tam gidc SAB
nén SB// MP

Mit khac: MP < (MNP) nén SB /#/ (MNP).
d) Sai Tuong ty OP 14 dudng trung binh cua tam giac SAC nén SC // OP

Mt khéc: OP  (MNP) nén SC # (MNP).

Cho hai hinh binh hanh ABCD va ABEF khong cting ndm trong mot miat phing va co tim lan

luotla O va O'. Goi M, N 1an luot 14 hai diém nam trén cac canh AE,BD sao cho AM :%AE

1 .
va BN = 3 BD . Xét tinh dung sai cua cac khang dinh sau:

a) OO’ song song v6i mit phiang (ADF ) b) OO’ cét mit phang (BCE)
BN 2 e ey 1.2
c) 03 d) MN song song v6i mat phang (CDFE).

Loi giai
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Cau 4:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

a) Bung: Ta c6 OO’ 1a duodng trung binh
cua tam giac BDF nén OO’ // DF

Miat khac DF c(ADF) suy ra
OO’ / (ADF)

b) Sai: Tuong ty OO’ la duong trung

binh cta tam giac ACE nén OO’ // CE
ma CE c (BCE) suy ra OO’ // (BCE)

¢) Sai: Trong mit phang (ABCD) goi | = AN NCD. Do AB/ CD nén % = % = %

d) bung: Mit khéc: AM 21:>ﬂ :ﬂz MN //IE ma IE = (CDFE) = MN / (CDFE).
AE 3 Al E

Cho hinh chép S.ABCD didy ABCD la hinh binh hanh. Goi 1,J lan luot 13 trong tAm cta tam

gidc SAB va SCD;E,F lan luot la trung diém ctia AB va CD. Xét tinh dting sai ciia cac khang

dinh sau:
SJ 2
a) — =— b) 1J # (ABCD).
) SF 3 ) ( )
b) BC song song véi cac mit phang (SAD),(SEF) d) BC cit mit phang (AlJ)

Loi giai

a) Pung: Do 1,J lan luot 13 trong tAm cua tam giac
SAB va SCD nén

L
SU_3) 213/ EF maEF < (ABCD) = 1J / (ABCD)
SE SF 3
SI 8] 2 \
b) Ping: — == === 1J/ EF ma EF — (ABCD)=> IJ / (ABCD)

c) bung: Vi BC /7 AD,AD c (SAD) = BC/ (SAD).
d) Sai: Vi EF la duong trung binh cta hinh binh hanh ABCD nén BC // EF, EF < (SEF)

= BC // (SEF).
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Cau 5:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Taco: 1J /EF,EF #BC=BC/1J ma IJ = (AlJ)=BC/(AlJ).

Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh chir nhat. Goi G 1a trong tam tam gidc SAD va
E 1a diém trén canh DC sao cho DC =3DE, | 1a trung diém AD. X¢ét tinh diing sai ciia cac

khang dinh sau:
a) Ol song song v&i mit phang (SAB) b) Ol song song véi mit phang (SCD)
¢) IE song song v6i AC d) GE 7/ (SBC)
Loi gidi
0] SAB), AB — (SAB
) Diing: Ta o6 {0 & (SAB)AB=(SAB) _ o / (SAB)
Ol /7 AB
0] SCD),CD < (SCD
Tuong tu “( ) = ):>OI /1 (SCD).
Ol 7CD
b) bung: Vi ﬂzl;ﬁl:E nén IE khong song
DA 2 3 DC

song vé6i AC. Trong hinh chit nhdt ABCDta goi
P=IENBC = P=IEN(SBC).

Goi K 1a trung diém ctia BC va G’ la trong tAm tam
giac SBC.

SG' SG GG 2
Khi do =—= =— suy ra G'G /Kl //CE
SK Sl KI 3

:>G’G=EKI ZECDzCE.
3 3

Do dé tir gidc G'GEC 1a hinh binh hanh suy ra CG' // CE = CG // (SBC).

PHAN IIl. Cau tric nghiém tra I&i ngan

Cau 1:

Cho hinh chép S.ABCD day la hinh binh hanh tim O. Piém M thudc canh SB. Biét
, M
OM // (SCD). Tinh ti s6 cua i/I_B'

Loi giai
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Cau 2:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Trong mit phing (SBD) xét hai dudng thing OM va SD.
Vi SD < (SCD) va OM # (SCD) nén OM ~SD = hay OM / SD.

: M
Suy ra OM la duong trung binh ctia tam giac SBD nén M 1a trung diém SB hay i/I_B =1.
Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Mt phing («) qua BD va song
song v6i SA, mit phing (&) cit SCtai K. Biét rang SK =m.KC thi gid tri cia m bang bao
nhiéu?
Loi gidi

Goi O 1a giao diém cia AC va BD. Do mit phang («) qua BD nén O €(a).
Trong tam gidc SAC ké OK song song SA (K € SC).

(a) /1 SA
Do {OK // SA= OK ()= SC m(a):{K}.
Oe(a)
OK // SA

Trong tam giac SAC ta cb = OK 1a duong trung binh
OA=0C

cua ASAC.
Vay SK =KC nén khi do m=1.
Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang v4i AB 1a day 16n. Biét AB=5a,CD =2a

, > ES m .. m C oz . s
. Goi E la diém thudc canh SB thoa man EB =— voO1 — la phan s6 to1 gidn. Biét rang CE
n n

song song v6i mat phang (SAD). Gid tri cia 2m+3n bang

Loi giai
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Goi H 1a giao diém cia AD va BC trong mdt phang (ABCD).

Theo hé qua Talet ta c6: H_C=C_D 2
HB AB 5
CE —(SBH)
Ta c¢6: <CE/(SAD) — CE / SH
(SBH)N(SAD)=SH
:>SE HC 2 SE—ESB
SB HB 5 5
:>E—S=g:>2m+3n:13.
EB

Cau4: Cho hinh chép S.ABCD c6 day ABCD Ia hinh binh hanh. Goi G 1a trong tam cua tam giac

.2 m . m L. SA, 2
ABC va E la diém thudc canh SA thoa man SE = —.SA véi — la phan sO toi gian. Biét rang
n n
GE song song véi mit phang (SCD). Gié tri cia mn béng

Loi giai

Goi M 1a trung diém cua BC, F la giao diém cua
AM va CD trong mit phang (ABCD).

Theo dinh ly Talet, ta co:
MA MB
MF  MC
AF

=1=MA=MF = M Ia trung diém cua

AG _ AG;
3

GE / (SCD) = GE // SF
(SAF) SCD) SF
= AE

GE c SAF
Ta

AE AGl

= — ——AS
AS AF 3 3

:SE:gSA:mzzzm.n:&
3 n 3

Cau5: Cho hinh chép S.ABCD c6 ddy ABCD 1la hinh thang v61 AD /7 BC va AD=2BC. Goi E la
diém thudc canh BC sao cho BC =4BE. Léy F thudc canh SA sao cho FA=K.FS . Biét rr:ing
EF song song v6i mit phiang (SCD) . Khi d6 gia trj cua k bang. (Iam tron dén hang phan trim)

Loi giai
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Goi H la giao diém cia AE va CD trong mit phiang (ABCD).

Theo hé qua Talet, ta co: HE = CE = 3
HA AD 8
EF < (SAH)
Ta co: EF /7 (SCD) = EF // SH

(SAH ) (SCD) = SH
:>S—F=E:§:>SF=§SA
SA° HA 8 8

:>FA=§FS:>k=§zl,67
3 3

Cho hinh chép S.ABCD c6 ABCD la hinh binh hanh. Goi G 1a trong tdm cua tam gidc SAC.

Mot mit phang song song véi AC va BD cat SA,SB 1an luot tai M va N. Ti sb A_II;I

bang. (1am tron dén hang phan tram)
Loi giai

>MG/AC = —=—=—.
SA 3

(MNG) /7 AC SM SG 2
MG  (SAC) SO

MNG) 7 BD
WMNG)TED g ropo N 6.2

NG < (SBD) D SO

B
M SNz wnsaos N SM_2
3 AD 3

Tuong tu do {

Xét tam gidc SADCO — =—=
SA S

HET:
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