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Dang 2: Tim giao tuyé&n cua hai mat phang. Xac dinh giao diém cua dudng

thang va mit phang bang cach ké song song

(@) 7 (B)
Phuong phap: D¢ xéc dinh giao tuyén cta hai mit phing ta sir dung tinh chéat {(y)n(a)=a=a/b
A

(¥)n(B)=b

e D¢ tim giao diém cia duong thing a va mit phang (P) . Ta can tim mot mit phang (Q) chura
dudng thang a va cit mat phang (P) theo giao tuyén la dudng thang A . Khi d6 giao diém cua
duong thang a va A chinh 1a giao diém cua dudng thang a va mit phang (P) :

BAI TAP TU LUAN

Bai tap 1: Cho hinh chop S.ABCD day ABCD la hinh binh hanh tdm H . Mat phéng (P) diqua H va
song song voi (SAB). Tim giao tuyén cua:

a) Mit phang (P) va mit phing (ABCD).

b) Mit phéng (P) va mit phing (SBC) .

Loi giai

a) Giao tuyén ctia mat phang (P) va mit phang (ABCD).

Ta co:
(P)//(SAB) EF quaH
(ABCD)m(SAB):AB@(P)m(ABCD):EF VG EF /7 AB
(P)m(ABCD):H EeBC,FeAD

b) Giao tuyén ciia mat phang (P) va mit phing (SBC) .
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(P)#(SAB)
Tacé: {(SBC)(SAB)=SB < (P)n(ABCD)=EK vé’i{

(P)~(SBC)=E

EKNSC =K
EK 77 SB

Bai tap 2: Cho hinh chop S.ABCD c6 day ABCD 14 hinh binh hanh. Goi M 1a diém bat ky trén AB . Goi
(@) 1a mat phang qua M va song song véi (SBC). Tim giao tuyén cta () véi cat mat ciia hinh chép.

Loi giai

() (SBC)
Ta c6: 4(SBC)n(ABCD)=BC
()~ (ABCD) =M
MN NCD =N

@(a)m(ABCD) MN VO’I{
MN /# BC

() (SBC)
Mgt khac {(SBC) (SCD) sc
(@)(SCD) =N
& (@) (SCD)=NP vm{:Emg’g i
() (SBC) A
Hon nira {(SBC) (SAB) SB < (o) (SAB) = MQ v6i {mg” ;’é Q
() (SAB) =M

Suy ra (P) m(SAD) =PQ.

Bai tp 3: Cho hinh hop chit nhat ABCD.AB'C'D’. Goi M,N,P lan luot 13 trung diém cua cac canh
AB, AD, A'D’. X4c dinh giao tuyén ciia (MNP) va céc mat (A'B'C'D’),(AA'B'B).

Loi gidi
D
Taco M,N,P lan luot 1a trung diém céc canh
AB,AD,AD'.
MN // BD /7 B'D’ ,
= = (MNP) / (BDD'B’) [
NP /7 AA" /1 DD’
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(MNP) / (BDD'B') {

PQAAB =Q

: ': BDDIBI AIB! rDr — BID! MNP A!Br !Dr — P r.:

(MNP)N(AB'CD)=P

Bai tip 4: Cho ttr dién ABCD ¢6 G la trong tam tam giac BCD. Biét mit phing () chira BG va song
song voi duong thing AC . Tim giao diém K cua AD va mit phang (a).

Loi giai
A
Goi | 14 trung diém cua CD. Ta c6
l e (a) e (ACD)
AC 1/ (ax) = ()" (ACD)=Ix/ AC.
AC = (ACD)

Trong mit phang (ACD) goi IXNAD =K. Taco
{K e AD I

KeIXc(a):Ke(a):KzADm(a) I

Bai tip 5: Cho hinh chép S.ABCD c6 day ABCD I hinh thang c6 day 16n 1a AB. Goi M 1a mot diém
trén CD va (a) 1a mat phang qua M va song song véi SA va BC . Tim giao diém Q ciia SC va (a).
Loi giai

M e(a)m(ABCD)
:(a)m(ABCD): MN /# BC va N € AB.

BC,BC ABCD
- {(a)ﬂ = (ABCD)

Goi | 1a giao diém cua AC va MN taco
SA/ () /
SAC(SAC) :>(a)m(SAC): Ix /7 SA.
| (&)~ (SAC)

e
=

Trong mit phang (SAC) goi Q 1a giao diém ciia Ix va SC.
Qe IXc(a):> | e(a)

Ta co {QESC =Q=SCn(a).

Bai tip 6: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M,N,P lan luot 13 trung diém
cua cac canh AB, AD,SB.
a) Chang minh BD // (MNP).
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b) Tim giao diém cia (MNP) véi BC.

¢) Tim giao tuyén cua hai mat phang (MNP) va (SBD).

Loi giai

a) AABD c¢6 MN la duong trung binh nén

MN // BD va MN = %BD

BD /7 MN
Ta co: < MN C(MNP):> BD / (MNP)
BD(Z(MNP)

b) Trong (ABCD) dung H = MN ~BC

Tacs | <BC H = (MNP) A BC
399 1 e N, MIN < (Mnp) = = (MNP)A
P & (SBD
c) Goi A=(MNP)N(SBD) tacé{ €(SBD) =>PeA
P < (MNP)

MN /# BD
Ta co: < MN C(MNP),(BD)C(SBD):A// MN
(MNP)m(SBD):A

Vay A la dudng thang qua P va song song vdi MN .
Goi Q=ANSD tadugc (MNP)N(SBD)=PQ.

Bai tip 7: Cho hinh chép S.ABCD c6 day 1a mot hinh thang véi day 16n 1a canh AD. Goi M,N,P lan
luot 1a trung diém cua AB,CD, SA.
a) Xéc dinh giao diém Q cua canh SD véi (MNP).
b) Ching minh SB,SC cung song song v6i (MNP).
¢) Chitng minh MP va NQ cat nhau. Chtrng minh giao diém cua MP va NQ, giao diém cua
AB va CD vadiém S thang hang.
Loi giai
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PHAN 1.

Cau 1:

Cau 2:

a) Tacd AD// MN nén AD //(MNP) ma AD < (SAD) I
Khi d6 giao tuyén cua (MNP) va (SAD) 1a duong thang qua P '
, song song véi AD, cat SD tai Q = Q 1a giao diém cia SD va
(MNP).

b) Tam giac SAB c¢6 MP la duong trung binh nén SB # MP do
d6 SB /# (MNP).

Theo cach dung diém Q suy ra Q 1a trung diém caa SD.

Do d6 NQ la duong trung binh cua tam giac SCD suy ra
SC // NQ. Suy ra SC // (MNP).

¢) Tacdo MN // PQ (vi cung song song v4i AD).

AD +BC S AD
2 2

Mat khac ta c6 PQ :%AD, MN = =PQ nén

MNQP 1a hinh thang.

Vay MP va NQ co thé cat nhau tai | .

Theo cach dung thi | 1a mot diém chung cta (SAB) va (SCD).
Tuong tu, giao diém J cua AB va CD ciing la diém chung cua (SAB) va (SCD). Do d6 I,S

va J cung thudc giao tuyén cua (SAB) va (SCD). Vay 1,S,J thang hang.

BAI TAP TRAC NGHIEM

Cau trdc nghiém nhiéu phwong an lwa chon. Méi cau héi thi sinh chi chon mét phwong

Trong cac khang dinh sau, khang dinh nao 1a déng?
A. Néu duong thang d song song mit phiang (P) thi trong (P) c6 duy nhat mt dudng thiang
a song song voi d.
B. Néu duong thiang d song song v&i mit phang (P) thi d song song véi moi dudng thang nam
trong (P) .
C. Néu duong thang d song song véi mit phang (P) thi trong (P) ton tai duong thing a song
song voi d .
D. Néu dudng thang d song song mit phang (P), duong thing a bt ky ndm trong (P) thi a
va d chéo nhau.

Loi giai
Khang dinh dtng 1a "Néu dudng thang d song song véi mit phang (P) thi trong (P) ton tai

duong thang a song song voi d .

Trong khong gian, duong thang a song song véi mit phang (P) néu
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a/b

a/b a/rsb
A.az(P). B'{bc(P)' C'{b¢(P)' D. ZZEE;

Loi giai
Puong thang a song song v6i mit phang (P) khi va chi khi a khong nam trong (P) , dong thoi

a song song v6i mot duong thang b ndm trong (P).

Cau3: Cho hinh chép S.ABCD, ddy ABCD la hinh binh hanh. Giao tuyén ctia hai mit phang (SAD)

va (SBC) la dudng thang song song véi duong thang nao sau day?

A. AC. B. DC. C. BD. D. AD.
Loi giai

Giao tuyén ctia 2 mit phang chira 2 duong thang song song véi nhau 1a duong thang di qua 1
diém chung cua 2 mit phang d6 va song song voi 2 duong thang song song trén.
Ma AD / BC nén giao tuyén cua hai mét phang (SAD) va (SBC) la duong thing qua S va
song song v4i AD.
Cau4: Cho ta dién ABCD. Goi |,J lan luot 1a trung diém caa BC va BD. Giao tuyén cta hai mat
phang (AlJ) va (ACD) la dudng nao sau day?
A. Puong thang d di qua A va d // BC.
B. Puong thang d diqua A va d 7/ BD.
C. Puong thang d diqua A vad /7 CD.
D. Puong thang d di qua A va giao diém cua 1J va CD.
Loi giai

D

Goi 1,J 1an luot 1a trung diém cua BC va BD nén 1J #CD.
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Do d6 giao tuyén cia (AlJ) véi (ACD) la dudng thing di qua A va song song véi CD.

Cho tir dién ABCD va ba diém P,Q,R lan luot nam trén canh cac AB,CD,BC (khong tring
v6i cac dinh cua tir dién ABCD ) sao cho PR//AC. Khi d6 giao tuyén cua hai mit phang

(PQR) va (ACD) song song voi dudng thing nao trong cac dudng thing sau?
A. BD. B. CD. C. CB. D. AC.
Loi giai
A

Q< (PQR)N(ACD)
PR — (PQR)

AC  (ACD)

PR/ AC

Ta co: nén (PQR)(ACD)=Qx/ AC

Vay giao tuyén clia hai mat phang (PQR) va (ACD) song song véi duong thing AC .

Cho hinh chép S.ABCD co6 day ABCD 1Ia hinh binh hanh tam O. Goi M, N, P theo thir tu 1a
trung diém cua SA, SD va AB. Khang dinh nao sau day dang?

A. (NOM) cit (OPM). B. (MON)//(SBC).
C. (PON)n(MNP) = NP. D. (NMP)//(SBD).
Loi giai

Tac6 MN la duong trung binh ctia tam giac SAD suy ra MN // AD. (1)

7 | Ths. Lé Viét — THPT Thiang Long, Ha No6i — Phone (zalo): 0835.221183 - On thi cam két diém sé



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211

Cau 7:

Cau 8:
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Va OP la dudng trung binh cua tam giac BAD suy ra OP // AD. (2)

Tir (1),(2) suyra MN//OP//AD = M, N, O, P ddng phéng.

Lai c6 MP //SB, OP //BC suy ra (MNOP)//(SBC) hay (MON )//(SBC).

Cho hinh chop S.ABCD, day 1a hinh thang (AB//CD). Goi M 1a trung diém cua SB. Mit

phang qua DM , song song voi AB cat duong thang SC tai Q. Tinh ti sd _Q

N|jw W|w
. @]

A. % B.2. C. 1. D.

Goi (a) la mit phang qua DM va song song voi AB .

Vi AB // (&) va AB < (ABCD) nén giao tuyén ciia (o) va (ABCD) la dudng thing qua D va
song song vo1 AB.

Taco DC / AB nén DC chinh 1a giao tuyén cta ( @ ) va (ABCD).

Do d6 (a) cét SC tai C tirc 1a Q trung véi C nén %:1.

Cho ttr dién ABCD. Goi G,G’ lan luot 1a trong tim AABD va aBCD. Kh'flng dinh nao sau day
la sai?

A. GG'//(ACD). B. GG'/BD. C.GG'/(ABC).  D.GG'/AC.

Loi giai
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C

Ta c6 GG' cit mit phang (ABD) tai G. Do d6 GG' khong thé song song duge véi BD nam
trong mit phang (ABD).

Cau9: Cho hinh chép S.ABCD, day ABCD la t&r gidc c¢6 cac cip canh dbi khong song song. Goi
O=ACNBD,F =BCNAD.Piém M thudc canh SA. Tim giao tuyén (d) cua cap mat phfmg

(MBD) va (SAC)

A. d =SO. B. d=SF. C. d = MO. D. d =MF.
Loi giai
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S

Ta c6: {M < (SAC)n (MED) — MO = (SAC)~(MBD).

0 (SAC)(MBD) (O =AC nBD)

Cau 10: Cho hinh chép S.ABCD c¢ ddy 1a hinh thang ABCD (AB//CD). Goi O la giao diém ctua AC

va BD, | 1a giao diém ciia AD va BC . Khing dinh nao sau day sai?
S

A. Giao tuyén cuia hai mat phang
B. Giao tuyén ctia hai mat phang
C. Giao tuyén ctia hai mat phang

D. Giao tuyén cuia hai mit phang
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Taco: S, C la hai diém chung ciia (SAC) va (SBC) nén A dung.

S, O 1a hai diém chung cta (SAC) va (SBD) nén B dung.
S, | 1a hai diém chung cua (SAD) va (SBC) nén C ding.
S, A la hai diém chung cua (SID) va (SCO) nén D sai.

Cau 11: Cho hinh chop S.ABCD c6 ddy ABCD 14 hinh binh hanh tdam O. Goi M,N,P,Q lan luot 1a trung
diém cua cac canh AD,BC,SC,SD. Goi (a) la mat phfmg di qua Ova song song v&i mat phé“ing
(SAB). Giao tuyén cta (a)véi cac mit phang (SBC)va (SAD)lan luot la
A. MNva PN B. MN va PQ. C. QPva QM D. NPva MQ.
Loi giai

Vi (a)# (SAB)=> (a) / AB; (a) // SB;(ax) #/ SA

Vi M,N,P,Q lan luot 1a trung diém cta cac
canh AD, BC, SC,SD nén
MN 7 AB; NP/ SB; MQ /# SA

Ta co:
()1 AB
ABC(ABCD) :(a)m(ABCD):MN
Oe (a),O € (ABCD)

qua O

()1 SB
SB < (SBC) = () (SBC)=NP / SB
N e(a),N e(SBC)

(a) /1 SA
SAc (SAD) = (@) (SAD)=MQ / SA
M e(a),M e(SAD)

Vay giao tuyén cla (&) véi cdc mit phang (SBC)va (SAD)lan lugt1a NPva MQ.

Céu 12: Cho hinh chép S.ABC. Goi M 14 trung diém ciia SB, mit phing (a) di qua M va song song
v6i mat phang (ABC) cdt SA,SC lan lugt tai N,P . Khang dinh nio ding?

A. () khong tring v6i (MNP). B. MP cit BC.
C. MN cat AC. D. MP // BC.
Loi giai
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Cau 13:

Cau 14:

Theo cach xac dinh mit phang (a) taco MP // BC.

Cho lang tru tam gidc ABC-A'B'C’. Goi M,N lan luot 13 trung diém ctua BB',CC’. Pudng
thang qua di qua trong tim | cta tam gidc ABC cat AB va MN lan luot tai P,Q. Khi d6 ti s6
P .

— bang

IQ

Al B2,
5 2

o
[N
=)
w| o

Loi giai

Qua | ké duong thang song song véi BC cit AC,AB tai H,K .
Suy ra KH/MN do d6 M,N,K,H,I d@)ng phfmg. Goi : N N
P=ABNMH,Q=IP~MN. ;

1l !
2 n ' HP gAB 2 :' N
Ké MD//AB(DeAB) ta duoc = = =—. A .' c
PM 1 3 {
E [

P HP 2 _ IP 2
Dod —=——=—nén —=—.

PQ PM 3 PQ 5
Cho hinh chop S.ABCD c¢6 day ABCD Ia hinh thang véi AB//CD va AB=2CD. Goi G 1a

trong tim ctia tam giac SBC,H 1a giao diém cia DG va (SAC). Ti sO (é—g bang

AL B3

2 5

c.? D. 2.

=5 3
Loi giai

Goi M 1a trung diém cia BC,N la giao diém ciia AC va A
MD.

Khi d6, (SMD) " (SAC) = SN .
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Vi DG c(SMD) va DG m(SAC) =H nén H eSN..

Goi E 1a diém dbi xtmg v6i D qua C thi tr gisc ABED 14 hinh binh hanh. Suy ra EM //AC.
Do d6, N 1a trung diém caa MD .

Dung dudng thing di qua G song song véi MN va cat SN tai K.

Khi do, SG _ KG v HD:DN.
SM NM HG KG

SG NM HD _KG NM ND _,

Suy ra . . = . . =1.
SM ND HG NM ND KG
Mt khie >0 =2 va S _q g 29,02 1, AD 3
SM 3 ND 3 HG HG 2
vy SH_2
GD 5

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon diing hoic
sai.

Cau 1: Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang va AB /CD. Goi M la trung diém cua
SD va (P) 1a mat phiang qua M va song song Vi (SAB). Xét tinh dung sai cua cac khang dinh
sau:

a) Mat phang (P) song song véi mat phang (SCD)

b) Puong thang AB song song véi mat phang (P)

¢) Buong thang CD ciing song song véi mat phang (P)

d) Giao diém cua (P) va SC ladiém N véi N 1a trung diém ciia SC

Léi giai

(o n
a) Sai: Mt phang (P) cat mat phang (SCD)
b) Pung: Hai mit phang (P) va (SCD) c6 diém M chung. Gia st (P) cit SC tai diém N .
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Khi d6 MN =(P)n(SCD) ma (P)/#(SAB) nén AB/ (P).

¢) Bung: Lai ¢c6 CD #/ AB,CD & (P) nén CD 7/ (P).

d) Pung: Tirdé suyra MN 7/ CD, ma M 14 trung diém cia SD nén N 1a trung diém cua SC .
Cho hinh chép S.ABCD diay ABCD la hinh binh hanh tim H . Mat phang (P) diqua H va
song song voi (SAB). Xét tinh diing sai clia cac khang dinh sau:

a) Giao tuyén ciia mt phang (P) va mat phang (ABCD) 1a EF véi E,F lan lugt 1a trung diém
cua BC va AD.

b) Giao tuyén cuaa mat phang (P) va mat phang (SBC) 1a EK véi K 1a trung diém cua SD

c) Giao tuyén ctia mat phang (P) va mat phang (SAD) la FI véi | la trung diém ctia FE
d) Giao tuyén cua mat phang (P) va mat phang (SBC) 1a duong thang KE
Lai giai
a) Ding: Ta c6 H 1a mot diém chung ciia mét phang (P) va mat phang (ABCD), (P) /# (SAB)
(ABCD)(SAB) = AB nén giao tuyén ciia (P) va (ABCD) la duong thang qua H , song song
v6i AB, cit BC va AD lan luot tai E,F.
Do H la tam hinh binh hanh ABCD nén E,F la trung diém cua BC va AD.
b) Sai: Theo cach dung trén ta c6 (P) va (SBC) c6 diém chung E.
Mt phang (P) 7 (SAB),(SBC)n(SAB) = SB nén giao tuyén ctia (P) va (SBC) 1a duong thang

qua E, song song véi SB, cat SC tai K. Khi d6 EK 1a duong trung binh cia tam giac SBC
nén K 1a trung diém cua SC .

¢) Sai: Tuong tu ta c6 giao tuyén cta (P) va (SAD) la dudng thang qua F, song song véi SA
va cit SD tai | .Khido | 14 trung diém cua SD.

d) Dung: Tir cac két qua trén ta c6 (P)n(ABCD)=EF,(P)n(SAD)=FI, (P)n(SCD)=IK
(P)(SBC)=KE

Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh tim O. Goi M, N lan luot 14 trung diém cua
SB va SC, lay diém P e SA. Xét tinh dung sai cua cac khang dinh sau:

a) Giao tuyén (SAB) va (SCD) 1a duong thang d di qua S va song song véi AC va BD.

b) Giao diém SD va (MNP) 1a R véi R=QN nSD

¢) Ba duong thang PR; MN; AD dbi mot song song
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Cau 4:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

d) OJ /#/ (SAD).

Loi giai

a) Sai: Do AB song song véi CD nén giao tuyén cia (SAB) va (SCD) la duong thang d di
qua S vasong song voi AB va CD.

b) Diing: Trong mat phang (SAB) kéo dai PM cit AB tai Q, trong mét phang (PMQR), kéo
dai QN céat SD tai R, giao diém cua SD va (MNP) 1a R.

c) Dung: Do 3 mat phang (MNP );( ABC);(SAD) cit nhau theo 3 giao tuyén 1a PR;MN; AD nén
chung song song hodc dong quy.

Mat khac : MN 7 AD = MN // AD // PR

d) bang: Ta c6 OM 1a duong trung binh trong tam giac SBD = OM // SD.

Tuong tu ta c6: ON # SA=>(OMN) // (SAD).

Mat khac OJ < (OMN )= OJ //(SAD).

Cho lang tru tam giac ABC.A'B'C’. Goi | va I’ lan luot 13 trung diém caa BC va B'C’. Xét
tinh dung sai ctia cac khang dinh sau:

a) Il' / BB

b) AA'l'l 1a hinh binh hanh

c) IA" song song (AB'C’).

d) Giao tuyén cia (AB'C’) va (A'BC’) la duong thang di qua giao diém cia hai duong thing
Al', A'l

Léi giai
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Tuw vin huéng nghiép cho hoc sinh bing phén tich nhin twéng hoc — xem chi tay — tir vi
a) Png: Taco 1,1 lan luot 14 trung diém cua B'C’ va BC.

Suy ra Il" 1a duong trung binh cua hinh binh hanh BB'C'C .
Suyra II'=BB" va Il' 7/ BB'.

11" /1 AA'(// BB')

= AAI'l 13 hinh binh hanh. = Al / A1
II'= AA'(= BB')

b) bung: Ta c6 {
E e Al';Al' (AB'C’)

= E=A1n(ABC)
EecAl

c) Sai: Trong (IAA'l") goi E=Al'n Al :>{

d) bung: Trong (AA'B'B) goi F = AB'nAB

F € AB; AB' — (AB'C')
o = Fe(ABC')n(ABC) (1)
F € AB;AB c (A'BC')

E c Al'Al' « (AB'C')

E AT A o (ABC) ™ E <(AB'C')n(ABC') (2)

Taco E=Al'nAI :»{
Tir (1) va (2) suy ra EF =(AB'C')~(ABC').

HET-
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