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Dang 3: Xac dinh thiét dién bang cach ké song song
Phuong phap: D¢ xac dinh dugc thiét dién ctia mot hinh chép hodc hinh lang tru cét boi mat phiang (P)

ta thuong dung cac doan giao tuyén cta (P) v6i cac mat cua hinh chop hodc hinh ling try d6. Khi 4y, ta

su dung dinh i sau:
e Cho hai mit phing song song. Néu mot mit phang cat mit phang nay thi cuang cat mit phang kia

theo hai giao tuyén song song véi nhau.

BAI TAP TU LUAN

Bai tap 1: Cho hinh chop S-ABC. Goi M 14 trung diém SA. Xac dinh thiét dién cta hinh chdp cét boi
mit phang (P) diqua M va song song véi mit phang (ABC).
Loi giai

Tacd M 1a mot diém chung cua (P) va (SAB)

(SAB)m(ABC):AB nén giao tuyén cia (P) va

(SAB) 1a duong thang di qua M song song vi AB va cit

{(P)//(ABC)

SB tai trung diém N cua SB.

Tuong tu, giao tuyén cia (P) va ( SAC ) la duong thang di
qua M, song song voi AC va cit SC tai trung diém P cua B
SC.

Vay thiét dién ctia hinh chép S.ABC cit béi mat phang (P) la tam giac MNP .

Bai tap 2: Cho hinh hop ABCD.AB'C'D’. Goi M 1a trung diém ctia A'B’. Tim thiét dién ctia hinh hop cat
boi mit phang (P) diqua M va song song v&i mét phing (ACC). Thiét dién 14 hinh gi?
Loi giai
Vi (P) song song v6i (A'C'C) nén (P) song song véi (A'C'CA).
Suy ra giao tuyén cta (P) véi (A'B'C'D’) 1a duong thiang di qua M , song song véi A'C' va cit
B'C’ tai trung diém N cua B'C.
Tuong tu, giao tuyén ctia (P) véi (B'C'CB) la dwong thang di qua N, song song v6i C'C va

cat BC tai trung diém P ciia BC.
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A

Giao tuyén cua (P) voi (A'B'BA) 1 dudng thing

di qua M, song song voi A'A va cit AB tai trung
diém Q cia AB.

BJ’

Vay thiét dién can tim 1a tr giac MNPQ.

[+ AR K ——
~

o

Do NP song song va bang CC’; MQ song song va RN

bing AA’ nén tir gidc MNPQ 14 hinh binh hanh. 5

Bai tap 3: Cho hinh hop ABCD-A'B'C'D’. Hai diém M,N lan luot nam trén hai canh AD,CC’ sao cho

% _ % . Xéc dinh thiét dién cia hinh hop cit boi mat phing qua MN va song song vi (ACB')

Loi giaii

A

17 DI
Goi | 1a diém trén AA’ sao cho =—— suyra KA

IAY MD N
IM // AD suyra IM /CB' B
Lai co Al = CN suy ra IN/AC suy ra
IA” NC’

(MNI) /7 (ACB').

Do d6 mit phang (MNI ) 1a mat phang di qua M, N

va song song vudi mat phang (ACB').
Qua M ké ME / AC;qua N ké NF #B'C’',qua F ké FK /7 A'C'".
Khi @6 thiét dién can tim 14 da giac MENFKI .
Bai tip 4: Cho hinh hop ABCD- AB'C'D’. Goi K 1a trung diém CD. Goi (P) 1a mat phing di qua C’

va song song vdi (A’AK ) . Xac dinh thiét dién ctia hinh hop cit boi mit phang (P) .
Loi giai

Goi H 1a trung diém C'D'= KH //AA = H e (AAK).

Qua C' ké duong thing song song véi A'H , cit AB' tai M .

Qua C ké dudng thang song song véi AK, cit AB tai N .

Suy ra mit phang (CC'MN) la mit phang di qua C' va song
song voi (A'AK).

Thiét dién can tim 1a hinh binh hanh CC'MN .
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Bai tap 5: Cho hinh chop S - ABCD c6 day 1a hinh thang, day 16n AD =3a, AB =BC =a. Mat bén (SAD)
1a tam gi4c can dinh S v6i SA=2a, goi M 1a diém thudc canh AB va khong tring véi A, B. Mit phing

( a )diqua M va song song véi (SAD). Xéc dinh thiét dién cta chop voi mit phing (a) . Thiét dién l1a
hinh gi?
Loi giai
Qua M ké dudng thing song song voi AD, cat CD tai N
Qua M ké dudng thang song song voi SA, cit SB tai Q.
Qua Q ké duong thang song song voi BC, cit SC tai P.
Suy ra (I\/INPQ) 1a mit phang qua M va song song véi

(SAD).

Do d6, thiét dién cta hinh chop S.ABCD cit boi mit
phing (P) la tir gidc

MNPQ.

B C
Badivi MN va PQ cung song song véi BC (hodac AD ) nén tir giac MNPQ 1a hinh thang.

Ap dung dinh 1i Thales trong cac tam giac SAB,SBC,SCD ta dugc % =

@=@=2=%=M:@=MmétamgiécSADcﬁntaiSdod(')MQ:NP.
SA°A BS CS CD SD SA SD

Vay MNPQ 14 hinh thang can.

Bai tap 6: Cho hinh chop S.ABCD c6 day 1a hinh thang ABCD c6 AD // BC, AD =2BC . Goi E la trung
diém AD va O giao diém cua AC va BE; | 1a mot diém di dong trén AC khac A va C.Qua | v& mat
phang (a) song song véi (SBE). Tim thiét dién tao bdi () va hinh chép S.ABCD.

Loi giai

Truong hop 1: Diém | nam giita A va O.

Qua | ké duong thang song song v6i BE cat AB, AD lan luottai M va N .
Qua M ké duong thing song song voi SB cét SA tai P.

Suy ra (MNP) la mit phang di qua | va song song véi (SBE).

Do d6, thiét dién ctia hinh chép cit béi mét phiang (&) la tam giac MNP .
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Truwong hop 2: Diém | nam giita C va O.

Qua | ké duong thing song song véi BE cit BC,AD lan
luottai H va U .

Qua H ké duong thing song song v4i SB cit SC tai K.
Qua U ké dudng thang song song véi SE cat SD tai V .
Suy ra (HKVU ) 1a mat phang di qua | va song song voi
(SBE ) .

Do d6 thiét dién cta hinh chop cit boi mit phing (a) la tir

giac HKVU .

Bai tap 7: Cho hinh chép S.ABCD day la hinh binh hanh tdim O ¢6 AC =a,BD=b. Tam giac SBD la
tam gidc déu. Mot mat phing (a) di dong song song voi mit phang (SBD) va di qua diém | trén doan
AC.

a) Xac dinh thiét dién cua hinh chdép véi mat ph'ﬁmg (a) )

b) Tinh di¢n tich thiét dién theo a,b va x= Al .

Loi giai

a) Xac dinh thiét dién ctia hinh chép véi mit phang

(@).

Néu | cOA thi ta co
() /(SBD)
(ABD)(SBD)=BD = (a)n(ABD)=MN véi
| €(a)n(ABD)

MN qua | va MN 7/ BD.

Tuong tu (o) cit (SAB) theo doan giao tuyén MP
song song véi SB cat (SAD) theo doan giao tuyén NP // SD. Thiét dién 14 tam gidc déu MNP
(vi ddng dang vé6i tam giac déu SBD )

Néu | eOC thi thiét dién 1a tam giac déu HKL c6 cac canh twong tmg song song voi canh tam
giac SBD.

b2/3

b) Tinh dién tich thiét dién theo a,b va x=Al . Tacd S,zep = .
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Néu | nam giita O va A thi 0<x<%.

Khi d6

S MN MN Al 2x RE
ZAMNP =(—j Do MN # BD suy ra E:A_O ;: SAMNP = .

ABCD

£ N . \ . a
Néu | nam gita O va C th1§<x<a.

2(a— b?(a—x)*+/3
Khi d6 AHKL :(HLJ Do HL/7BD= s - = - (a X) = S, e :(a—ZM'
 \BD BD CO a a

Bai tap 8: Cho hinh chép S.ABCD c¢6 day 1a hinh thoi canh a, tam giac SAD la tam giac déu. Goi M 1a
mot diém thudc canh AB,AM =X véi 0 < x <a. Mitphang (P) diqua M song song véi (SAD). Tinh
dién tich thiét dién cua hinh chop S.ABCD cit boi mit phang (P).
Loi giai
Do mit phang (P) diqua diém M va song song vdi
(SAD) nén cat cac canh cta hinh chop bang cac giao
tuyén di qua M va song song voi mat phang (SAD).
Do ABCD la hinh thoi va tam gidc SAD déu nén thiét

dién thu duoc la hinh thang cidn MNFE Vi
MN /7 EF,ME = NF .

Khi d6 MN=a F =SF _MA_X er_y wa

BC SC AB a

MF =a—x.

Ké duong cao FH,H e MN ta c6 FH :\/MFZ—(

MN—EF)ZZ\/E

2

. 3
Vay dién tich hinh thang 1a S = %(a2 -x*).

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:  Cho hinh vuéng ABCD va tam giac déu SAB nam trong hai mit phang khac nhau. Goi M 14
diém di dong trén doan AB. Mit phing () qua M song song voi (SBC) cit hinh chop
S.ABCD theo thiét dién la

A. Hinh tam giéc. B. Hinh vuong. C. Hinh binh hanh.  D. Hinh thang.
Loi giai
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Cau 2:

Cau 3:

Do (a)/(SBC) nén («) cét mat phang (ABCD) theo
giao tuyén MN /BC,(N eCD).
Hoan toan tuong tu, tacd () cit cac mit phang (SAB)
va (SCD) theo cac giao tuyén MQ,NP & d¢6 Q € SA va
MQ // SB;P eSD va NP/ SC.

Mit phing () ct hinh chép S.ABCD theo thiét dién 1a

tir giac MNPQ.

Dé thiy PQ // AD,PQ # AD tir @6 suy ra MNPQ 1a hinh thang.

Cho hinh chép S-ABCD c6 ddy ABCD la hinh binh hanh tim O. Goi M la diém bét ki trén
doan thang SO . Mat phang (&) qua M vasong song v6i (ABCD). Thiét dién cta hinh chép
S.ABCD cit boi mét phing (o) 1 hinh gi?

A. Hinh binh hanh. B. Hinh tam giéc. C. Hinh ngii giac. D. Hinh thang can.
Loi giai

D C
Xét mit phang (SAC) va mit phang () c6 M 1a diém chung va AC / (a) nén giao tuyén 1a

dudng thang di qua M va song song véi AC cit SA,SC lan luot tai E,G. Tuong tw (&) cit

SB,SD 1an luot tai F,H . Khi d6 thiét dién can tim 13 tr gidc EFGH .

Tacod EF #GH va FG // EH nén thiét dién 13 hinh binh hanh.

Cho hinh chép S. ABCD c6 ddy ABCD la hinh binh hanh tim O, AB =8,SA=SB =6. Goi
(P) la mat phang di qua O va song song véi (SAB). Tinh di¢n tich cta thiét dién ctia (P) va
hinh chop S- ABCD.

A. 12. B. 5.5. C. 615, D. 13.
Léi gidi

Qua O dyng duong thang PQ // AB= P,Q lan luot 14 trung diém cia AD va BC.
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Qua P dung duong thang PN # SA= N la trung diém ctia SD.

Qua Q dung duong thang QM /# SB=M 1a trung diém cua SC .
N6i M va N = thiét dién ctia (P) va hinh chép S.ABCD la tir
giac MNPQ.

Vi PQ//CD,MN//CD=PQ//MN nén ti giac MNPQ la

hinh thang.

Taco PQ=AB=8 MN :%AB:4,MQ:NP:%SA:3 suy ra

MNPQ 1a hinh thang can.
Goi H 1a chan duong cao ha tir dinh M cuda hinh thang MNPQ

Khi do6 ta co HQ:%PQ:ZSMH = JMQ?-HQ? =5,

(MN +F;Q)-MH _ 645,

Vay dién tich cta thiét dién can tim la: S =

Caud: Cho hinh hgp ABCD-AB'C'D’. Goi | la trung diém cua canh AB,(a) 1a mat phang di qua |
va song song véi mdt phang (BDD'). Thiét dién cua hinh hop cat béi mét phang («) 1a hinh gi?

A. Hinh tam giéc. B. Hinh binh hanh. C. Hinh ngii giac. D. Hinh thang.
Loi giai

Qua | ké duong thang song song v6i BD ciat AD tai K.
Qua K ké dudng thang song song véi DD’ cit AD' tai K'.
Qua | ké duong thing song song v6i BB’ cit AB’ tai |'.
Thiét dién can tim 1a hinh binh hanh 1KK'".

Cau5: Cho tir dién déu SABC. Goi | 1a trung diém cta doan AB,M 1a diém di dong trén doan Al .
Qua M v& mit phing (a) song song voi (SIC) . Thiét dién tao boi (a) voi tir dién SABC 1a

A. Tam giac can tai M . B. Hinh binh hanh. C. Tam giac déu. D. Hinh thoi.
Loi gidi
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S

Trong mit phing (SAB) qua M ké duong thang song song vé6i Sl cét SA tai P.
Trong mit phing (ABC) qua M ké dudng thang song song véi IC cit AC tai N .

Thiét dién 1a tam gidc MNP . Ta ¢6 % :%: MP = MN (vi Sl =CI)

Vay thiét dién 14 tam gidc MNP cén tai M .
Cho tir dién déu ABCD canh a va G la trong tim tam giac ABC . Cit tir dién boi miat phang
(P) qua G va song song v6i mt phang (BCD) thi dién tich thiét dién bang bao nhiéu?

a3 a3 a3 a3

A. . B. . C. . D.
16 4 - 9 18

Loi giai

Trong mit phiang (ABC) ké dudng thang qua G va song song voi
BC cit AC,AB lan lugt tai H,K.
Trong mit phang (ACD) ké duong thang qua H va song song véi

CD cit AD tai | .
Thiét dién can tim 14 tam giac KHI . Ta c6: AHKI -~ ABCD theo

ti s6 dong dang bang % .

Do d6: Sy = 8,0y =38 V3 _ N3
. KHI 9 BCD 9 4 9 :
Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Tam giac SBD déu. Mot mat

phang (P) song song véi (SBD) va qua diém | thudc canh AC (khong triung véi A hodc C).

Thiét dién ctia (P) va hinh chop 1a hinh gi?

A. Hinh binh hanh. B. Tam gi4c déu.
C. Tam giac vuong. D. Tam giac can khong déu.
Loi giai
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Truong hep 1: Diém | thudc doan OC. Goi M,N,E lan lugt 1a giao diém ctia (P) véi céac
dudng thing CD,BC,SC . Ta c6 thiét dién ctia (P) va hinh chép la tam giac EMN .

(P)#(SBD)

(ABCD)(SBD)=BD = MN / BD :%:%:t: MN =t.BD
(P)n(ABCD)=MN

(P)/(SBD)

(SCD)(SBD)=SD = ME // SD ME_CM i ME-=tSD.
(P)~(SCD) = ME A &

Tuong tw EN//SB va EN =t-SB
Ma SB=BD=SD= MN =EM =EN, suy ra tam giac MNE 1a tam giac déu.

Truong hep 2: Diém | thuoc OA. Lam twong ty nhu trén ta dugce thiét dién cta (P) va hinh
chép ciing 12 mot tam giac déu.

Cau8: Cho tir dién déu S-ABC. Goi | va J lan luot 1a trung diém ctia AB va SC. Xét M la mot
diém di dong trén doan thang Al . Qua M ké mt phang () song song vé6i (CIJ). Khi do thiét

dién ctia mit phang (@) va t dién S.ABC 14 hinh gi?

A. Tam giac déu. B. Hinh binh hanh.
C. Tam giac can tai M . D. Hinh thang can.
Loi giai
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Nhan xét mt phing (CIJ) chinh la mét phang (SCI).
Qua M ké dudng thang song song v4i IC ciat AC tai K.
Qua M ké dudng thang song song voi SI cat SA tai P.
Thiét dién 14 tam giac MPK .

Ta c6: Cl =Sl #SC nén tam gidc SCI céan tai | ma
APKM ~ ASCI .

Do d6 tam giac PKM can tai M .

Cho hinh chép tir gidc déu S- ABCD c6 canh day bang 10. Goi M 1a diém trén SA sao cho

% = % Mot mat phéng (a) diqua M song song véi AB va AD, cat hinh chop theo mot tur

SA
giac ¢o dién tich 1a
A DL B. 20 c.? p. 2
3 9 9 9
Loi giai
AB// ()

ABc(SAB) = (&) (SAB)=Mx/ AB
M €(SAB)N(«)

AD // (@)

ADc (SAD) = (a)(SAD)=My/ AD.
M € (SAD) N («)

Hai tia Mx,My cit SB,SD lan luot tai N,Q va
CD /()

CDc(SCD) = (a)n(SCD)=Qz/#CD
Qe(SCD)m(a)

Tia Qz cat SC tai P nén thiét dién can tim 1 t&r gidc MNPQ.

D3 thiy ="M _MN _NP_PQ_OM _ \in-np=pq=qm=2.
3 SA AB BC CD DA 3

Mit khac MN # AB,NP // BC = (MN,NP) = (AB,BC) = 90° = MNPQ Ia hinh vudng véi canh

20_ o _ 20Y* 400
3w Tl ) TTg
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Cau 10:

Cau 11:

Cho hinh chop S.ABCD c6 day ABCD la hinh thang cin v4i canh bén BC =3. Hai day AB =8
va CD =4. Mit phang (P) song song v4i mat phang (ABCD) va cit canh SA tai M sao cho
SA=3SM . Dién tich thiét dién cta (P) va hinh chép S.ABCD bing bao nhiéu?
A 25 B 25 .13 p. 13,
9 - 3 3 9
Loi giai
Goi M, N,P lan luot 1a giao diém cua (P) voi cac canh SB,SC,SD . Suy ra thiét dién cua (P)

v6i hinh chop 1a tir giac MNPQ.

Do (P)# (ABCD) nen MN _NP_PQ_SM _1_ \N_8 np=1pPq=% om=1.
AB BC CD SA 3 3 3
S

Goi H 14 hinh chiéu ciia P trén canh MN . Do MNPQ 1a hinh thang can nén

HN =—MN_PQ=§:> PH =+/PN? - HN? :%.

2

A 1 2[5
VaY Syupg = 5 PH.(MN + PQ)=—‘3f.

Cho hinh hop ABCD.AB'C'D’ va diém M nam giita hai diém A va B. Goi (P) 1a mdt phiang
diqua M va song song véi mit phing (AB'D’). Mat phang (P) cat hinh hop theo thiét dién la

hinh gi?
A. Hinh tr giéc. B. Hinh tam giac. C. Hinh luc giac. D. Hinh ngii gic.
Loi giai

11 | Ths. Lé Viét — THPT Thing Long, Ha N6i — Phone (zalo): 0835.221183 - On thi cam két diém s6



Trung tam BDVH Unix Thiang Long — Website: onthivip.com — CSKH (phone - zalo):08.1234.2211
Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

Nhan théy (BC'D)//(AB'D')= (BC'D)//(AB'D')//(P) (1)

Do (1) ta gia str (P) cat BB’ tai N suyra (P)n(ABB'A’)=MN

Ma (AB'D’) ~(ABB'A’) = AB" suyra MN / AB' suyra N thugc canh BB'.

Tuong tw gia sit (P)NB'C’'=P suyra (P)n(BCC'B')= NP kéthop véi (1) suyra NP // BC'
Tuong tw (P)NC'D'=Q sao cho PQ / B'D’;(P)nDD’'=G sao cho QG #C'D

Hon nita (P)n AD = H sao cho GH // AD'.

Tir d6 suy ra thiét dién 1 luc giac MNPQGH .

Cau 12: Cho hinh chép S.ABCD co day la hinh thang ABCD, AB//CD,AB =2CD,M Ila diém thudc
canh AD, (a) 1a mit phang qua M va song song véi mit phang (SAB) . Biét dién tich thiét dién

cua hinh chép cdt boi mat phang (o) bang % dién tich tam giac SAB, tinh ti s6 X = %

A. x=1. B.x:z. C.x:g. D.x:i.
3 2 - 2

Loi giai
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Cau 13:

Tuong tu giao tuyén ciia (o) va (SBC) 1a duong thang qua N song song SB cit SC tai P,
giao tuyén cta (a)vé (SCD) 1a duong thang qua P song song CD cit SD tai Q. Thiét dién
ciia S.ABCD khi cdt béi () 1a hinh thang MNPQ.

Pat CD=a taco TR 2SQ_AM _ X po_ &
CD SD AD x+1 X+1
. \ X 1 a(x+2)
Trong hinh thang ABCD ta c6 MN = CD+ AB = .
X+1 X+1 X+1

Goi K 1a hinh chiéu cia S 1én AB,H la giao cia MN va CK khi d6 PH 7/ SK

PH_CH_D™M _ 1 Suvo  (PQ+MN)PH 1

Do d6 PH L MN va

SK CK DA x+1 S ec SK.AB  x+1’
Theogiéthiétiiax:—.
x+1 3 2

Cho hinh chép S- ABCD c¢6 day 14 hinh vudng tdm O, canh a, cac canh bén déu bang 2a. Goi
(a) 1a mat phang di qua O va song song véi mat phang (SBC). Tinh chu vi P cia thiét dién
tao boi mit phang ( @ ) va hinh chép S.ABCD.

A.P:7—a. B.P:&. C.Pzg—a. D.P:5—a.
- 2 2 2 2

Loi giai
Do (a) /" (SBC) nén (a) cat mit phang (ABCD) theo

giao tuyén di qua O song song véi BC va cit AB tai M
,cdt CD tai N.

Hoan toan tuong tu ta co (a) cdt cac mat phang (SAB) va
(SCD) theo cac giao tuyén MQ,NP & d6 QeSA va
MQ /7 SB;P eSD va NP // SC.

Mit phang () cét hinh chép S.ABCD theo thiét dién la
tr giac MNPQ.

Lai c6 O 1a trung diém AC nén M,N,P,Q lan luot 14 trung diém cua AB, CD,SD,SA.
Suy ra MN :a,NP:%SC :a,MQ:%SB:a,PQ:%AD:%,

Vay chu vi cta thiét dién 13 P = MN + NP + PQ +QM =a+a+%+a=7—2a.
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Céu 14: Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD, AB//CD, AB=2CD.M la diém thudc

canh AD, (a) 1a mit phang qua M va song song v&i mit phang (SAB) . Biét dién tich thiét dién

cia hinh chép cat béi mit phang () béang % dién tich tam giac SAB. Tinh ti s6 X = %.

A. x=1. B.X:E. C.x:g. D.x:l.
2 3 - 2

Loi giai
D@ thay, thiét dién 13 hinh thang MNPQ (nhu hinh v&)

Khi d6: MN /7 AB, MQ /7 SA,PQ // CD,NP // SB.
. \ < . MA
Goi E=ADNBC va F=MQNNP. bat MD =1 vi sz nén MA=x,AD =x+1.

QP _SQ_AM _ x _QP_ x . MN_EM _x+2 QP _ X
DC SD AD x+1 AB 2(x+1) = AB EA 2x+2 MN x+2

s

SFPQ_FQ.FP_(QPJZ_( X )2_ X2
Sew. FM FN  (MN x+2) (x+2)
Seww _FM FN _EM EN (MNT_(XJijz
S.e SA SB EA EB | AB 2X+2
s _(x+2)2

FMN (2X " 2)2 ASAB *

S 2 2 2
jFPQ:(x]_(x+2j: X 2

Sqag X+ 2 2X+ 2 (2x+2)

X2

= SFPQ = m : SSAB = SMNPQ = SFMN - SFPQ
| (x+2) RS g L 4x+4

(2x+2)2 (2x+2)2 A8 (2x+2)2 A8

Ssas (2X+ 2)2 .

1
S X=—
—MNPQ 2<:>M:g<:>8x2+4x—4:0<:> 2 .

Theo dé bai ta ¢ 5
SSAB 3 (2X+2) 3 X=-1
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Vi x>0 nén X=%.

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon diing hoic

sai.

Cau l:

Cho hinh chép S.ABCD c6 tam gidc SAD déu. Pay ABCD Ia hinh thang c6 AD / BC va
AB=BC=CD=1,AD=2. Goi (P) 1a mat phing qua diém M nam trén canh AB va song
song voi (SAD). Pat BM =x véi (0<x<1). Tim x dé thiét di¢n ciia S.ABCD cit boi (P)
¢6 dién tich bang mot nira dién tich tam gidc SAD

a) Thiét dién cia S.ABCD cit boi mat phang (P) 12 mot mat phang di qua M va song song véi
mit phang (SAD).

b) Thiét dién can tim 1a mot luc giac déu

¢) Qua M ké duong thang song song véi AD cit CD tai N thi MN =1—x

d) Dé thiét dién ciia S.ABCD cét bi (P) c6 dién tich bang mot nira dién tich tam giac SAD thi

gidtricua X=—.

S

Loi giai

a) Pang: Qua M ké duong thang song song véi AD cit
CD tai N.

Qua M ké dudng thang song song véi SA cit SB tai Q.
Qua Q ké duong thang song song véi BC cat SC tai P.
Suy ra (MNPQ) la mit phdng qua M va song song Véi
(SAD).

b) Sai: Do d6 thiét dién ctia hinh chop S.ABCD cit boi mat
phang (P) la t& giac MNPQ.

c) Sai: Boi vi MN va PQ cung song song véi BC (hoac
AD ) nén ta gidc MNPQ 1a hinh thang.

Tam giac SAD déu, canh AD =2 nén SA=SD=2.

Ap dung dinh 1i Thales trong cic tam giac SAB,SBC,SCD ta duoc:
X:BM :MQ:BQZEZCN :NP v Pngzﬂzl
BA~ SA BS CS CD SD BC SB AB

Suyra MQ=NP=2x,CN =x va PQ=1-X.

- X.
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Tiép tuc 4p dung dinh li Thales trong cac tam giac ABC, ACD ta duoc:

_AM _ MI (_CN_IN
BC BC' CD AD
Goi H,K lan lugt 1a hinh chiéu vuéng goc ciia P,Q trén MN .

/=Ml =1-x va IN=2Xx=MN =x+1.

Ta 6 MK = HN = MN — PQ :(X+1)—(1—x)

2 2
Q p
M K H N

= QK =,JQM2 = MK? =/4x? —x* = x/3

(PQ+|\;|N)-QK _ (1—x+12+ x).\/§X — J3x.

= SMNPQ =

x*/3

3
S X=
2

, iz 2x)° /3
d) Sai: Tur gid thiet: S, =ESSBD @@x:lucm/gx= ﬁ
2 2 4 2
Vay ng do (0<x<1).

Cau2: Cho tirdién ABCD c6 G la trong tAm clia tam gidc BCD. Goi O 1a trung diém cua doan thang
AG. Goi S,,S, lan luot 1a dién tich thiét dién cia tir dién cat boi mat phang di qua O dong thoi
song song vGi mét phang (ABC) va dién tich tam giac ABC . Goi | 1a trung diém BC. Trong
mit phiang (AID) qua O ké dudng thang song song véi Al cat AD tai P vacat DI tai J.Qua

J ké duong thang song song vdi MN, cit CD tai N va cit BD tai M . Xét tinh dung sai ctia
cac khang dinh sau:

a) Thiét dién can tim 1a mot hinh thang
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p I _6

ID 5

MN

c) —

BC

S, 25

S
6

d) =+
)32 26

Loi giai

a) Sai: Goi | la trung diém BC. Trong mit phang
(AID) qua O ké duong thiang song song véi Al cat
AD tai P vacat DI tai J.

Qua J ké duong thang song song voi MN , cat CD tai
N vacit BD tai M .

Thiét dién can tim 1 tam giac MNP .

b) Sai: Trong tam giac AIG c6 OJ // Al honnita O 14 trung diém AG nén J la trung diém IG

Do d6 IJ:lIGzllD:>£:§.
2 6 ID 6
¢) Pung: Suy ra hai tam giac MNP va BCA dong dang theo ti s6 k = %=‘:—D=g.
S 25
d) Ding: Vay L =k* ===
) Bung: Vay s, %

Cau3: Cho tw dién ABCD co tit ca cac canh déu bang nhau. Goi | 1a trung diém doan CD va M 1a

diém ndm trén doan BC (M khacBva C). Goi («)1a mat phang qua M va song song voi mat
phing (ABI ) . Xét tinh dung sai cta cac khang dinh sau:
a) Giao tuyén clia (@) va mit phang (BCD) 1a MP véi P eCD
b) Giao tuyén cua () va mit phang (ACD) la MQ véi Qe AC
¢) PQ=(a)n(ABC)
d) Thiét dién cua t& dién ABCD khi cét boi (a) la mgt tam gidc can
Loi giai
a) Dlng: Theo gia thiét ta c6 IA=IB suy ra AAIB cén tai | . Do («)la mit phang qua M va

song song véi mit phang (ABI) nén:

Trong (BCD) ké MP // BI,P eCD suyra MP =(a)n(BCD).
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A

b) Sai: Trong (ACD) ké PQ/ Al,Q e AC suy ra PQ =(a)n(ACD).
¢) Sai: Khi d6 MQ = (&)~ (ABC)

d) Dung: Thiét dién dién cla tir dién ABCD khi cit béi («) 1a AMPQ thi theo céch dung ta
suy ra AMPQ dong dang v6i ABIA suy ra AMPQ can tai P.

Cau4: Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh, mat bén SAB 1a tam gidc vudng tai
A, SA:a\/g, SB=2a.Piém M nam trén doan AD sao cho AM =2MD. Goi (P) la mat
phing qua M va song song véi (SAB). Tinh dién tich thiét dién ctia hinh chép cét boi mét phang
(P).

a) Giao tuyén clia mat phang (P) véi (ABCD) 1a MN véi N € BC
b) Thiét dién cua hinh chép cdt boi mat phang (P) 1a mot hinh binh hanh.

¢) Bo dai ctia canh AB=a

5a2+/3
8

d) Dién tich thiét dién ctia hinh chop cit béi mét phiang (P) béng

Loi giai
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(P) //(SAB) (P)n(ABCD)=MN
M € AD,M < (P) {(P)m(SCD)=PQ

a) DBlng: Ta co: { va MN//PQ// AB

- [(P)/I(SAB) (P)n(SAD)=MQ {MQ//SA
Laico = va
M e AD,M €(P) (P)n(SBC)=NP NP // SB
Ma tam giac SAB vudng tai A nén SA L AB = MN L MQ

b) Sai : Tir d6 suy ra (P) ct hinh chop theo thiét dién la hinh thang vudng tai M va Q.

¢) blng : Mit khac MQ//SA = MQ_DM _DQ MQ:ESA a2 1
SA DA DS 3 DS 3
PQ//CD :Ezg :PQ:ZAB,Vdi AB =+/SB2—SA% =a
CD SD 3
1 SA (2AB 2
d) Sai: Khi d6 Sypeq :%MQ.(PQ+MN) S Suwwe :ES?'[TMB] & Syarg zﬁ.

PHAN IIl. Cau tric nghiém tra I&i ngan

Cau 1: Cho hinh chép S.ABC c¢6 M di dong trén canh SA sao cho SS—I\: =k, vbi (O <k<lke R).

Goi (P) 12 mat phang di qua M va song song v6i mat phang (ABC). Khi k = @ véi m,n

nguyén duong thi mat phang (a) cit hinh chop S.ABC theo mot thiét dién c6 dién tich bang nira
dién tich cua tam giac ABC. Tinh m+n
Loi giai

B
Qua M ké dudng thing song song voi AB cit SB tai N .

Qua M ké duong thing song song voi AC cit SC tai P.

Thiét dién ctia hinh chop S.ABC cit béi mat phiang (P) la tam gidc MNP .
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Ta c6 hai tam gidc MNP va ABC dong dang theo ti s6 w=%: k
AB SA
Suy ra M:kzzl:>k:£:m:n:2:m+n:4.
ABC 2 2

Cho hinh chép S.ABCD c6 day la hinh thang AB / CD, AB =2CD. Diém M thudc canh AD
(M khong trung véi A va D) sao cho % =X. Goi (a) 13 mat phang qua M va song song

voi (SAB). Tim x dé dién tich thiét dién cta hinh chdp cét boi mat phing (a) bang mot nira
dién tich tam gidc SAB.
Loi giai

D@ thay thiét dién 14 hinh thang MNPQ (nhu hinh v§)
Khi d6 MN /# SA, NP // CD, PQ // SB, QM // AB.
Goi E la giao diém cia MN va PQ.

Taco: QM = @.AB + M.CD
AD AD

1 i X cp-Xt2 ag.

T+l x#1T 2(x+1)

Hai tam giac SAB va EMQ dong dang nén

Sewo =(MQT: (x+2)°
AB 4(x+1)2'

S SAB

 NP_NS_AM _ X yraNP=—X_cD=—*__AB.
CD SD AD x+1 X+1 2(x+1)

2
Do d6 NP _ X va Sepn :( NPJ _ x? N Swneq _1_ X _ 4x +4 .
QM X+2 SEMQ MQ (X+2)2 SEMQ (X+2)2 (X+2)2

Sweo _ 4x+4 1 1 1

5 = =
Swe  A(x+17 x+1

1
MNPQ :ESSAB QmZEC:’le-

Tu d6 suy ra
Cho hinh chép S.ABC c6 day 1a tam gidc ABC thoaman AB = AC =4, BAC =30°. Mit phang
(P) song song véi (ABC) cit doan SA tai M sao cho SM =2MA. Di¢n tich thiét dién ctia
(P) va hinh chép S.ABC bing bao nhiéu? (két qua lam tron dén chir s thap phan thi hai)

Loi giai
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S

Diéntichtamgiac ABC1a S,z = %.AB.AC.sin BAC = %.4.4.sin 30°=4.
Goi N, P lan luot la giao diém ciia mat phiang (P) va cac canh SB, SC

A
Vi (P) // (ABC) nén theoo dinh Ii Talet, ta co SM_SN _SP_2 )
SA SB SC 3

Khi d6 (P) cat hinh chép S.ABC theo thiét dién 1a tam giac MNP ddng dang véi

, L2 2 2Y . 16
tam giac ABC theo ti s0 k =3 Vay S, =K Spusc = 3 .4=§ ~1,78.
Cau4: Cho hinh chép S.ABCD c6 day ABCD Ia hinh thang can v4i canh bén BC =2, hai day AB =6
, CD=4. Mit phing (P) song song v6i (ABCD) va cit canh SA tai M sao cho SA=3SM .
Dién tich thiét dién ctia (P) va hinh chép S.ABCD bing bao nhiéu? (két qua lam tron dén chit
s6 thap phan tha hai)
Loi giai

A B A H K B

Goi H, K 1an luot 1a hinh chiéu vudng goc cua D, C trén AB

AH =BK; CD=HK

= BK =1.
AH + HK + BK = AB

ABCD la hinh thang can = {

Tam giac BCK vuong tai K, co6 CK =\BC?-BK? =+/22-1° =/3..

AB+CD _ z4+6 .

Suy ra di¢n tich hinh thang ABCD la S,z = CK. > >

Goi N, P, Q lan lugt 14 giao diém cua (P) va cac canh SB, SC, SD.

MN NP PQ QM
AB BC CD AD 3

Vi (P) Il (ABCD) nén theo dinh 1i Talet, ta c6
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53

Khi d6 (P) cat hinh chép theo thiét dién MNPQ ¢6 dién tich Syypq =K?.Spep = 5 ° 0,96.

Cau5: Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh bing a, tam gidc SAB déu,
SC=SD= ax/é . Goi H,K lan luot 1a trung diém cua SA,SB. Goi M 1a mot diém trén canh
AD, mit phang (HKM ) cit BC tai N.Dit AM =x (0<x<a). Tim gié tri clia X d¢é dién tich
thiét diéen HKMN dat gi4 tri nho nhat.

Loi giai

Mit phang (HKM) va (ABCD) chira hai duong thang song song HK va AB nén giao tuyén
cua chung la MN cling song song véi HK va AB. Xét hai tam gidc HAM va KBN c¢o:

BN =AM ; BK = AH ; KBN = MAH nén AHAM = AKBN .

Tur @6 suy ra: MH = KN . MHKN 1a hinh thang can c6 hai ddy MN =a;HK = %.

Str dung dinh Iy ham s cos cho tam giac SAD ta tinh dugc cosHAD = —%.

1

2 2
Ta tinh duge: HM? = HA? + AM? — 2HA AM '(_Ej _a A+ 2ax

4

Puong cao cta hinh thang can dugc tinh bang cong thuc:

2
J”W‘(M) N

2

Do hai day c6 d6 dai khong ddi nén dién tich thiét dién bé nhat khi duong cao bé nhét dat khi
x=0

Ciu 6:  Cho hinh lap phuong ABCD.AB'C'D’ canh AB=4. Trén cac canh AA',B'C’,CD lan luot lay
cac diém M,N,P sao cho MA=NB'=PC =x (2<x<4). Khi thiét dién duoc tao bdi mat
phing (MNP) ct hinh 1dp phuong c6 dién tich bing 1143 thi gi4 tri X bing bao nhiéu?

Loi giai
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B’ N c’

A ///
% R

M
C
4
A S D
MA NB’ i 2 .
Ta c6 MA - NG = MN, AB’, AC’ thudc ba mit phang song song hay MN//(«) do chira

AB' va song songvsi AC' = (a)=(ABC).

II\\/I/I:’ = E_(I; = MP, AC,A'D thudc ba mit phing song song hay MP//( ) do chita AC

va AD= (f)=(ABC).

Lai co

MN //( AB'C)
Khi d6 { MP//(AB'C) = (MNP)//(AB'C).
MN ~ MP

(MNP)//(AB'C)
Ta lai ¢6: {(AA'B'B) " (AB'C) = AB'= (MNP)n(AABB)=d =d N AB' =Q.
M e (MNP)~ (AA'B'B)

Twong ty ta xac dinh dugc cac giao tuyén ctia mat phang (MNP) voi cac mat ABCD va BB'C'C
cua hinh 1ap phuong. Tir d6, thiét dién cta hinh 1ap phuong bi cét bdi mét phang (MNP) 1a luc
giac MQNRPS nhu hinh vé.

Tam gidc AB'C déu va (QM,QN)=(AB’,AC)=60°. Tir d6 d& thdy luc gidc MQNRPS c¢ tat

ca cac goc bang 120°.
Tam giac AMS vuodng can tai A nén MS = AM N2 =x42 va tuong ty PR=0QN = X2 .
Tam gidc AMQ vudng can tai A’ nén MQ = AM A2 = (4- X)\/E

Tuong ty ta c6: NR =SP = (4— X)\/E
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(MNP)//AC
(MNP) A (AA'C'C) = MR = MR//AC = MRCA 14 hinh binh hanh = MR = AC = 4/2.
AC — (AACC)

V2

) P

Smanres = Suigrs T 29wk = 4\/5'4\/25'5"1 00 + (4 - X)x/i.Xx/E.SiﬂlZOo =83+ \/5(4 — X)X .

x=1

ST =11\/§<:>(4—x)x:3<:{)(:3.

Déi chiéu diéu kién lay x =3.
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