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Dang 4: Hinh lang tru va hinh hoép

BAI TAP TU LUAN

Bai tap 1: Cho hinh lang try tam gidc ABC.AB'C'. Goi M va M’ lan luot 13 trung diém cua cac canh
BC va B'C'. Chitng minh rang
a) AA'//(BCC'B') b) AM // AM .

B
Loi gii
a) Trong hinh lang try ABC.A'B'C’ tac6 AA' // BB' va BB'<(BCC'B’) = AA'// (BCC'B').
b) Vi MM’ // BB',MM' =BB’ va BB’ // AA,BB'= AA' nén MM’ // AA,MM' = AA'.
Suy ra AMMA' 1a hinh binh hanh nén AM 7/ AM'.

Bai tp 2:a) Goi tén cac hinh lang try trong cac hinh sau day. .
b) Goi tén cac thanh phan cua hinh lang tru trong hinh dau tién.

A "’

Loi giai

a) Hinh a) 1a hinh lang try tam giac ABC.A'B'C’.

Hinh b) 1a hinh lang try t& gidc ABCD.A'B'C'D’.

Hinh c) 1a hinh lang tru ngii giac IBCJE.IB'CJE’.

b) Hinh lang tru tam giac ABC.A'B'C’ trong hinh a) co:
Hai mat day la cac tam giac ABC,A'B'C’.
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Sau dinh A B,C,A',B',C'.

Ba mit bén la cac hinh binh hanh AA'B'B,BB'C'C,CC'A’A.
Ba canh bén AA',BB’,CC'.

Bai tap 3: Cho hinh ling try tam giac ABC.A'B'C’ (hinh v& bén). Mot mit phing song song voi mit day
cua hinh lang tru cat cac canh bén ctia hinh lang tru lan luot tai A", B”,C". Chirng minh rang ABC.A"B"C"
1a hinh lang try.

Loi giai
Vi cac canh bén cta hinh lang tru ABC'A'B'C' d6i mot song song nén AA”",BB",CC" d6i mot
song song. Mit phang (ABC) song song v6i mit phang (A’B"C") nén ABC.A’B'C” 14 hinh

lang tru.

Bai tap 4: Hay liét ké cac cap mat ddi dién, cac cap canh ddi dién va cac cip dinh dbi dién ctia hinh hop
ABCD.AB'C'D'.

[

Loi gii
Trong hinh hgp ABCD.A'B'C'D’ ¢6

Ba cap mit ddi dién: (ABCD) va (A'B'C'D');(ABB'A') va (DCC'D');(ADD'A’) va (BCC'B').

Sau cap canh ddi dién: AB va D'C;BC va A'D’;CD va B'A";DA va C'B"; AA’ va CC";BB' va
DD'.
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Bébn cap dinh ddi dién: A va C:B va D;C va A:D va B'.

Bai tip 5: Ching minh rang bn dudng chéo ciia hinh hop cit nhau tai trung diém mdi duong.

Loi giai

Cho hinh hgp ABCD.A'B'C'D’ c6 cac duong chéo A'C;AC";BD’ va B'D. Tt giac ACC'A’ ¢b
AA //CC' va AA'=CC’ (tinh chat hinh hop) nén tir giac ACC'A’ 13 hinh binh hanh.

Goi | 1a giao diém ctia hai duong chéo AC' 'va A'C.Khi d6 | 1a trung diém ctia mdi duong
chéo AC’ va AC.

Twong tu, hai tir gidic AB'CD va BCD'A’ ciing la cac hinh binh hanh nén | 1a trung diém cua
B'D va BD'.

Vay cac dudng chéo cta hinh hop cit nhau tai trung diém mdi dudng.

Bai tip 6: Cho hinh hop ABCD.A'B'C'D’. Chimng minh (BDA') va (B'D'C) la céc mit phang song song

Loi giai

Taco BB’/ DD’ va BB'=DD’ suy ra BB'D'D 1a hinh binh hanh do d6 BD 7/ B'D’.
Tuong tu ta cling c6 A'B// D'C. Tir d6 suy ra (BDA') / (B'D'C).

Bai tap 7: Cho hinh hop ABCD.AB'C'D’ (hinh v& bén). Chirg minh rang cac duong chéo AC’,BD’,CA’

va DB’ cua hinh hop cang di qua trung diém ctia mdi dudng.
p gdiq g g
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B

Loi giai
bay ABCD cua hinh hgp 1a hinh binh hanh nén AD // BC va AD=BC.
Mat bén BCC'B’ cuia hinh hdp 1a hinh binh hanh nén BC /#/ B'C' va BC =B'C’.
Vay AD // B'C' va AD=B'C’ suy ra ADC'B’ 1a hinh binh hanh.
Tir d6 AC' va DB’ cat nhau tai trung diém ctia mdi duong.
Twong tw AC' va BD',AC’ va CA' ciing cit nhau tai trung diém cta mdi duong.
Vay bon duong chéo ciia hinh hop cung di qua trung diém ciua mdi duong.

Bai tap 8: B¢ 1am mot khung 16ng dén kéo quan hinh ling tru luc giac ABCDEF.A'B'C'D'E'F’. Binh gin
hai thanh tre AD,, F,C, song song v&i mat phang day va cit nhau tai O, (hinh bén dudi).
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a) Xéc dinh giao tuyén ctia mit phang (AD;, F,C,) v6i cac mit bén clia lang try.
b) Cho biét A’/A =6AA va AA' =70 cm, tinh CC, va CC'.

Loi giai

F' E'
a) Qua O, ké BC, song song véi mat phing day nhu hinh v&, khi g e
d6 ta c6:(AD,, F.C,) ~ (ABB'A') = AB, n b
(AD,,FC,)n(BCCB')=BC -] 0 -y
(AD,,FC,)n(CDD'C')=C,D,. o ______ (L
(AD,,FC,)(DEE'D') = DE AT P
N L
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(AD, FC,)n(EFFE) =EF,.

(A&Dl, FlCl) N (AFF’A’) =AF.

AA = 6AA AA =60
A’A_L+AA1:AA’:7O<:>{AAL:10.

Suy ra CC, = AA =10 cm va C.C’' = AA =60 cm.

b) Ta co {

Bai tap 8: Cho hinh hop ABCD.A'B'C'D’. Mot mit phing song song voi mat bén (ABB'A') ciia hinh hop
va cit cac canh AD,BC, A'D’,B'C’ lanluottai M, N, M’,N’. Khi d6 hiy chirng minh ring ABNMA'B'N'M’
1a hinh hop.

Loi giai

Vi mit phang (ABCD) cét hai mit phing song song (ABB'A"),(MNN'M’) theo hai giao tuyén

AB va MN = AB/ MN ma AM / BN nén ABNM 14 hinh hinh hanh.
Tuong tu ta cling 6 cac tir giac AB'N'M’, AAMN',BB'N'M’,MNN'M" 1a cac hinh binh hanh.

Vay ABNM.AB'N'M’ 1a hinh hop

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Cau 1:  Cho hinh ling try tam giac (xem hinh bén), chon khing dinh sai?

A. Céc canh bén song song véi nhau. B. Cac mat bén 1a céc hinh chir nhat.
C. Hai tam giac d4y bang nhau. D. Hai d¢ay ndm trén hai mat phang song song.
Loi giai
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A

A {-.'1’
Theo dinh nghia hinh lang try thi cdc mat bén 1a hinh binh hanh.
Viay khéng dinh "Cac mat bén la hinh chit nhat" 1a sai.

Cau2: Cho ling try ABCD.AB'C'D’ c¢6 hai day 1a cac hinh binh hanh. Cac diém M,N,P lan luot 1a
trung diém ctia canh AD,BC,CC’ (tham khéo hinh v&). Xét cac khang dinh sau:

A D’

a) Mt phang (MNP) cit canh AD'.
b) Mit phiang (MNP) cit canh DD’ tai trung diém cua DD'.
¢) Mit phang (MNP) song song vGi mat phang (ABC'D’) .

Trong céc khang dinh trén, s6 khang dinh dung la:
A. 4. B.3. C.2. D. 1.
Loi giai
Mit phing (MNP) cit DD’ tai trung diém Q cta DD'. Tl d6 thay rang ba khing dinh trong
dé bai déu dang.

Cau 3: Trong cac m¢nh déu sau, ménh dé nao sai?
A. Hai day cta hinh ling tru 13 hai da giac bang nhau.
B. Cic mit bén cia hinh lang try 13 cac hinh binh hanh bang nhau.
C. Céc canh bén ctia hinh lang try bang nhau va song song vi nhau.
D. Cac mat bén cuia hinh lang tru la cac hinh binh hanh.
Loi giai
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LD

Theo tinh chét cta hinh lang tru thi
Hai day cta hinh lang tru 13 hai da gidc bang nhau va nim trén hai mit phiang song song nhau.
Céc canh bén cta hinh ling tru bang nhau va song song véi nhau.
Cé4c mit bén cia hinh ling tru 13 cac hinh binh hanh nhung chua chic ching bang nhau.
Cau 4: Lang try tam giac c6 bao nhiéu mat?
A. 3. B. 9. C.5. D. 6.
Loi giai
Theo 1y thuyét.

Cau5: Cho hinh liang tru ABC.AB'C’. Goi 1,J,K lan luot 1a trong tdm cua cac tam giac ABC

ACC’, AB'C’ nhu hinh v&. Mt phing ndo sau ddy song song véi mit phang (1JK)?
A. (ABB). B. (ACC). C. (ABC'). D. (BB'C').

Loi giai

Duya vao quan hé song song ta c6 (1JK)//(BCC'B') suy ra (1JK)//(BB'C’).

Cau 6: Cho lang try ABC.AB'C’. Goi G,G’ 1an luot 14 trong tdm céc tam giac ABC va AB'C’,M 1a
diém trén canh AC sao cho AM =2MC . Ménh dé nio sau day sai?
A. GG'// (ABB'A).
B. GG'// (ACC'A).
C. Puodng thing MG’ cit mit phiang (BCC'B').
D. (MGG') /7 (BCC'B').

Loi giai
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Cau 7:

Cau 8:

Tacd GG' // AA' va MG // BC nén GG’ // (ACC'A’) la ménh dé
ding,

GG’ // (ABB'A’) 1a ménh dé ding,

(MGG') /7 (BCC'B') 1a ménh d¢ ding,

Puong thing MG’ cét mt phang (BCC'B’) 1a ménh dé sai.

B
Cho hinh 13p phuong ABCD.AB'C'D’. Goi | la trung diém ciia A'B’. Mit phang (1BD) cit
hinh hop theo thiét dién 14 hinh gi?

A. Hinh thang. B. Hinh chit nhat.
C. Tam giac. D. Hinh binh hanh.
Loi giai
B C
A ; ‘I J D
il 4
1 1
o
1 :, :“I- _____________ (,r
- - Jk : - - I
A D’

Goi J = AD'n(IBD). Ta c6 thiét dién ctia mit phang (IBD) va hinh hop 1a tir gidc 1IDB.
(ABCD)/ (A'B'C'D')

Mit khac < (1BD)n(A'B'C'D’)=1J = 1J // BD = IJDB la hinh thang.
(IBD)(ABCD)=BD

Cho hinh hgp ABCD- AB'C'D’. Goi | la trung diém ciia AB. Mit phang (IB'D’) cat hinh hop

theo thiét dién 1a

A. Tam giac. B. Hinh binh hanh.
C. Hinh chir nhat. D. Hinh thang.
Loi giai
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Cau 9:

Cau 10:

B'D'=(IB'D')
Taco {BD c (ABCD) nén giao tuyén cua (1B'D’) véi (ABCD) 1a duong thang IE qua | va
BD // B'D'

song song voi BD(E € AD).
Vi IE // B'D’ nén thiét dién 1a hinh thang IED'B'.

Cho hinh hop ABCD.A'B'C'D’ c¢6 cic canh bén AA,BB',CC’,DD’. Khing dinh nao duéi day

sai?

A. A'B'CD 1 hinh binh hanh, B. (AA'B'B)/ (DD'CC).
C. (BAD') /# (ADC'). D. BB'D'D 1a mét tr giéc.
Loi giai

Ta c6 BB'D'D la hinh binh hanh va AB'/CD va
A'B'=CD (clng song song va bang AB)nén A'B'CD la
hinh binh hanh.

Ta co
{AB //CD = AB // (DD'C'C)

= (AA'B'B) / (DD'C'C)
AA'// DD’ = AA'// (DD'C'C)

Taco (ADC') =(ADC'B'). Trong (AA'B'B), goi | 1a giao
diém cia A'B va AB'.

Khi d6 | 1a diém chung ctia (BA'D’) va (ADC’) do d6 (BA'D’) khong song song véi (ADC')

Cho hinh hop ABCD.A'B'C'D’. Goi O,0’ lan luot 14 tAm cua hai ddy ABCD va AB'C'D’. Ménh

deé nao sau day sai?

A. (BA'D")//(ADC'). B. (ABB') /7 (CDD’).
C. (ABO') # (OC'D’). D. (B'AC) / (DA'C).
Loi giai

Tacé (BA'D') # (ADC') 1a ménh dé sai.
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Cau 11: Cho hinh hop ABCD.A'B'C'D’. Mit phing (AB'D’) song song v6i mit phing nao sau day?
A. (BDC'). B. (BCA). C. (BDA). D. (ACC)

Loi giai

Mit phing (AB'D’) song song v6i mit phing (BDC').
That vay, tacé AB'// DC' va AD' // BC' ¢6 diéu can ching minh.

Cau 12: Cho hinh hop ABCD.A'B'C'D’. Mit phing (AB'D’) song song v6i mit phing nao sau day?
A. (BACY). B. (ACD). C. (BDA). D. (CBD).

Loi giai

A’ n’
Ta ¢c6 BDB'D’ 1a hinh binh hanh nén BD / B'D’.
Tuong tw ta c6 AD' / BC' nén tir d6 suy ra BD /#/ (AB'D’) va BC // (AB'D’).
Vay (AB'D') /# (C'BD).
Ciu 13: Cho hinh hop ABCD.A'B'C'D’. Goi (a) 1a mat phang di qua mot canh ctia hinh hop va cét hinh
hop theo thiét dién 1a mot tt giac T . Khang dinh nao sau day ding?

A. T 12 hinh thoi. B. T 1a hinh chit nhat.
C. T 14 hinh vuong. D. T 1a hinh binh hanh.
Loi giai
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Cau 14:

Cau 15:

B C

Al / D'

Gia st mit phang () di qua canh AB va cit hinh hop theo tir gidc T. Goi d 1a dudng thang
giao tuyén clia (@) va mdt phang (A'B'C'D’). Ta chimg minh dwoc AB// d suy ra ti giac T la
mot hinh binh hanh.

Cho hinh hop ABCD.A'B'C'D’. Hai diém M,N lan luot ndm trén hai canh AD,CC’ sao cho

1 1 g L . ,
AM = > AD, CN = ECC’. Thiét di¢n cua hinh hop cat boi mat phang chira duong thang MN

va song song v6i mit phiang (ACB') 1a

A. Hinh lyc giac. B. Hinh tam giac. C. Hinh ttr giac. D. Hinh ngii gic.
Loi giai

Goi mit phang chtra dudong thang MN va song song véi

mit phang (ACB') 1a («).

Giao tuyén ciia (@) v6i mat phang (ABCD) la duong
thang qua M va song song voi AC, dudng thang nay cat

CD tai P la trung diém CD.

Giao tuyén cia (@) véi mat phang (BCC'B') la duong

A nr

thang qua N va song song voi B'C , dudng thing nay cit B'C’ tai E la trung diém B'C'.

Giao tuyén cua (&) véi mit phang (A'B'C'D’) la dudng thang qua E va song song véi A'C,
duong thang nay cat AB’ tai F 1a trung diém A'B’.

Giao tuyén cua (@) voi mdt phang (ABB'A) 1a duong thing qua F va song song véi AB',
duong thang nay cit AA' tai G 14 trung diém AA'.

Do d6 MPNEFG 14 thiét dién can tim. Vay thiét dién 12 mot hinh luc giac.

Cho hinh hop ABCD.A'B'C'D’. Ménh dé nao sau déy 1a sai?

A. (BDD'B') // (ACC'A). B. (ABCD)// (AB'C'D').
C. (ABB'A") // (CDD'C). D. (AAD'D)/(BCCB').
Loi giai
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(ABCD)/# (AB'C'D')
Ta thdy {(AA'D'D) // (BCC'B’) ludn dung va hai mit phang (BDD'B'),( ACC'A') 1a cét nhau.
(ABB'AY) // (CDD'C')
Cau 16: Cho hinh hgp ABCD.AB'C'D’. Goi M 14 trung diém ctia AB, mit phang (MA'C') cit canh

BC tai N . Tinhtisb k = MN .
A'C’
A.kzl. B.kzl. C.kzz. D. k =1.
2 3 3
Loi giai
B N C
M | M\
A ; ‘
/ I '
.l|l : \\
' ,f"'if"'"":;;::’\(’
A D’

Ba mit phang phan biét (ABCD),(ACC'A’),(MA'C’') ddi mot cat nhau theo ba giao tuyén
AC,A'C' va MN . Theo tinh chat hinh hop ta c6 AC # A'C’ nén MN /# AC // A'C'.

Lai c6 M 14 trung diém cia AB nén MN la dudng trung binh trong tam gidc ABC .

Vivay MN =1AC=EA'C':>k= MN 21.
2 2 AC' 2

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.
Cau 1:  Cho hinh lang tru tam giac ABC.AB'C’. Goi E,F lan luot Ia trung diém cta cac canh AC va

A'B’. Xét tinh dung sai ciia cac khang dinh sau:

a) Néu goi M 1a trung diém ciia B'C’ thi FM =%A’C’

b) EF #/(BCC'B').

¢) Néu goi K 1a trung diém ctia AB thi tir gidic CC'FK 14 hinh thang vudng

b) Goi | =CF n(AC'B) thikhi d6 | 1a trung diém doan thing CF .

Loi giai
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a) Pung: Goi M 1a trung diém B'C’ taco FM la dudng trung binh ciia AA'B'C’ nén FM song
song va do dai bang nira doan A'C’.

b) Pung: Lai c6 E i trung diém AC, AC song song va bang A'C' nén EC song song va do dai
bang nira A'C'.

Suy ra FM song song va bang EC, nén CEFM 14 hinh binh hanh.

Do d6 EF song song v6i MC ma MC nam trong (BCC'B’) nén EF song song véi (BCC'B’)
¢) Sai: Goi K 1a trung diém AB, vi F 1a trung diém A'B’ va ABB'A’ 13 hinh binh hanh nén
FK song song va bang AA'. Do d6 FK song song va bang CC’, suy ra CC'FK 1a hinh binh
hanh.

d) Ding: Khi d6 goi | 1a giao diém cia CF va KC' thi | 1a trung diém CF .

Mit khac KC' < (AC'B) nén diém | xéc dinh nhu trén chinh la giao diém cua CF va (AC'B)
theo yéu cau dé bai.

Cho hinh hép ABCD.AB'C'D'. Goi G,G’ lan luot 1a giao diém cia BD' véi cic mit phang
(ACB') va (A'C'D). Xét tinh dung sai cua cac khang dinh sau:

a) (ACB') # (A'C'D).

b) Diém G va G’ 1a giao diém cua BD' véi céc mit phang (ACB') va (A'CD).

¢) Hai diém G,G’ 1an luot 1a trong tAm cta hai tam giac ACB’ va ACD.

d) BG=GG'=D'G’

Loi giai
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Cau 3:

Tw van huwéng nghiép cho hoc sinh bing phéin tich nhan twéng hoc — xem chi tay — tir vi

a) Pung: Ta ¢c6 ACC'A’ la hinh binh hanh nén
AC // AC' ma AC'c(AC'D)= AC/(A'CD)

Lai ¢6 AB'CD la hinh binh hanh nén B'C # AD ma
ADc(ACD)= B'C/(ACD).

Mit khac: AC,B'C = (ACB’) va AC,B'C cét nhau
= (ACB') / (ACD).

b) Ping: Goi O va O 1an luot 1 tim cua ABCD va
ABCD'.

Trong (BDD'B’) goi G la giao diém ctiia BD' véi B'O va DO'.

Do B'O = (ACB'),DO’' = (A'C'D) nén diém G va G’ xéac dinh nhu trén chinh 12 giao diém cua
BD’ véi cac mit phang (ACB') va (A'CD).

¢) Ping: Goi | 1a giao diém cua BD' va B'D. Vi BDD'B’ 1a hinh binh hanh nén | 13 trung
diém cua BD' va BD.

Xét ABDB' ¢6 B'O va Bl 1a trung tuyén nén G 1 trong tim ABDB' = B'G = % BO.

Xét AACB' ¢ B'O 1 trung tuyén va B'G = % BO suy ra G la trong tam AACB’.

Mot cach tuong tu ta cling chung minh duge G 1a trong tam ABDD' va tir d6 suy ra G 1a trong
tam AA'CD.

d) Pung: Xét ABDG' ¢6 O la trung diém BD va OG # DG’ nén G la trung diém BG'.

Xét AB'D'G ¢6 O' 14 trung diém B'D’ va O'G’' // B'G nén G’ 1a trung diém D'G.

Tur do suyra BG=GG'=D'G’.

Cho hinh hép ABCD.AB'C'D'. Goi M,N,P,Q lan luot 1a trung diém cta cac canh BC, AA’
C'D’, AD'. Xét tinh diing sai ctia cac khang dinh sau:

a) NQ/# AD' va NQ = % AD' b) Tt gidc MNQC la hinh binh hanh
¢) MN / (ACD’) d) (MNP) 7 (ACD')
Loi giai
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Cau 4:

A
a) bung: Ta c6 NQ la duong trung binh cia AAA'D’ /
B '

nén NQ/ A'D" va NQ =%A'D'.

b) Pung: Ta ¢c6 M 1a trung diém BC,BC lai song

song va bang A'D’' nén MC song song va do dai

bang nita A'D’. Két hop véi két qua cdu (1) suy ra
MC song song va bang NQ.
Do d6 MNQC 14 hinh binh hanh.

[
—

¢) bung: Do MNQC 14 hinh binh hanh nén MN
song song v6i QC ma QC nam trong (ACD’) nén MN song song véi (ACD’).

d) Pung: Trudc tién ta s& chimg minh MOD'P 1 hinh binh hanh. That vay goi O 1a trung diém
AC thi suy ra MO 1a dudng trung binh cuia AABC.

Do d6 OM song song va c6 d dai bang nira doan AB .

Lai c6 P la trung diém C'D’ ma C'D’ song song va bang AB nén PD’ song song va do dai
bang nira doan AB.

Suy ra OM song song va bang PD’ do ¢ MOD'P 14 hinh binh hanh.

Tur d6 ta c6 MP song song véi D'O ma D'O « (ACD’) nén MP song song véi (ACD’).

Ta da ching minh duge MN song song (ACD').
Mat khac MP, MN nam trong (MNP) va MP,MN cit nhau.
Vay (MNP) song song v6i (ACD').

Cho hinh hop ABCD.AB'C'D’. Goi G va G’ lan luot 13 trong tim ctia AB'D'A va ABDC'. Xét
tinh diing sai clia cdc khang dinh sau:

a) Puong thang A'Q di qua trong tdm cila tam giac ABDC'

b) Puong thang CQ di qua trong tim ctia tam giac AB'D'A

CG" 2

cQ 3

¢)

d) AG=GG'=G'C = %A’C

Loi giai
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a) Sai: Goi 0,0’ va Q lan luot I tAm cac hinh binh hanh ABCD, AB'C'D’ va AAC'C
Vi G la trong tam tam giac AB'D'= A'Q diqua G

b) Sai: Vi G’ 1a trong tdm tam giac BDC' = CQ di qua G’

Do d6 AC qua G va G’

c)Dﬁng:Laic():£=g:>£=1:>A’G:EA'C;:>§=1:>CG’=EA'C
AQ 3 AC 3 3 AC 3 3
HET.
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