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(ﬁ VECTO

[

Cau32: Cho hai hinh binh hanh ABCD vaAB'C'D'cé chung dinhA. Chang minh ring

BB+CC +D'D=0
Loi giai

Theo quy tac trir va quy tic hinh binh hanh ta ¢6

VT =(E§—AB’)+(AC’ —E)+(E—ADJ

:(ﬁ+ﬁ)—E+AC'—(AB' +AD')

= AC—AC+AC' - AC' =0=VP =DPCM

Vay B'B+CC'+D'D =0.

Ciu 33: Cho hinh thoi ABCD tdm O c¢6 canh bang 2a va ABC =120°. Goi G la trong tim tam giac
ABD, tinh d¢ dai ciia vecto BG+AD..
Loi giai

Céch 1.
Dung hinh binh hanh GBCE = BG +BC =BE .

Vi ABCD 4 hinh thoi = AD =BC..
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Ta co: \%+EH%+EHE\= BE .

{ABC =120°= ABD =60 = tam gidc ABD la tam giac déu.

AB=AD =2a
OA=0C = 2af=aJ§.
0G=toa= 23

3 3
GC:OG+OC=a—*3/§+aJ'=4af.

Tam giac ABD la tam gidc déu = BG L. AD ma AD / BC nén BG L BC.

GBCE 14 hinh binh hanh va BG L BC = GBCE 1a hinh chit nhit = BE =GC = 48;/5 .
Viy [86 + AD| - 4af |
Cach 2.

Goi H 1a trung diém ciia GC
Vi ABCD 4 hinh thoi = AD = BC.
Ta co: \E+EH%+@\ =\2W\ —2BH .

{ABC =120°= ABD =60° _ 1 gisc ABD, BCD 14 hai tam gidc déu.

AB = AD = 2a
Ta ¢6 OC=2a£/§=aJ§, OH =%OC=¥, OB=a.

— BH =+/OB? +OH’ =#.

29 | Ths. L& Viét —- THPT Thing Long, Ha N§i — Phone: 0835221183 - On thi cam két diém s6



Trung tam BDVH Unix Thang Long — Fanpage: https://www.facebook.com/unixthanglong/
| [0 website: onthivip.com | [1 Kénh Youtube: UnixTL[] CSKH (zalo): 081.234.2211

4a+f3
-

Vay ‘%+E‘ =

Cau 34: Cho tam giac ABCvuong tai 4 co duong cao AH vé6i HeBC, AB=3, AC =4.Tinh
=\W+E\ v6i M 1a trung diém AC .

5 V163 5 V263 c, V163 o V63
10 5 5 5
Léi gidi
A
M
C
B H K

+) Ap dung dinh li Py-ta-go cho AABC: BC =5.
Ap dung hé thire lugng cho AABC : AB? = BH.BC = BH =§; AC?=HC.BC = HC = ?;

AH.BC = AB.AC = AH =%.
+) T =|MH + AB|=T? = MH? + 2MH .AB + AB”.

+) MH.AB = (MK + KH )( AH + HB) = MK.AH + MK HE + KH.AH + KH.HB

o MK.AH = MK.AH.cos0° = X AH.AH =+ 144 _ 72
2 2'25 25
e MK.HB=0
e KH.AH =0
o KH.HB = KH.HB.cos0’ = KH.HB =t HC.HB =29 _ 72
2 55 25
Tu: T2 =22 +2. (72 72) +32 = 613 =T _ V613
25 25 5
Céu 35: Cho tam giac déu ABC canh @, duong cao AH. Dung vecto U= AH —-CA+CB. pg dai cua
U bang
C
H
a
A a B
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aVi3 o a3 L a3
8 16 -2
Loi giai

A

B.

a13‘
.

Chon D

Taco U=AH —CA+CB=AH +CB—CA=AH + AB = AK , véi K 14 dinh caa hinh binh hanh
AHKB. Khi do, GHR\: AK.

a3

Goi M la trung diém ciia HB . Tam gidc déu ABC c6 AH = va HB:%,Suy ra HM :%-

2 2
Tirdo || = AK =2AM =2./AH? + HM? =2, 3%{‘—6:#-.

Cau 36: Cho hinh vuéng ABCD canh a. D6 dai ctia vecto AB+ AC la:

A # B. 2a;/§_ C. a2 D. aV5.
Loi giai
Chgn D
A a B
§
D C

Goi | 1a trung diém caa BC. Theo quy tic trung diém, ta c6: AB+ AC =2Al .
2

Xét tam gige vuong ABI : Al =AB? +BI” = [a’ +% =¥.

Suy ra ‘Zﬁ‘ =a/5. Hay ‘ﬁ+ﬁ‘ —a\5.

Cau 37: Chobaluc El = MA, Ez = MB, E3 =MC cung tac dong vao mot vat tai diém M va vat ding yén.
Cho biét cuong do cua F,,F, déu bing 100N va géc AMB=90°. Khi d6 x4c dinh phuong

huong, cuong d6 cua luyc F; .
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A

Lai gidi

A

U

Cc o—

Taco: F,+F, =MA+MB =MD (Dladinh thir 4 ciia hinh binh hanh MADB)
Do vat dung yén nén

F+F+F=0=F =~(F+F,) = |F|=|~(F +F)|=|F +F|= MD=100/2N

Vay ‘Eg‘ =100~/2N cung phuong va nguge huéng véi MD.

Cau 38: Cho hinh thoi ABCD c¢6 AC =5 va BD =7. Tinh \FA+ ﬁi\

A [CA+DB|=12.  B.|CA+DB|=\74. C.|CA+ DB‘ D. |CA+DB|=2+74.
Loi giai

Chon B

A

7 \\
M ey
N \

B \“ )

. 0

///
N
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Cau 39:

Cau 40:

Cau 41:

Goi O=ACNBD.

Taco CA+DB =20A+20B = 2(OA+0B) = 2.20M =40M voi M 1a trung diém AB

2 2
Khi do: [CA+ DE| = 4|OM|=40M =4%AB=2\/OA2+OBZ =2 /(gj +(9 =74,

Cho hai tam giac ABC va A'B'C’' c6 trong tdm lan luot & Gva G'. Chang minh rang:
AA'+BB'+CC'=3GG'

Loi giai
a) Ta co: AA'=AG+GG'+G'A’
BB'=BG+GG'+G'B'

_ s —s  —

CC'=CG+GG'+G'C’

:»?A+?B'+TC'=3GT3'+(E+%+@)+(G'A'+G'B'+G'C')=3GG'

Cho tam gidc ABC va diém | thoa man 2IA+51B =O. Ching minh ring: CI = %c?mgﬁ |
Lo gidi

Ta co:

A+ 5T6 =5

@2(@—&)+5(@—a):0
< 7CI = 2CA+5CB
& Cl=2CA+2CB

7 7

Vay CI _2CA+2CB.
7 7

Cho hinh binh hanh ABCD ¢6 M 1a trung diém DC, G 1a trong tdm tam gidc ABC . Goi H
thuoc tia déi cia tia BC. Biét G, H, M thing hang. Tinh :_g.

A 2. B. 1. C. % D.

w|N

Lai gidi

33| Ths. Lé Viét — THPT Thing Long, Ha Ni — Phone: 0835221183 - On thi cam két diém sé



Trung tam BDVH Unix Thang Long — Fanpage: https://www.facebook.com/unixthanglong/
| [0 website: onthivip.com | [1 Kénh Youtube: UnixTL[] CSKH (zalo): 081.234.2211

Cau 42:

Cau 43:

Goi BH = xBC .

+) MG =MD +DG == CD+2 DB = > CD -+~ (CB—CD) = = CB-~CD.
2 3 2 3 3 6

) GH =GB+ BH = L D + xBC = 1 G5~ CD +4BC - %—x]a}é—%@

ViBa diém M, G, H thing hang nén GH, MG cung phuong

r 1 1
<:>3 = 3<:>3 :2<:>1—:1::é<:>:c:—1
2 1 2 303
3 6 3
HC
Vay — =2
ayHB

Cho hinh thoi ABCD c6 d¢ dai canh bang 2a, goc ABC=60°. Goi M 1a trung diém cua BC.
N 14 diém thoa man 2MN = AD — AB . D0 dai vecto NA bang

A av3. B.a_‘f. C. 2a+/3. D. a.
Loi gidi
Chon A
A
B D
M\/N
C

Ta c6 2W=E—E@2W=@@W=%ﬁ.

Mat khac M 1a trung diém caa BC nén N la trung diém ciia CD .
Vi ABCD 14 hinh thoi canh 2a, ABC =60° nén tam giac ABC la tam giac déu. Suy ra tam giac
ACD 1a tam giac déu canh 2a.
Khi d6 AN 1a dudng trung tuyén trong tam giac déu canh 2a nén AN =a+/3.
Vay [NA|= AN =a+3.
Cho hinh vudéng ABCD c¢6 canh bing 1. D¢ dai cia véc-to G =3AC —7AB la
A. |a|=5. B. [u|=12v2-7.  C.|u[=17. D. |u|=13.
Loi giai
Chon A

Ta ¢ U=3A_c'—7ﬁa'=3(ﬂ3'+%)—7ﬂ3'=3ﬁ—4ﬁ
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Ny (ﬁ_mf —9BC’ —24BC.AB+16AB" .

Vi ABCD Ia hinh vudng c6 canh bing 1 suy ra BC.AB=0 va BC =AB  =1.

Vay 2 =25=|d|=5.

Cau 44: Cho tam giac ABC, D 1a diém thuoc canh BC sao cho DC =2DB. Biét AD =mAB+nAC .

, m
Tinh —
n
A
c
> B
Loi giai
A
C
E D B

Goi E 1a trung diém caa DC . Khi @6 D 1a trung diém cua BD.
Ta co: E:1E+1NE’;:1E(A—C+m)+lﬁzlﬁ+lﬁ+iﬁg
2 2 22 2 4 4 2

3ap-1acilas = AD-1Ac.2aB
4 4 2 3 3

Cau 45: Cho hinh vuéng ABCD, Goi | 1a trung diém ciia doan CD, J i giao diém cua AC va BI .
Phén tich 1J theo hai vecto AB va AC .

Loi giai
4 B
J
D I C
: . . A . JC 1 1
Do hai tam giac JIC va JBA dong dang nén: — =—===JA=2JC.
JA AB 2

Do d6 ﬁ:—%ﬁ.
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Ta ¢6 ﬁ:ﬁ+ﬁ=%ﬁ§-%?¢'.

CAu 46: Cho hinh chit nhat ABCD. Goi M, N lan luot 13 hai diém nam trén hai canh AB va CD sao
cho AM =2BM, CD = 2CN . Giasir BN = a.BA + b.BC va MN = c.BA + d.BC. Tinh tdng
S=a+b+c+d?

A.S:E. E.Szg. C.S:Z. D.SZE.
2 3 6 3
Loi giai
B M A
C N D

Ta co:
_ = 1l — 11— 11— —— 1
+)BN:BC+CN:BC+ECD:BC+EBA:§BA+BC :azz;bzl.

2.

+)MN = MA + AN =<BA+ = (AC+AD )_ Eﬁﬁ(ﬁu
3 2 3 2

D)
255 154, 5c - Loy
6

- —BA+1( iA’+2ﬁ)— 284 1BA+BC-1BA+BC —c=
3 2 3 2 6

Vay S:1+1+1+1z§
2 6 3

Ciu 47: Cho tam giac ABC.Goi D, E lan luot 1a cac diém thoa man: BD = %ﬁ , AE = %A—C Goi BE

cit AD tai K. Tis AR bang
AD

A2 B. > c. 2 D. >
=13 11 11 13
Léi giai
A
E
B D C

Vi E:%E:ﬁ:%ﬁ+%ﬁ(1).

Gia str R:x.ﬁzﬁzx.@ﬂl—x).ﬁ.
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Ma ﬁ:%ﬁ nén W:%R+(1_x).ﬁ.
Vi B, K, E thang hang (B khong tring E ) nén c6 m sao cho BK =m.BE.

Do d6 ta co: <X BC +(1-x).BA="BC+"BA . Hay [ M -3*|BC+[ 3™, x-1|BA=0.
4 4 4 4 4 4

m  3X 12
Do BC, BA khong cung phuong nén ta co: 4 4 & .
3m 4
—+Xx-1=0 X=—
4 13
vay PK_ 4
AD 13

Céu 48: Cho tam giac ABC . Ba diém M,N,P thoa méin
MB + 2MA = 6, NA+NC = 6, 4BP+BC=0. G la trong tdm tam gidc MNP . Phan tich vecto
AG theo hai vecto a=AB, b=AC ta dugc AG =xa+ yb . Téng x+y bing

A.E. B.g. C.E. D.E.
13 11 11 — 18
Loi giai
Ta co:

muw\:é@ﬁ_m_zm:a@m:%ﬁﬂaym:%a.

. S 1
NA+NC:O©—AN+AC—AN:0<:>AN:§AC.Hay AN:Eb.

. e e B 1. . 5. 1-
4BP+BC=0<:>4(AP—AB)+AC—AB=O<:>AP=ZAB—ZAC.Hay AP=Za—Zb.

Mat khac, do G 1a trong tdm tam giac MNP nén ta co AG = %(m + AN + ﬁ) .

Suy ra AG=ailp ox=2 y=i.
36 12 36 12
11

Vay x+y=—.

ay y 18

Cau 49: Cho hinh binh hanh ABCD. Ba diém M,N,P thoa man
MA+3MB = 6, 2NB +3NC = 6, PM +2PN =0. Phan tich vecto AP theo hai vecto

a=AB,b=BD ta duocC
— 39- 21- — 9- 2- — 49- 2 - — 79— 2-

A. AP=—a+—b. B. AP=—a+—b. C. AP=—a+—b. D. AP=—a+—-b.
60 60 15 15 52 52 - 60 5

Léi giai
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Cau 50:

Taco BD=AD-AB=AC+CD-AB=AC-2AB=AC-2a=b=AC=2a+b.

m+3m=6©—m+3<ﬁ—m):6©mzzAB:Za

2N +3NC =0 <> 2( AB— AN ) +3(AC — AN =0 e AN = 2 AB+ 2 AC = 24+ > (2a+b)
o AN=2a+3b.
S 5
W+2W:6@m—ﬁu(m—ﬁ):G@ﬁzlmﬁmzlféﬁ(géﬁﬁ]
3 3 34 3\5 5
o AP=La. 25,
60 S

Vay AP=a+2p.
60 5

Cho tam giac ABC. Goi | 14 trung diém cua BC va G 1a trong tAm ctia tam giac ABC . Ménh
dé nao duéi day 1a dang?
A AC-ZAI+BG. B AC-ZAI+BG. C AC->AI-BG. D.AC-ZAI-BG.

L i gidi

Vi | la trung diém cua BC nén N:%(E+A—C)

Goi J 1a trung diém cua AC :ﬁ=%(ﬁ+%).

Suy ra AT +BJ =2 (AB + AC )+~ (BA+ BC) =2 (AB + BA)+(AC +BC).

:>H+ﬁ:i(ﬁ+ﬁ+ﬁ):1(zﬁ+%+@):1(2FC+%—3NJ.
2 2 2 3

AT +3BG-L(2AC+BG_2Al | AC-AT+2AT+3BG_1BG.
2 2 3 3 2 2
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:A—czgmm

Cau51: Cho to giac ABCD. Piém M thudc canh AB, diém N thuoc canh CD va thoa min

% = % = 4. Khing dinh nao sau day la dang khi phan tich MN theo hai vecto AD va BC
?

A MN=—AD+2BC. B. MN =~ AD-~2BC.
5 5 5 5

c. MN=-1A5+38¢C. 0. MN-1AD-38C.
4 4 4 4
Loi giai
C
4 D
a2 " R o . . MA ND .
Vidiém M thuoc doan AB, N thuoc doan CD va thoa man WZE:‘l nén suy ra

MA=-4MB hay MA+4MB =0 va DN =—4CN hay DN +4CN =0.
Tacod

MN = MA+ AD + DN _

MN = MB +BC +CN < 4MN = 4MB + 4BC + 4CN .

Cong va vé theo vé ta dugc
SW:(W+4W)+E+4E+(W+4C—N)

<5MN =0+ AD+4BC +0

1 44—

< MN =-AD +—-BC.
5 5

Vay MN _1ap+2BC.
5 5

Cau 52: Cho hinh binh hanh ABCD. Goi M,N lan lugt 1a hai diém nam trén hai canh AB va CD sao
cho AB=3AM, CD=2CN va G la trong tam tam giac MNB . Phan tich cac vecto AG qua cac
vécto AB va AC ta duoc két qua AG =mAB +nAC , hdy chon dép &n ding?

A.m—nz—%.. B.m—n:—%.. C.m—n:—%.. D.m—n:%.

Léi giai
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A
M B

D N C

Do G la trong tdm tam giac MNB nén ta co:

3E:m+ﬁ+m:%E+E+E+m:gﬁ+ﬁ—%ﬁzgﬁ+ﬁ.
Suy ra AG = > AB+ZAC va mzi,nzlzm—n:—i.
18 3 18 3 18

Cau 53: Cho AABC. Goi | 1a diém trén canh BC sao cho 2Cl =3Bl va J 1a diém trén BC kéo dai sao
cho 5JB=2JC . Goi G 1a trong tam ciia AABC . Hiy phan tich véc to AG theo hai véc to Al
va AJ.

Lot giai

J B | M C

Goi M 1a trung diém cua BC . Theo tinh chét trong tdm cua tam giac ta co

AG =2 AM =2 > (A8 + AC) =< (AB + AC) (1)

Theo gia thiét ta co:

2CI = 3Bl < 2( Al - AC) = -3( Al — AB) < 3AB +2AC =5Al (2).
5JB =2JC < 5(AB— AJ)=2(AC—AJ) < 5AB—-2AC =3AJ (3).

Tu (2) va (3) taco hé
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3AB +2AC =5Al AB:gA”_AJ — — 35— 33—
:>AB+AC:EAI—EAJ (4).

. - _ =
5AB-2AC =3AJ AP 23

= 35 1=
Thay (4) vao (1) tad == AI-—AJ .
ay (4) vao (1) ta dugc AG T

Cau 54: Cho tam giac ABC c6 G la trong tam. Goi M va N la cac diém lan lugt thoa man
MA+3MB=0, AN =kAC , keR. Tim k débadiém M,N,G thing hang.
Loi giai

Tacoé MA+3MB =0
@G—A—G—M+3(@—G—M)=6
@G—M=%§A+%@.

Laico AN =kAC
@G—N—G—A=k(E—CTA)
@GWz(l—k)@+ kGC
@@z(l—k)aﬁwk(—@—@)
< GN =(1-2k)GA-KGB.

Ba diém M,N,G thing hang khi va chi khi GN va GM cung phuong.

1-2k -k 3
Suy ra 1 = ? P k = g
4 4
Cach 2:

Néu k=0 thi N =A. Khi d6 ba diém M, G, N khong thang hang. Suy ra k #0.

Taco AG ==(AB+AC)=Z SAM += AN | == AM + = AN
3 3.3 k 9 3k
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Cau 55:

Cau 56:

Ba diém G, M, N thang hang khi va chi khi LI DI

9 3k 5
Cho tam giac ABC, M 1a diém thoa man 3MA+2MB =0. Trén cac canh AC,BC lay cac diém
P,Q sao cho CPMQ 14 hinh binh hanh. L4y diém N trén AQ sao cho aNA+bNQ =0. Khi ba
diém B, N, P thang hang thi a+b bang:
A 1. B. 19.. C. 1. D. 29.

Loi giai

Vi MP //BC,MQ / AC = AP _CQ_AM _ 2.
AC CB AB 5

Ta c6: AQ = AB+BQ = AB+~BC = AB+(AC~AB) =2 AB + S AC = A+~ AP.
5 S 5 5 5 2

Pt AN =x.AQ. Suy ra: mzéx.ﬁ?ﬁgx.ﬁ.

Do B,N, P thiang hang nén EX+§X=1<:>X=E:>m=EA—Q
5 2 19 19

Hay AN =%N—Q < 9NA+10NQ=0.Vay a+b=10+9=19.

Cho AABC. Tim tap hop diém M théa mén ding thirc: \3|\TA—2W+W\ = \W—I\TA\.
Loi giai
Taco: 3m_zm+m\:\m_m\@\sm_zm+m:\m\
Gia sir diém O thoa man 30A—20B+0C =0 <> 20A—20B+0A+0C =0 2BA+201 =0

(1 1a trung diém AC). 2BA+201 =0<> AB=0I . Vay, Ola dinh thit tu ctia hinh binh hanh
ABIO

Khi dé:

‘3W—ZW+W‘:‘ﬁ‘@‘3(m+@)—2(m+(ﬁ)+m+o—c‘:‘ﬁ‘

<:>‘3MO—2MO+MO‘ =\E\ @‘2%‘ =\E\ & MO =%AB
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Cau 57:

Cau 58:

Vay, tap hop diém M 1a dudng trong tim O béan kinh R = %

Cho t& giac ABCD, M 1a diém tuy y, K 1a diém thoa min dang thac:
3MA+MB+MC +MD = xMK , gia tri cia X la
A x=2. B. x=4. C. x=5. D. x=6.

Loi giai

D

Vi déng thirc 3MA+MB +MC +MD = xMK (1) xay ravéi moi M nén ding thirc dang khi M
trung K.

Khi do (1) tré thanh 3KA+KB+KC+KD=0 (2).

Goi G la trong tam cua tam giac BCD, ta co @+@+@=3@, véi moi diém K.

Tir (2), ta c6 3KA+3KG =0 KA+KG =0 suy ra K 1a trung diém AG.

Véi K la  trung diém cia  AG, ta c6: 3MA+MB+MC+MD
=3(W+ﬂ)+(m+@)+(m+ﬁ)+(m+ﬁ)
=6W+(3@+@+@+@):6W.

Vay x=6.

Cho tam giac ABC déu c6 canh bang 10. Biét tap hop cac diém M thoa man
‘m +5MB + 4W:’\ = ‘m ~5MB + 4M—C'\ 1a mot dudng tron. Hoi duong tron d6 c6 ban kinh bing

bao nhiéu?

A. 22, B. V19. C. 245. D. +/21.

Léi giai
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Cau 59:

A

D
Ta c6: |[MA-5MB +4MC|=|-5AB +4AC|=|BA+4BC|=|BK|=BK =10v21 véi K la diém
sao cho tt gidc ABDK 1a hinh binh hanh va D diém sao cho BD =4BC.

Goi | 1a diém sao cho IA+5IB+4IC =0, khi do ‘m+5m+4M—C‘:‘10W‘:1OMI .
Tur do: M_A'+5m+4m—c\:\M—A—5m+4M—c\@10Ml —10/21 <= MI =+/21.

Ttc tap hop céc diém M 1a mot duong tron tam | ban kinh bing +/21.

Cho hinh binh hanh ABCD c¢6 cac diém M, I, N lan luot thudc cac canh AB, BC, CD sao cho
3AM = AB, Bl =k.BC, 2CN =CD. Goi G la trong tdm cta tam giac BMN. Dinh k dé ba diém
A, G, | thang hang.

Loi giai

B I c
Do G la trong tdm cua tam giac BMN, nén co:

3mzﬁ+m+m@3m=m+%(ﬁ+m)+éﬁ

& 3AG =2 AB +2 AC+= BC < 3AG = = AB-+= AC +=(AC - AB)
3 2 2 3 2 2

. 1

< AG=—AB+-AC.
18 3

Theo dé: BI =kBC = BI =kBC <> Al — AB =k (AC - AB) < Al = (1-k) AB +kAC.
Badiém A, G, | thing hang <> Al =mAG (meR;m=0)

@(1_k)ﬁ+m=m[%ﬁ+§mj@(1_k)ﬁ+krczi_;”m+gm
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_om

=— m = 3k
18<:>

1-k
m
k=—
3 6
Cau 60: Cho tam gidc ABC . Goi M la diém thoa man MB—3MC =0, va G la trong tdm tam gidc ABC

Goi K 1a giao diém caa duong thang AC va MG . Tinh ti s6 %.

Léi gidi

bat ﬁ:x,x>O.Suyra ﬁ=L.
KC AC 1+x

Ta co: AM = A8 + B = AB + SBC = AB + S (AC - AB) = L AB + S AC
Suyra:W:W—W:LE_(_EEJrﬁEJZEE_ 3+X 4G
1+ X 27T )T (k)

Do G,K,M thing hang nén MG, MK cing phuong

5 7
<:>§:—6<:>5:7X+7<:>x:4:>ﬁ:4
1 3+X 3+ X KC

2 2(x+1)

Céu 61: Cho tam giac ABC. Goi O,G, H theo tht ty lan luot 14 tim dudng tron ngoai tiép, trong tam va

tryc tim tam giac ABC . Chtring minh rang OH =30G, tir d6 suy ra O,G, H thang hang.
Loi giai

Goi B' la diém ddi xang voi B qua O, tacé B'C LBC. Vi H truc tdim tam gidc ABC nén
AH 1 BC.Vay AH//B'C.

Chirg minh twong tu ta c6: CH//B'A

Vay AB'CH Ia hinh binh hanh.

— AH =B'C
Goi Dtrung diém BC — B'C=20D
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Cau 62:

Vay: AH =20D

Ta co:

OA—OH — AH = OF - 205 — OH — (OB +0C))

< OA+0B+0C =0OH «<30G =OH . Tir d6 suy ra O, G, H thing hang.

Cho tam giac ABC ¢6 O, G, H thu ty 1a tam duong tron ngoai tiép, trong tam, tryc tdm cua
tam giac. Khiang dinh nao sau day 1a sai?

A. HA+HB+HC =2HO. B. OA+OB+0C =0OH .
C.Badiém O, G, H khong thang hang. D. Ba diém O, G, H thang hang.
Loi giai
Chon C
A
C
B )

+Kéo dai AO cit (0) tai D.Suyra AD la dudng kinh, tir gide HBDC' 14 hinh binh hanh,
+ Goi I latrung diém BC =1 la trung diém HD .

*Ta co:

HA+HB +HC = HA+ HD = HA+ HA+ HD = 2HA+ 2A0 = 2(H7+E)= 2HO

= A dung.

* OA+ OB +OC — (OH + HA) + (OH + HB ) + (OH + HC )= 30H + (HA-+ HB + HC)

< 30H +2HO =OH

— B dung.

* Vi G 1a trong tAm tam gidc ABC nén ta c6 OA+OB+0C =30G
Ma OA+OB+0C =OH (cmt)

Suy ra O—H =30—G

= Badiém O, G, H thing hang.
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Cau 63:

Cau 64:

Cho tam gidc ABC co trong tim G, dudng cao AH . Biét BH =%ﬁ va diém M nim trén

duong thang BC sao cho ‘M—A+@‘ dat gia tri nho nhét. Khi d6 ta c6 AM =aAB+bAC . Khi

d6 ménh dé nao sau day la ding
A. b=8a B. a=8b. C. a=6b. D. b=6a.
Loi giai

Dung hinh binh hanh AGCE , ta c6 MA+GC = MA+ AE = ME = \M—A+E\ = ME.

Goi F 1a hinh chiéu cua E 1én BC, suy ra E,F ¢ dinh. Ta c6 ME > EF , dau bang xay ra khi
M = F Vay Min(\l\TA+&\)= EF < M=F.

Khi M =F: Goi P la trung diém cuia AC, Q 1a hinh chiéu caa P 1én BC.

BQ_BP _3_ g

Ta co Q la trung diém cua CH ; -~ _° 5 BF=-BQ.
Q < BF BE 4 3 Q

Co m=%E=>BH =HQ=QC,suyra ﬁ:%@:%ﬁ.

Taco BF = JBC <> AF — AB = o (AC — AB) & AF = S AC +< AB
9 9 9 9
8

— g— 1— |*T9
Viy AM =—AC+=-AB= =a=8b.

9 9 1

b==

9

Cho tam gidgc ABC ¢ BC=3a_ Goi M la diém thoa man [3MA+ 2MB — 2MC|=|MB - MC].
D¢ dai nhé nhét cua vecto BM —BA bang
A a. B. 3a. C. +3a. D. 2a.

Loi giai
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Goi O 1a diém thoa man: 30A+20B —20C =0.

Khi do: 3ﬁ+z@_z&:6@3ﬁ+z@:6@&\:§ﬁ

Ta x4c dinh duogc diém O cb dinh théa OA = %ﬁ ,suy ra: OA=2a
Mt khac: [3MA + 2MB — 2MC| =|MB - MC]|
< [BMG +30A+ 208 - 20C1 =[CB  [MG] - 2 Icl

Suy ra: MO=a.
Do d6 tap hop cac diém M thoa dé bai 1a duong tron tim O, ban kinh bang a.
Khi d6: [BM —BAl=|AM|= AM nhé nhét khi O, M, A thing hang va M ndm giira O, A.

Vay AM =OA-MO =a.
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